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Preface 


This  study  in  Wittgenstein's  Tractatus  is  substantially  as  it 
was  written  in  1933.  By  the  time  I  had  finished  my  study,  the 
importance  of  the  Tractatus  in  philosophical  circles  was  on 
the  wane,  probably  because  of  Wittgenstein's  deprecating  atti- 
tude toward  his  own  book.  But  the  recent  revival  of  interest 
in  the  Tractatus  leads  me  now  to  think  that  the  essay  may  be 
of  interest  to  contemporary  philosophers,  and  so  I  have  de- 
cided to  publish  it. 

Strangely,  no  book  in  English  dealt  exclusively  with  the 
Tractatus  until  1959,  when  Miss  G.  E.  M.  Anscombe  brought 
out  her  Introduction  to  Wittgenstein's  Tractatus,  largely  con- 
cerned with  logical  details  of  the  Tractatus  and  especially 
valuable,  I  think,  because  it  shows  the  essential  connections 
of  Wittgenstein  with  Frege,  Russell,  and  Ramsey.  Another 
book,  Wittgenstein's  Tractatus,  by  E.  Stenius,  has  lately  been 
announced  for  publication,  and  there  are  rumors  of  still  others 
on  the  way.  It  is  unfortunate  that  Friedrich  Waismann,  who 
was  so  close  to  Wittgenstein  shortly  after  the  Tractatus  was 
finished,  has  not  published  his  book,  though  it  was  announced 
about  thirty  years  ago. 

My  study  was  written  very  largely  from  the  point  of  view 
of  logical  positivism,  a  view  I  no  longer  hold.  Quite  appro- 
priately, as  it  seems  to  me  now,  my  struggles  with  the  ob- 
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scurities  of  the  Tractatus  gradually  forced  me  to  reconsider 
many  of  my  own  philosophical  convictions  (some  of  which, 
previously,  I  had  not  even  been  aware  of),  and  by  the  time 
I  had  finished  writing  my  essay,  I  had  pretty  well  finished 
with  my  positivism  as  well.  I  climbed  through  it,  over  it,  and 
threw  away  the  ladder.  As  a  consequence  I  no  longer  agree 
with  everything  I  wrote  in  this  study,  especially  with  some 
of  my  criticisms  of  Wittgenstein.  I  thought  that  he  was  often 
backsliding  into  metaphysics,  which  is,  of  course,  a  mortal 
sin  for  a  positivist.  Taking  into  account  this  change  in  my 
philosophical  outlook,  I  am  inclined  to  think  that  a  thorough 
revision  of  my  essay  is  inadvisable.  However,  these  present 
disagreements  that  I  have  with  my  former  views  do  not  extend 
to  the  essentials  of  my  interpretation  of  the  Tractatus,  which 
I  still  consider  to  be  sound.  Hence,  I  have  decided  to  let  the 
study  stand,  save  for  a  very  few  changes,  practically  as  it  was 
written  in  1933. 

I  am  grateful  to  the  publishing  house  of  Routledge  and 
Kegan  Paul  for  permission  to  quote  from  the  1922  edition 
of  Wittgenstein's  Tractatus  Logico-Philosophicus,  and  to  the 
University  of  California  Press  for  painstaking  editing  of  my 
manuscript. 

Finally,  I  thank  my  wife  for  her  long  and  unfailing  pa- 
tience in  correcting  the  vagaries  of  my  English. 

Alexander  Maslow 

University  of  British  Columbia,  Vancouver 
August,  1959 


Introduction 


It  was  with  hesitation  that  I  undertook  an  exposition  of 
Ludwig  Wittgenstein's  Tractatus  Logico-Philosophicus,  and, 
after  two  years  of  effort,  I  find  with  a  grim  satisfaction  that 
my  presentiments  are  well  substantiated.  The  Tractatus  still 
remains  for  me  in  some  details  a  closed  book;  and,  while  I 
have  a  more  or  less  definite  opinion  of  the  fundamentals  of 
Wittgenstein's  view,  I  do  not  feel  confident  enough  to  assert 
that  my  interpretation  of  the  Tractatus  does  represent  accu- 
rately and  faithfully  Wittgenstein's  own  point  of  view.  I  do 
feel,  however,  that  in  essentials  I  have  caught  the  spirit  of 
the  book. 

The  most  formidable  obstacle  to  understanding  the  Trac- 
tatus lies,  as  can  be  seen  even  from  its  first  few  sentences,  in 
the  obscure  style  of  Wittgenstein's  presentation.  Although  the 
Tractatus  has  a  peculiar  poetic  charm,  its  terse,  cryptic, 
aphoristic  pronouncements  are  not  conducive  to  clear  under- 
standing. My  book  might  well  serve  as  an  outline  of  Wittgen- 
stein's view  for  those  who  have  already  been  initiated  into  it, 
but  it  can  hardly  be  considered  as  a  satisfactory  exposition 
for  the  novice.  Wittgenstein's  own  statement  in  his  Preface, 
that  'This  book  will  perhaps  only  be  understood  by  those 
who  have  themselves  already  thought  the  thoughts  which 
are  expressed  in  it',  although  probably  intended  to  refer  to 
the  intrinsic  difficulties  of  the  subject,  is  really  a  good,  even 
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if  not  intended,  comment  on  its  style.  The  difficulty  in  under- 
standing the  Tractatus  probably  lies  deeper  than  merely  its 
style  of  presentation.  It  may  be  due  to  an  unresolved  philo- 
sophical conflict  in  Wittgenstein  at  the  time  he  was  jotting 
down  his  ideas  during  his  service  with  the  Austrian  Army 
in  World  War  I.  On  the  flyleaf  of  Moritz  Schlick's  copy  of 
the  Tractatus  Wittgenstein  wrote,  'Jeder  dieser  Satze  ist  der 
Ausdruck  einer  Krankheit'  ('Every  one  of  these  proposi- 
tions is  the  expression  of  an  illness').  My  guess  is  that  this 
Krankheit  was  due,  at  least  on  the  philosophic  level,  to  the 
conflict  between  Wittgenstein's  growing  positivistic  convic- 
tions and  his  metaphysical  tendencies.  In  the  background  of 
his  pithy  pronouncements  one  hears  not  only  the  clear  voices 
of  Frege  and  Russell  but  the  muffled  voices  of  Kant,  Schopen- 
hauer, Plato,  and  even  St.  Augustine.  And  this  conflict  is 
reflected  even  in  Wittgenstein's  vocabulary. 

But  whatever  the  explanation,  the  fact  remains  that  the 
Tractatus  is  in  many  of  its  passages  so  obscure  that  it  would  be 
impossible,  I  believe,  to  gather  the  fundamentals  of  Wittgen- 
stein's view  without  some  help  from  people  who  have  been 
initiated  into  it  directly  by  the  author  himself.  Unfortunately, 
not  much  has  been  written  on  Wittgenstein  by  people  well 
acquainted  with  him.  My  main  sources  of  information  here 
were  Bertrand  Russell,  F.  P.  Ramsey,  and  Moritz  Schlick. 

Among  the  philosophical  writings  I  used  in  connection 
with  this  essay,  Russell's  works  naturally  play  a  predominant 
part.  Wittgenstein  was  a  pupil  of  Russell's,  and  Russell's 
influence  on  Wittgenstein,  we  may  conclude,  must  have  been 
very  great;  externally  this  is  substantiated  by  the  fact  that 
Russell  is  alluded  to  in  the  Tractatus  (unfortunately  mostly 
without  specific  references)  more  often  than  anyone  else.  In 
fact,  except  for  a  few  references  to  Frege,  Russell's  is  the 
only  name  that  appears  in  the  Tractatus  with  any  frequency. 
The  obvious  dependence  on  Russell  did  not,  however,  prevent 
Wittgenstein  from  severely  criticizing  his  teacher,  as  will  be 
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seen  in  my  third  chapter.  Since  Russell  has  influenced  me 
more  than  any  other  contemporary  philosopher,  my  inter- 
pretation of  the  Tractatus  has  probably  been  more  affected 
by  Russell  than  I  am  consciously  aware  of,  though  I  fre- 
quently disagree  with  him.  F.  P.  Ramsey's  writings  were  of 
help  in  clearing  up  some  details  of  the  Tractatus.  Many  de- 
tails of  my  exposition  of  the  Tractatus  are  derived  from  the 
lectures  of  and  discussions  with  Professor  Schlick,  and  I  have 
been  generally  strongly  influenced  by  Schlick's  logical  posi- 
tivism or,  as  he  himself  prefers  to  call  it,  consistent  empiri- 
cism. Yet  I  differ  considerably  from  Schlick  in  my  basic 
interpretation  of  the  philosophy  underlying  the  Tractatus. 
I  believe  that  the  Tractatus  is  much  more  metaphysical  than 
Schlick  considers  it  to  be. 

In  current  philosophic  literature  references  to  Wittgenstein 
are  frequent  but  incidental.  The  only  articles  so  far  [1933] 
published  in  English  on  Wittgenstein  which  are  worth  men- 
tioning in  this  connection  are:  Professor  Schlick's  article  in 
the  Proceedings  of  the  Seventh  International  Congress  of  Phi- 
losophy, and  his  articles  in  the  College  of  the  Pacific  Publica- 
tions in  Philosophy;  and  'Logical  Positivism'  by  A.  E.  Blum- 
berg  and  H.  Feigl  in  the  Journal  of  Philosophy,  May  21,  1931. 
Wittgenstein  himself  since  the  appearance  of  the  Tractatus 
has  published  only  one  short  article,  'Some  Remarks  on  Logi- 
cal Form',  in  the  Aristotelian  Society  Supplementary  Volume 
IX,  1929.  The  promised  book  on  Wittgenstein  by  Friedrich 
Waismann  is  long  overdue. 

Though  I  have  used  Russell,  Ramsey,  and  Schlick  ex- 
tensively, I  do  not  attempt  to  draw  explicit  connections  be- 
tween their  views  and  those  of  Wittgenstein,  except  occa- 
sionally in  the  case  of  Russell.  Since  my  purpose  in  writing 
this  book  is  merely  to  make  a  sensible  and,  so  far  as  I  can, 
consistent  interpretation  of  the  Tractatus,  I  have  adopted 
Wittgenstein's  attitude:  'How  far  my  efforts  agree  with  those 
of  other  philosophers  I  will  not  decide.  Indeed  what  I  have 


Xll  INTRODUCTION 

here  written  makes  no  claim  to  novelty  in  points  of  detail; 
and  therefore  I  give  no  sources,  because  it  is  indifferent  to  me 
whether  what  I  have  thought  has  already  been  thought  before 
me  by  another'  {Tractatus,  Preface).  It  would,  of  course,  be 
possible  to  show  some  parallels  and  many  contrasts  between 
the  views  of  Wittgenstein  and  those  of  many  other  philoso- 
phers, but  I  have  usually  avoided  doing  this.  Whenever  I 
quote  from  or  refer  to  other  philosophers  I  do  so  merely  as 
a  device  of  exposition,  namely,  to  bring  out  some  vague 
feature  of  the  topic  under  discussion  by  appealing  to  the  fa- 
miliar views  of  well-known  philosophers.  I  do  not  intend  to 
impute  to  Wittgenstein  the  views  of  the  authors  quoted,  but 
I  use  the  quotations  merely  as  rhetorical  illuminations  unless, 
of  course,  I  have  otherwise  indicated.  My  main  purpose  here 
is  to  understand  Wittgenstein,  and  I  find  that  to  be  a  suffi- 
ciently difficult  task  without  lengthy  comparisons  with  other 
philosophers. 

I  am  making  a  rather  free  interpretation  of  the  Tractatus, 
and  I  do  not  attempt  to  separate  sharply  the  strictly  exposi- 
tory part  of  my  work  from  the  interpretational  and  even  the 
commentatorial.  I  am  merely  trying  to  make  intelligible  what 
I  feel  to  be  important  in  the  views  embodied  in  the  Tractatus. 
I  do  not  always  follow  the  order  of  the  Tractatus  or  give 
the  same  relative  weight  to  the  topics  as  in  Wittgenstein's  own 
presentation.  Some  important  topics  of  the  book  I  merely 
touch  upon,  and  I  have  almost  entirely  omitted  some  of  the 
most  important  topics,  such  as  the  foundations  of  mathe- 
matics. The  Tractatus  is  so  condensed  that  to  give  an  ade- 
quate treatment  to  all  the  subjects  it  deals  with  would  require 
volumes,  and  more  thorough  acquaintance  with  Wittgenstein's 
view  than  I  can  claim.  On  the  whole  what  I  try  to  do  in  my 
book  is  this:  Out  of  the  enigmatic  text  I  have  attempted  to 
construct  a  reasonable  account  of  the  philosophical  essentials 
of  Wittgenstein's  view  in  the  Tractatus;  in  places  I  criticize 
and  even  reject  some  details  of  his  view  as  I  understand  it. 
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It  is,  of  course,  quite  likely  that  in  my  criticism  I  am  often 
fighting  a  straw  man,  and  that  my  final  interpretation  would 
not  suit  the  author  of  the  Tractatus. 

The  obscure  style  of  the  Tractatus  opens  possibilities  for 
numerous  interpretations.  In  the  original  process  of  trying 
to  understand  the  Tractatus,  I  made  several  starts  but  found 
none  of  them  entirely  satisfactory.  Sooner  or  later  a  chosen 
line  of  approach  led  into  what  seemed  to  be  a  blind  alley, 
and  I  had  to  start  anew.  My  final  choice  is  not  entirely  satis- 
factory, for  it  leaves  some  parts  of  the  book  still  unintelligible 
or  self-contradictory.  But  the  view  I  present  in  this  essay  is 
the  best  of  the  alternatives  I  have  been  able  to  find  so  far. 
I  feel  that  finding  the  right  initial  approach  to  the  Tractatus 
is  the  most  important  and  difficult  task  of  my  whole  enter- 
prise. It  cannot  be  attained  merely  by  an  orderly  process  of 
analyzing  the  book  in  detail,  but  must  be  arrived  at  by  some- 
thing like  an  intuitive  grasp  of  the  underlying  motive  of  the 
author.  I  feel  that,  if  one  could  only,  to  use  a  metaphor, 
strike  the  right  key  from  the  beginning  and  give  the  proper 
meanings  to  Wittgenstein's  essential  terms,  such  as  atomic 
fact,  object,  and  form,  one  could  go  on  without  much  trouble 
into  the  rest  of  this  syncopated  philosophical  composition. 
To  use  another  metaphor  (Wittgenstein  himself  was  very  fond 
of  metaphors),  the  Tractatus  at  first  approach  is  like  a  picture 
puzzle,  which  presents  the  problem  of  finding  the  point  of 
view  from  which  hidden  figures  can  be  seen  in  the  chaotic 
conglomeration  of  shapes  and  colors.  Perhaps  by  my  efforts 
at  solving  the  puzzle  I  have  discovered  figures  not  intended 
by  the  author  himself!  But  metaphors  apart,  after  several 
trials,  and  taking  the  cue  from  Russell's  Introduction  to  the 
Tractatus,  I  have  chosen  to  interpret  the  book  as  an  inquiry 
into  the  formal  aspects  of  the  means  of  knowledge,  that  is, 
into  language  or  symbolism  in  general.  But  I  have  expanded 
the  meaning  and  scope  of  language  as  universal  symbolism 
so  that  in  my  interpretation  of  the  Tractatus  the  basic  phi- 
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losophy  underlying  it  has  become  a  kind  of  Kantian  phe- 
nomenalism, with  the  forms  of  language  playing  a  role  similar 
to  Kant's  transcendental  apparatus.  Language  in  this  inter- 
pretation is  not  only  an  instrument  of  thought  and  communi- 
cation but  also  an  all-pervading  factor  in  organizing  our 
cognitive  experience.  Here  my  interpretation  goes  beyond  the 
limits  of  logical  positivism,  even  though  generally  in  dealing 
with  the  Tractatus  I  have  tried  to  keep  as  much  as  possible 
within  the  logico-positivistic  frame.  The  essentials  of  my 
consequent  understanding  of  the  philosophy  of  Wittgenstein 
are  as  follows. 

Language  is  the  activity  in  which  we  use  some  parts  of  our 
experience — spoken  words,  written  words,  images,  and  so  on 
— to  represent  other  parts  of  it  and  to  connect  them  into  a 
system  of  interrelating  facts  within  the  world  in  such  a  way 
that  certain  facts  used  as  symbols  express  certain  other  facts. 
Until  so  interpreted  and  interrelated,  our  experience  is  chaotic 
and  is  not  an  organized  world.  Thus,  we  cannot  actually 
separate  organized  and  communicable  experience  of  our  world 
from  the  language  by  means  of  which  we  know  it;  and  we 
can  discuss  the  language  separately  only  in  abstraction.  Lan- 
guage and  thought  are  inseparable,  and  an  investigation  of 
the  formal  structure  of  language  thus  becomes  thought's  self- 
clarification. 

Philosophy  is  not  merely  a  passive  love  of  wisdom  but, 
more  importantly,  the  active  search  for  it.  Its  aim  is  a  part 
of  our  aim  to  understand  the  world;  but  in  our  striving  toward 
that  end  philosophy  plays  a  special  role:  it  clarifies  our 
thought  or  language,  which  necessarily  precedes  the  activity 
of  ascertaining  the  truth  or  falsity  of  our  thought.  Philosophy 
itself  is  not  concerned  with  the  empirical  finding  of  the  truths 
about  the  world;  that  is  the  business  of  everyday  practical 
activity  and  of  its  refined  extension,  science.  Neither  does 
philosophy  consist  of  sets  or  systems  of  propositions  about 
the  world  already  established  as  true.  The  peculiar  contri- 
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bution  of  philosophy  to  our  wisdom  lies  in  the  activity  of  the 
formal  clarification  of  our  thought  or  language.  The  separa- 
tion of  the  functions  of  scientist  and  philosopher  is  theoreti- 
cally clear  and  complete,  though  in  actual  life  it  is  not  hard 
and  fast  because  the  two  functions  are  often  performed  by 
the  same  person,  and  are  two  aspects  of  one  and  the  same 
search  for  wisdom.  The  philosopher  looks  for  clarity  and 
validity  of  thought,  the  scientist  for  its  truth,  but,  since  both 
these  activities  tend  to  relieve  the  feeling  of  intellectual  dis- 
comfort, even  if  in  different  ways,  the  result  is  that  very  often 
the  two  functions  are  not  only  actually  fused  in  the  same 
person  but  also  become  confused.  Traditional  philosophy  is, 
according  to  Wittgenstein,  full  of  this  confusion,  and  the 
Tractatus  is  essentially  a  philosophical  discussion  of  the  formal 
prerequisites  of  all  valid  thought,  that  is,  of  all  symbolism, 
designed  to  eliminate  this  confusion. 

The  main  thesis  of  the  Tractatus  is  summarized  in  the  pro- 
found triviality:  'What  can  be  said  at  all  can  be  said  clearly; 
and  whereof  one  cannot  speak  thereof  one  must  be  silent'. 
In  other  words,  in  any  discussion  worthy  of  the  name  we  must 
confine  ourselves  to  talking  sense.  The  Tractatus  itself  is 
largely  an  attempt  to  analyze  the  formal  aspects  of  the  medium 
of  making  sense,  that  is,  of  language  or  symbolism  in  general, 
and  to  show  what  is  essential  to  any  symbolism  in  order  that 
it  be  significant  and  not  merely  a  series  of  noises  and  marks. 
More  precisely,  the  main  problem  of  the  Tractatus  is  to  show 
the  necessary  prerequisites  of  an  ideal  symbolism,  to  which 
all  our  actual  languages  must  conform  as  far  as  practically 
possible  in  order  to  serve  their  fundamental  purpose  of  being 
a  medium  of  knowledge.  With  the  aesthetic  and  affective 
aspects  of  symbolism  Wittgenstein  is  not  concerned.  Neither 
does  he  investigate  empirically  the  existent  natural  languages; 
philological  study  is  far  from  his  purpose.  He  restricts  his 
investigation  to  the  formal  or  logical  prerequisites  of  any 
possible  language,  of  all  possible  symbolisms. 
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The  discussion  of  the  formal  or  logical  prerequisites  of  all 
symbolism  is  not  intended  to  be  taken  as  saying  anything 
about  the  actual  state  of  affairs  in  the  world:  'What  lies  in 
its  application  logic  cannot  anticipate'  (5.557).  Of  course, 
all  our  knowledge  about  the  world  comes  through  the  medium 
of  language,  and  therefore  the  formal  structure  of  the  world 
(the  world  we  know — we  cannot  talk  about  any  other)  is 
inseparable  from  the  language  we  use:  'The  limits  of  my 
language  mean  the  limits  of  my  world'  (5.6).  But  formal 
aspects  of  language  do  not  determine  anything  about  the 
actual  content  of  the  world;  we  cannot  infer  existence  from 
logic.  The  formal  prerequisites  of  our  language  and  therefore 
of  the  world  would  be  just  as  valid  if  the  state  of  affairs  in 
the  world  were  different  from  what  it  actually  is,  or  even  if 
there  were  no  world  at  all:  'Everything  we  can  describe  at 
all  could  also  be  otherwise'  (5.634).  That  the  world,  if  there 
be  any  world,  must  be  such  that  we  could  think  about  it  is 
merely  a  tautology  and  gives  us  no  more  information  about 
the  actual  state  of  affairs  than  such  a  pseudo-proposition 
as  'A  is  A\ 

Strictly  speaking,  the  formal  prerequisites  of  our  language 
or  thought  cannot  even  be  discussed.  They  permeate  all  our 
language,  and  in  order  to  say  something  factual  about  them, 
we  would  have  to  put  ourselves  outside  language,  that  is,  to 
say  something  while  remaining  silent,  which  is  an  impossi- 
bility. The  final  clarification  of  our  thought,  the  realization 
of  its  formal  conditions,  is  a  matter  for  philosophic  activity 
and  not  for  significant  propositions.  The  discussion  of  the 
Tractatus  is,  then,  but  a  verbal  elucidation,  an  attempt  to 
bring  the  reader  to  the  realization  of  what  he  himself  already 
knows,  of  that  'which  cannot  be  said',  but  which  nevertheless, 
is  essential  to  all  significant  saying,  and  which  'shows  itself 
in  every  discourse.  This  is  our  logocentric  predicament,  and 
on  Wittgenstein's  view  it  includes  the  egocentric  as  well. 

Besides  discussing  the  formal  prerequisites  of  language 
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and  the  limits  of  cognition  as  determined  by  these  prerequi- 
sites, the  Tractatus  also  comes  to  a  positive  conclusion  of 
great  moment,  namely,  that  our  life  experience  is,  after  all, 
not  limited  to  the  sphere  of  symbolic  cognition.  Our  cogni- 
tion cannot  exhaust  reality,  and  outside  the  knowable  there 
is  also  the  realm  of  the  mystical,  which  cannot  be  a  subject 
of  any  discourse.  Any  attempt  to  discuss  the  mystical  leads 
to  talking  nonsense;  and  many  traditional  philosophers  make 
the  serious  error  of  attempting  to  discuss  this  undiscussable 
in  their  pretension  of  talking  from  an  angelic  point  of  view. 

The  chapters  of  my  book  do  not  follow  the  divisions  of 
the  Tractatus.  Roughly,  my  first  chapter  corresponds  in  essen- 
tials to  the  first  and  the  second  chapters  of  the  Tractatus; 
my  second  chapter  deals  primarily  with  the  third  chapter  of 
the  Tractatus;  my  third  chapter  deals  with  some  of  the  more 
technical  aspects  of  Wittgenstein's  view  in  Chaps.  4,  5,  and  6 
of  the  Tractatus;  and  my  last  chapter  is  a  presentation  of  his 
views  on  philosophy.  Although  I  group  my  chapters  around 
some  fundamental  notions  of  the  chapters  of  the  Tractatus, 
in  my  discussion  of  these  topics  I  do  not  limit  myself  to  the 
material  offered  in  only  the  corresponding  chapters  of  the 
Tractatus,  but  draw  my  information  freely  from  any  part  of 
the  book  I  find  useful  for  the  purpose  at  hand.  I  usually  indi- 
cate this  by  special  references  in  parentheses  to  the  numbered 
paragraphs  of  the  Tractatus.  Most  of  my  original  contribu- 
tions are  in  the  first  two  chapters  of  my  book. 

My  first  chapter  is  grouped  around  the  fundamental  no- 
tions of  object  and  atomic  fact.  Here  I  discuss  primarily  the 
general  principles  underlying  Wittgenstein's  view  on  language 
or  symbolism. 

My  second  chapter  is  primarily  a  continuation  of  the  dis- 
cussion of  the  first  chapter  on  language,  but  it  is  narrowed 
down  to  more  specific  topics,  namely,  the  nature  of  symbol 
and  sign.  In  order  to  elucidate  the  important  opening  para- 
graphs of  the  third  chapter  of  the  Tractatus,  I  insert  at  the 
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beginning  of  my  second  chapter  a  short  discussion  on  thought 
and  logic. 

The  central  theme  of  my  third  chapter  is  Wittgenstein's 
view  of  molecular  propositions  as  truth  functions  of  atomic 
propositions,  and  around  this  I  group  the  kindred  topics  of 
logical  propositions  and  inference.  I  close  the  chapter  with 
a  discussion  of  Whitehead  and  Russell's  Principia  Mathe- 
matica  in  the  light  of  Wittgenstein's  view  on  logic.  This  chap- 
ter is  the  least  original  part  of  my  study.  A  reader  not  inter- 
ested in  logical  technicalities  can  omit  this  chapter  without 
missing  the  basic  ideas  of  my  interpretation  of  Wittgenstein. 

In  my  fourth  and  last  chapter  I  present  Wittgenstein's  view 
of  the  nature  and  role  of  philosophy,  and  I  give  some  space 
to  his  solipsism  and  mysticism.  Wittgenstein's  solipsism  throws 
light  on  his  central  theme,  the  role  of  language.  His  mysticism 
supplements  his  positivism,  and  thus  provides  for  experiences 
outside  the  limits  imposed  by  language. 

My  grasp  of  the  subject  is  not  sufficiently  secure  to  allow 
as  yet  of  a  crystallized  vocabulary.  My  occasional  vagueness 
in  language  reflects  the  uncertainty  and  amorphousness  of 
my  view  at  present;  and  thus,  the  very  shortcomings  in  my 
essay  seem  to  substantiate,  in  a  rather  negative  fashion,  the 
view  defended  here  that  thought  and  language  are  inseparable. 
I  am  also  aware  of  a  certain  choppiness  in  my  presentation 
of  the  subject.  Slightly  paraphrasing  Bradley,  I  might  say 
that  if  I  saw  clearer  I  should  be  shorter  and  more  orderly 
and  precise  in  my  presentation.  I  can  express  my  feelings  here 
in  no  better  way  than  by  quoting  verbatim  another  remark 
of  Bradley's:  Tt  means  that  on  all  questions,  if  you  push  me 
far  enough,  at  present  I  end  in  doubts  and  perplexities'. 

My  attempt  at  presenting  Wittgenstein's  view  does  not 
pretend,  I  repeat,  to  be  either  complete  or  entirely  correct. 
I  can  only  hope  that  it  is  in  accord  with  the  essentials  of 
Wittgenstein's  original  view  at  least  in  spirit,  and  that  my 
criticisms  of  the  Tractatus  are  in  the  direction  of  Wittgenstein's 
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own  changes  after  he  wrote  the  book.  In  spite  of  Wittgen- 
stein's later  neglect  and  even  disparagement  of  the  Tractatus, 
I  still  believe  it  to  be  a  great  book,  and  my  hope  is  that  this 
essay  will  make  a  contribution  to  the  understanding  of  the 
man  who  has  been  considered  by  many  of  his  very  competent 
peers  to  be  one  of  the  greatest  contemporary  philosophers. 

A.  M. 

University  of  California,  Berkeley 
December,  1933 
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CONFUCIUS 


Objects,  Atomic  Facts, 
and  Language 


This  chapter  is  primarily  concerned  with  what  I  consider  to  be 
the  most  important  idea  underlying  the  Tractatus — the  pervad- 
ing role  of  language  in  all  our  cognitive  experience — and  with 
the  closely  related  ideas  of  object  and  atomic  fact. 

1.1  Wittgenstein's  purpose  in  the  Tractatus  is  to  investigate 
the  formal  requirements  of  all  correct  symbolism  or  language 
in  broad  sense,  and  thus  of  all  possible  knowledge.  Language, 
in  this  wide  sense  of  the  term,  is  the  activity  in  which  we  use 
systematically  some  parts  of  our  experience  to  represent  ac- 
cording to  some  rules  certain  other  parts;  in  this  way  we  can 
interrelate  our  experience  and  thus  construct  a  world.  Until 
so  interpreted  the  sheer  data  of  our  experience  would  not 
constitute  any  world,  would  be  meaningless,  and  we  could 
not  even  speak  of  it.  Thus  the  relation  between  our  language 
or  thought  on  one  hand  and  the  world  we  know  (and  there 
is  only  one  world  for  us,  the  one  that  we  do  know)  on  the 
other  is  so  intimate  that  we  cannot  actually  separate  the  two, 
and  can  discuss  them  separately  only  in  abstraction.  The 
relation  between  language  and  the  world  is,  in  Wittgenstein's 
terminology,  internal:  we  cannot  separate  the  world  from  the 
perspective  of  the  language  by  means  of  which  we  organize 
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it.  As  Wittgenstein  expresses  this,  'The  limits  of  my  language 
mean  the  limits  of  my  world'  (5.6),1  and  'The  facts  in  logical 
space  are  the  world'  (1.13),  where  by  the  'logical  space'  is 
meant  the  formal  or  grammatical  requirements  of  language 
we  use.  Thus,  on  this  view  an  investigation  of  the  formal 
aspects  of  language  is  at  the  same  time  an  investigation  of 
the  formal  aspects  of  our  world:  'To  give  the  essence  of 
propositions  means  to  give  the  essence  of  all  description, 
therefore  the  essence  of  the  world'  ( 5.47 1 1 ) . 

The  first  and  second  chapters  of  the  Tractatus  give  a  sum- 
mary survey  of  the  formal  characteristics  of  the  possible 
world.  On  my  interpretation,  no  metaphysical  discussion  of 
the  ultimate  stuff  of  the  world  is  intended  here;  any  such 
discussion  should  be  considered,  on  Wittgenstein's  view,  as 
nonsense.  The  discussion  starts  from  and  is  limited  by  the 
language  we  actually  use  at  the  time  of  our  philosophizing 
about  the  world.  To  attempt  to  get  beyond  the  world  of  our 
experience  to  the  'real'  world  in  itself  would  require  us  to 
take  an  'angelic'  point  of  view,  to  jump  out  of  our  intellectual 
skins,  so  to  speak,  and  would  be  a  plain  self-contradiction. 
Sentences  torn  from  their  context  in  our  experience,  not  in- 
terpreted from  our  perspective,  are  neither  true  nor  false  to  us, 
but  are  for  us  simply  nonsensical;  and  a  proposition  from  an 
angelic  point  of  view  would  be  a  nonsensical  sentence  for  us 
— we  do  not  happen  to  be  angels.  In  refusing  to  make  non- 
sensical statements  about  the  world  'in  itself,  we  really  do  not 
make  any  assertions  or  denials  about  the  nature  of  that 
world;  we  merely  point  out  the  logical  restrictions  to  which 
any  discourse  is  to  be  limited  if  it  is  to  be  a  sensible  discourse 
and  not  nonsensical  sound-  or  mark-making.  We  are  merely 
drawing  attention  here  to  the  tautological  requirement  for  any 
sensible  language:  we  can  give  sense  to  our  propositions  only 
within  our  experience  and  therefore  according  to  the  rules 

1  Numbers  in  parentheses  refer  to  the  numbered  sections  of  the  first 
edition  of  the  Tractatus. 
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of  our  language.  Thus  the  discussion  of  the  formal  charac- 
teristics of  the  world,  of  our  world,  is  nonmetaphysical. 

I  shall  return  again  and  again  to  this  topic  of  the  relation 
between  language  in  a  wide  sense  of  the  term  and  the  world, 
but  now  I  will  pass  to  a  somewhat  more  detailed  exposition 
of  the  Tractatus. 

The  formal  requirement  made  upon  the  world  in  the  first 
chapter  of  the  Tractatus  is  that  the  world,  if  there  be  a 
world,  must  consist  of  facts:  'The  world  is  the  totality  of 
facts,  not  of  things'  (1.1),  and  'The  world  divides  into  facts' 
(1.2).  The  very  term  'world'  in  our  language  implies  com- 
plexity, that  is,  facts.  It  is  impossible  to  have  a  world  until 
we  interrelate  the  noncomplex  or  simple  elements  of  our 
experience  into  complexes  or  facts.  Of  course,  we  need  not 
assume  here  any  specific  character  for  these  facts  or  com- 
plexes, but  we  must  admit  the  general  requirement  of  com- 
plexity in  the  world. 

The  actual  and  specific  character  of  the  facts  in  the  world 
is  found  empirically  and  cannot  be  derived  from  an  a  priori 
discourse,  as  rationalists  would  have  it:  'There  is  no  order  of 
things  a  priori'  (5.634).  That  there  is  a  world  is  an  empirical 
fact,  and  'Everything  we  see  could  also  be  otherwise'  (5.634). 
Logically  there  need  be  no  world  at  all,  but,  if  there  be  one, 
it  must  comply  with  this  minimum  formal  requirement, 
namely,  it  must  be  complex,  that  is,  must  consist  of  facts. 
A  world  cannot  be  merely  one  simple  entity,  or  merely  an 
aggregate  of  entirely  isolated  simple  entities.  A  bare  'being'  of 
one  simple  entity  by  itself  is  meaningless.  The  very  modicum 
of  meaning  requires  another  entity  of  some  kind  which  can 
be  used  as  a  sign  of  the  meaning  of  the  first  entity;  and  this 
sign  has  to  be  interpreted,  put  into  a  'perspective'  or  context 
of  language,  which  leads  to  still  further  interconnection  of 
entities,  namely,  to  facts.  The  minimum  formal  requirement 
even  for  naming  a  simple  entity  is  a  fact  made  up  of  three 
entities:  A  is  in  some  relation  to  B  for  C.  If  the  world  were 
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not  complex,  then,  as  Parmenides  said,  'it  is  neither  named, 
nor  expressed,  nor  opined,  nor  known,  nor  perceived  by 
anyone'  (Plato,  Parmenides,  142A). 

But,  furthermore,  even  if  we  managed  to  name  the  isolated 
simple  entities  within  our  experience,  that  would  not  be 
sufficient  to  give  us  the  world,  but  would  be  merely  an  in- 
ventory of  its  simple  elements.  If  our  experience  could  not  be 
grouped  into  complexes  or  facts,  we  could  make  no  proposi- 
tions, true  or  false,  and  therefore  we  could  have  no  discourse, 
no  knowledge,  and,  finally,  no  world  to  discourse  about! 
First,  because  to  express  a  proposition,  even  false,  we  need  a 
complex  sign,  that  is,  a  fact,  as  we  shall  see  more  in  detail  in 
my  Chap.  2.  And,  second,  if  we  are  to  have  the  world,  some 
of  our  propositions  must  be  true.  And  that  means  that  there 
must  be  some  facts  in  the  world,  namely,  the  facts  represented 
by  the  true  propositions.  This,  of  course,  logically  need  not 
be  the  case,  because  there  is  no  necessity  for  any  proposition 
to  be  true,  or  even  of  there  being  any  proposition  at  all.  But 
then  our  present  discourse  would  be  of  no  consequence  and 
our  world  illusory  or  Fichtean — a  possible  but  fantastic  alter- 
native. Without  facts  we  could  have  no  discourse  whatsoever, 
and  with  one  fact  alone  we  could  have  no  world.  Thus,  if  there 
be  a  real  world,  it  must  consist  of  facts.  'The  world  divides  into 
facts'  (1.2),  and  among  the  facts  the  fundamental  ones  are 
what  Wittgenstein  calls  atomic  facts.  Atomic  facts  are  the 
facts  which  have  no  parts  which  are  facts;  and  all  other 
facts,  that  is,  molecular  facts,  are  made  up  of  atomic  facts. 
The  elements  or  constituents  of  atomic  facts  are  called  by 
Wittgenstein  objects. 

The  parts  of  the  Tract  at  us  dealing  with  atomic  facts  and 
objects  are  among  the  most  obscure  of  the  whole  book,  but 
I  feel  that  if  we  could  get  only  a  fair  understanding  of  these 
two  terms,  we  would  get  close  to  the  very  heart  of  the  book. 
I  shall  therefore  make  an  attempt  to  make  as  clear  as  possible 
the  meanings  of  these  two  terms  as  I  interpret  them.  My 
analysis  of  the  Tractatus  will  depend  to  a  large  extent  on  the 
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meanings  I  give  to  these  terms.  The  two  terms  are  intimately 
connected,  as  can  be  seen  from  the  statement  that  'An  atomic 
fact  is  a  combination  of  objects'  (2.01);  if  we  could  get  a 
clear  notion  of  one,  the  other  would  become  clear  as  well. 
My  conclusion  in  this  connection,  unfortunately,  is  that  I 
suspect  that  Wittgenstein,  when  he  wrote  the  Tractatus,  was 
himself  rather  vague  about  the  intended  meanings  of  these 
terms,  and  that  therefore  it  is  impossible  to  make  entirely  clear 
what  their  meanings  should  be  in  the  Tractatus.  Before  the 
detailed  discussion  of  these  two  terms,  I  shall  give  a  sketch 
of  what  I  consider  to  be  the  fundamental  and  correct  ideas 
underlying  Wittgenstein's  presentation  of  the  subject  in  the 
Tractatus. 

One  of  the  logical  requirements  of  any  language  is  that  its 
terms  must  have  unique  and  unambiguous  meanings  assigned 
to  them  within  our  experience.  This  requirement  is  met  by 
explicit  or  implicit  definitions,  and  ultimately  by  what  W.  E. 
Johnson  calls  the  'ostensive  definition',  that  is,  by  direct 
pointing  to  the  objects  within  the  accepted  context  of  the  dis- 
course in  'the  language  which  only  I  understand'  (5.62).  The 
objects  or  referends2  (the  term  is  due  to  Miss  L.  S.  Stebbing) 
of  our  terms  are  thus  established  operationally  within  the 
context  of  the  accepted  specific  universe  of  discourse.  These 
terms  are  thus  relative  to  our  actual  use  of  language,  and  it 
is  senseless  to  look  for  some  absolute  or  ultimate  nature  of 
the  objects,  as  well  as  for  the  definition  of  the  ultimate  nature 
'in  itself'  of  the  context  in  which  they  occur. 

But  terms  alone,  even  if  meaningful,  are  not  sufficient  to 
make  a  significant  universe  of  discourse;  the  terms  alone  do 
not  make  a  language,  just  as  an  aggregate  of  objects  does  not 
make  up  a  world.  Terms  merely  denote  their  objects,  but 
language  must  be  also  capable  of  expression.  Language  is 
not  merely  a  set  of  signals  for  known  objects  and  known 
groups  of  the  objects,  but  it  also  must  enable  us  to  express  all 

2  'Referend'  is  equivalent  to  the  now  commonly  used  'designatum'  and 
'nominatum',  ugly  terms  I  do  not  like  [author's  note,  I960]. 
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the  possible  new  combinations  of  objects,  that  is,  possible 
new  states  of  affairs  or  facts.  Language  must  not  be  merely 
denotative  but  must  also  be  expressive;  it  must  not  only  have 
terms  which  are  meaningful  in  our  experience  but  it  must  also 
be  capable  of  constructing  propositions  expressing  new  facts 
by  means  of  the  old  terms.  The  smallest  units  of  expressive 
language — of  any  language — are  propositions. 

Among  all  the  possible  propositions  of  language  there  must 
be  some  simple  propositions,  that  is,  propositions  not  con- 
taining any  other  propositions  as  constituents,  but  consisting 
only  of  terms  in  certain  relations;  all  other  propositions  are 
constructs  out  of  the  simple  propositions.  The  simple  proposi- 
tions we  may  call  atomic,  and  the  propositions  constructed 
out  of  the  atomic  propositions  we  may  call  molecular:  Tt  is 
obvious  that  in  the  analysis  of  propositions  we  must  come  to 
elementary  [atomic]  propositions,  which  consist  of  names  in 
immediate  combination'  (4.221  ).3 

Knowledge  of  all  the  true  atomic  propositions  is  theoreti- 
cally necessary  and  sufficient  for  the  complete  knowledge  of 
the  world:  'the  introduction  of  the  elementary  [atomic] 
propositions  is  fundamental  for  the  comprehension  of  the 
other  kinds  of  propositions'  (4.41 1 ) ,  and  The  specification  of 
all  true  elementary  propositions  describes  the  world  com- 
pletely' (4.26).  But  what  makes  the  true  atomic  propositions 
true  are  the  atomic  facts. 

3  Wittgenstein  in  the  Tractatus  uses  the  terms  'elementary  proposition' 
instead  of  'atomic  proposition',  but  I  am  going  to  use  the  term  'atomic 
proposition'  by  analogy  with  Wittgenstein's  use  of  the  term  'atomic  fact'. 
This  is  Russell's  usage  in  The  Philosophy  of  Logical  Atomism  and  in  the 
second  edition  of  Whitehead  and  Russell's  Principia  Mathematica  and  seems 
to  be  the  general  accepted  usage  nowadays,  to  which  Wittgenstein  him- 
self conformed  in  his  article  'Some  Remarks  on  Logical  Form',  Aristotelian 
Society  Supplementary,  Vol.  IX,  1929,  written  after  the  publication  of 
the  Tractatus.  The  term  'elementary  proposition'  is  used  in  the  Principia 
in  the  sense  of  'atomic  propositions  together  with  all  that  can  be 
generated  from  them  by  means  of  the  stroke  applied  any  finite  number 
of  times'  {Principia,  2d  ed.,  p.  xvii).  That  is,  in  the  Principia  elementary 
propositions  include  molecular  propositions  but  exclude  general  proposi- 
tions. 
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Thus,  the  actual  world  we  can  know  (and  there  is  no  sense 
in  discoursing  about  any  other)  must  consist  of  objects  and 
atomic  facts,  corresponding  respectively  to  the  meaningful 
terms  and  the  true  atomic  propositions  of  our  universe  of 
discourse.  The  world  is  the  universe  of  reference  of  our 
significant  discourse. 

This  short  sketch  represents,  I  believe,  the  essentials  of 
what  I  consider  to  be  clear  and  sound  in  Wittgenstein's  view 
on  the  'objects'  and  the  'atomic  facts'.  I  shall  proceed  with 
a  closer  analysis  and  criticism  of  these  two  terms  as  presented 
in  the  Tractatus,  and  especially  in  the  first  two  chapters  of  it. 

1.2  Atomic  fact  is  defined  formally  as  'a  combination  of 
objects  (entities,  things)'  (2.01);  that  is,  it  is  a  fact  which  is 
not  in  its  turn  composed  of  other  facts  but  is  a  combination  of 
objects.  'Even  if  the  world  is  infinitely  complex,  so  that  every 
fact  consists  of  an  infinite  number  of  atomic  facts  and  every 
atomic  fact  is  composed  of  an  infinite  number  of  objects,  even 
then  there  must  be  objects  and  atomic  facts'  (4.2211).  Thus 
objects  are  what  we  must  find  at  the  end  of  analysis  of  facts, 
and  atomic  facts  are  the  simplest  kind  of  combination  of 
these  last  elements  of  our  analysis.  This  view  depends  upon 
what  is  to  be  taken  as  the  limit  of  analysis,  and,  unfortunately, 
it  is  not  at  all  clear  from  the  Tractatus  what  Wittgenstein 
means  by  analysis  in  this  connection.  What  does  it  mean  to 
say  that  a  fact  must  be  analyzable  into  atomic  facts  if  this 
fact  has  not  actually  been  so  analyzed?  Can  we  speak  of 
hidden  or  unknown  atomic  facts  and  objects?  And  if  we 
engage  in  the  actual  analysis,  what  is  the  criterion  of  simplicity 
and  complexity  according  to  which  we  are  to  decide  in 
each  case  whether  and  when  the  analysis  has  come  to  its 
ultimate  end? 

It  seems  to  me  that  Wittgenstein  here  is  trying  to  do  two 
things  at  once  without  clearly  separating  them.  First,  he  seems 
to  be  making  an  attempt  to  give  a  sketchy  account  of  the 
actual  constitution  of  our  world;  at  times  his  account  de- 
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generates  into  metaphysics.  Second,  Wittgenstein  tries  to  dis- 
cuss on  a  nonempirical  level  the  formal  requirements  of  any 
significant  language,  of  all  symbolism,  and  thus  of  all  possible 
knowledge,  entirely  apart  from  any  actual  application  of  these 
requirements;  he  does  not  intend  to  give  here  any  specific  in- 
formation about  the  facts  in  the  world  but  wishes  merely  to 
state  the  universal  features  of  any  possible  knowledge  of  the 
world,  or  what  he  calls  the  logical  grammar  or  logical 
syntax.  Wittgenstein's  primary  concern,  I  think,  is  with  the 
second  problem,  and  the  confusion  often  arises  from  his 
digressions  into  the  first;  and  this  confusion  of  the  two  prob- 
lems leads  to  the  initial  difficulty  in  understanding  the  whole 
Tract atus.  Of  course  (and  this  is  one  of  the  cardinal  points  of 
Wittgenstein's  view,  which  I  shall  return  to  again),  there  is 
no  actual  separation  between  language  and  the  world  known 
through  its  medium;  but  the  two  above  problems  are,  never- 
theless, theoretically  distinct,  and  we  can  discuss  the  problem 
of  the  formal  requirements  of  language  without  factual  in- 
vestigation of  the  actual  world. 

1.21  Although  the  first  problem  is,  on  my  interpretation 
of  the  Tractatus,  only  an  irrelevant  digression  from  the  proper 
task  of  the  book,  I  shall  investigate  it  briefly,  to  show  that 
Wittgenstein  is  not  at  all  clear  as  to  what  he  means  by  objects 
and  atomic  facts.  First,  however,  it  is  necessary  to  make  a 
few  remarks  of  a  linguistic  nature,  which  would  more  properly 
belong  to  the  discussion  of  the  second  problem  but  are  in- 
dispensable as  preliminaries  to  the  discussion  of  the  first.  The 
term  'object'  is  a  variable  pseudo-concept  (4.1272);  it  is  not 
a  general  term  formed  by  a  process  of  abstraction  from  the 
perceptual  data;  it  is  neither  a  general  name  like  'table'  or 
'red',  nor  a  proper  name  for  an  individual  in  the  world.  There 
are  no  entities  in  the  world  for  which  the  term  'object'  stands 
as  a  proper  or  general  name.  'Object'  does  not  indicate  any- 
thing in  the  world,  but  is  a  linguistic  device  for  speaking  about 
genuine  or  generic  concepts  like  'table'  or  'red',  or  proper 


OBJECTS,  ATOMIC  FACTS,  AND  LANGUAGE        9 

names,  which  when  in  use  do  stand  for  something  in  reality. 
'Object'  is  a  variable  standing  in  an  incomplete  expression;  it 
is  but  a  blank  in  a  propositional  schema  or  propositional  func- 
tion which  is  to  be  filled  before  this  schema  acquires  definite 
sense,  becomes  a  significant  proposition.  It  is,  for  example,  the 
'jc'  of  f(x).  The  nature  of  the  f  determines  the  kind  of 
entities  whose  names  or  descriptions  can  serve  as  the  argu- 
ments in  f(x).  Thus  'jc  is  red'  is  a  propositional  function  which 
requires  that  the  arguments  admissible  here  must  be  names 
or  descriptions  of  spatial  entities;  'jc'  here  is  merely  a  device  for 
keeping  open  the  place  in  the  propositional  function  into  which 
we  are  to  insert  a  name  or  a  description.  Similarly  with  'This 
book  is  jc',  where  the  'jc'  stands  for  a  suitable  adjective;  the 
suitability  is  again  determined  by  the  nature  of  the  function. 
Thus  the  term  'object'  does  not  stand  for  anything  definite  in 
the  world,  and  it  would  not  even  appear  in  a  perfect  sym- 
bolism. But  it  may  be  of  interest  to  investigate  a  little  what 
sort  of  entities  Wittgenstein  may  have  had  in  mind  when  he 
used  this  term  in  the  Tractatus.  I  have  counted  at  least  a  dozen 
kinds  of  entities  which  may  be  suggested  by  reading  the 
Tractatus;  among  these  the  three  following  seem  to  be  of 
particular  interest:  sense  data,  things,  and  the  ontological 
entities. 

1.211  Thus  Wittgenstein  might  have  had  in  mind  the 
sense  data  when  he  spoke  of  objects.  He  speaks  of  'a  speck 
in  a  visual  field  .  .  .  a  tone  .  .  .  a  hardness,  etc' (2.0131). 
This  interpretation  would  be,  probably,  most  in  accord  with 
the  general  trend  of  Wittgenstein's  view.  Objects  then  would 
coincide  with  Hume's  impressions,  if  we  take  into  account 
Hume's  own  warning  that  'By  the  term  impression  I  would 
not  be  understood  to  express  the  manner  in  which  our  lively 
perceptions  are  produced  in  the  soul,  but  merely  the  percep- 
tions themselves;  for  which  there  is  no  particular  name  either 
in  the  English  or  any  other  language,  that  I  know  of.4  That 

*  Footnote  on  p.  2  of  Hume's  Treatise,  Selby-Bigge  edition;  italics  mine. 
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is,  in  accord  with  the  positivistic  interpretation  of  Hume. 
This  would  also  come  close  to  the  view  of  E.  Mach,  as  ex- 
pressed in  his  book  The  Analysis  of  Sensations,5  as  follows: 

The  complexes  are  disintegrated  into  elements,  that  is  to  say,  into 
their  ultimate  component  parts  which  hitherto  we  have  been  un- 
able to  subdivide  any  further  .  .  .  Usually,  these  elements  are 
called  sensations.  But  as  vestiges  of  a  one-sided  theory  inhere  in 
that  term,  we  prefer  to  speak  simply  of  elements  .  .  .  For  us, 
therefore,  the  world  does  not  consist  of  mysterious  entities,  which 
by  interaction  with  another,  equally  mysterious  entity,  the  ego, 
produce  sensations,  which  alone  are  accessible.  For  us,  colours, 
sounds,  spaces,  times  ...  are  provisionally  the  ultimate  elements, 
whose  given  connection  it  is  our  business  to  investigate. 

Such  elements  are,  probably,  what  Wittgenstein  usually  has 
in  mind  as  the  ultimate  constituents  of  the  world;  thus,  in  his 
article  in  the  Aristotelian  Society  Supplementary  (Vol.  IX, 
1929,  p.  165),  he  says,  'If  .  .  .  we  try  to  get  at  an  actual 
analysis  ...  we  meet  with  .  .  .  colours,  sounds,  etc., 
with  their  gradations,  continuous  transitions,  and  combina- 
tions ...  all  of  which  we  cannot  seize  by  our  ordinary 
means  of  expression'.  There  are,  of  course,  many  and  serious 
objections  to  the  consideration  of  sense  data  as  objects.  For 
example,  Wittgenstein  speaks  of  possibility  in  connection  with 
them  (2.014);  but  it  is  senseless  to  speak  of  possibility  in 
connection  with  a  sense  datum,  because  it  is  either  actual  or 
not  at  all,  and  modality  does  not  apply  to  it.  And  is  there  any 
sense  of  speaking  of  the  existence  of  sense  data  (2.027)? 
Yet  it  seems  quite  probable  that  Wittgenstein  at  times  con- 
siders sense  data — the  ultimate  data  of  our  experience — as  the 
ultimate  elements  into  which  the  world  is  to  be  analyzable. 

1.212  The  second  meaning  sometimes  given  to  objects  in 
the  Tractatus  is  that  of  things.  Thus  Wittgenstein  says,  'An 
atomic  fact  is  a  combination  of  objects  (entities,  things)' 
(2.01);  and,  even  more  specifically,  'spatial  objects  (such  as 

6  Ernst  Mach,  The  Analysis  of  Sensations,  Open  Court  Publishing  Com- 
pany, Chicago,  1914.  The  quoted  passages  are  from  pp.  5,  22,  and  29. 
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tables,  chairs,  books)'  (3.1431).  But  'The  object  is  simple' 
(2.02),  while  things  of  everyday  life  are  obviously  complex, 
and  thus  while  we  may  speak  of  things  as  objects  in  the  sense 
of  referends  of  the  terms  of  our  language,  they  cannot  be  con- 
sidered as  the  ultimate  elements  of  experience.  And  even  if  we 
decide  that  by  objects  Wittgenstein  does  not  always  mean  the 
ultimate  elements  of  the  world,  it  would  still  be  advisable  not 
to  use  the  terms  'things'  and  'elements'  interchangeably  be- 
cause these  terms  have  different  logical  properties,  and  there- 
fore our  terminology  should  distinguish  the  two.  Things  are 
logical  constructs  involving  hypotheses  and  are  designed  to  ex- 
press certain  possible  metrical  relations  among  the  elements 
of  our  experience,  and  they  always  take  in  our  colloquial 
language  the  form  of  substantives.  Thus,  if  we  wish  to  speak 
of  the  ultimate  constituents  of  our  experience  it  would  be 
better  to  use  some  such  term  as  'elements'  to  distinguish  them 
from  the  constructs  out  of  these  elements,  which  may  be  then 
called  'things'.  Of  course,  both  'elements'  and  'things'  are  still 
pseudo-concepts  because  they  do  not  stand  for  specific  ex- 
periences or  groups  of  experiences;  they  are  only  less  inclusive 
than  the  term  'object',  but  in  a  perfect  language  they  too  would 
disappear. 

1.213  So  far  my  interpretation  of  'object'  has  been  in  the 
empirical  and  positivistic  spirit,  but  there  also  seems  to  be 
in  the  Tractatus  signs  of  a  metaphysical  trend;  at  least  Witt- 
genstein's terminology  sometimes  smacks  of  metaphysics. 
There  seem  to  be  two  tendencies  in  the  Tractatus;  the  major 
is  positivistic,  the  minor  metaphysical.  Avowedly  Wittgenstein 
is  opposed  to  metaphysics  and  considers  all  metaphysics  non- 
sensical, but  occasionally  he  succumbs  to  the  temptation  and 
talks  metaphysical  nonsense;  his  treatment  of  'object'  is  an 
example.  It  seems  that  at  times  he  means  by  'object'  the 
ultimate  ontological  simple  entities  out  of  which  the  real  world 
'in  itself'  is  made,  something  akin  to  Whitehead's  'objects'  and 
Santayana's  'essences';  and,  considering  that  Wittgenstein 
was  influenced  by  Gottlob  Frege,  it  may  be  that  he  is  inclined 
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toward  a  kind  of  Platonic  realism.  Thus  Wittgenstein  says, 
'Objects  form  the  substance  of  the  world  .  .  .  what  exists 
independently  of  what  is  the  case'  (2.021,  2.024),  and  it  is 
suggested  that  it  may  be  that  we  have  no  direct  acquaintance 
with  them  (4.2211).  But,  as  this  metaphysical  strain  of 
Wittgenstein  is  not  in  accord  with  the  general  tenor  of  my 
interpretation  of  him,  I  will  not  pursue  it  here  and  will  con- 
sider it  as  merely  an  unfortunate  holdover  from  traditional 
metaphysical  terminology. 

1.214  To  the  three  mentioned  interpretations  of  'object' 
we  might  add  its  interpretations  as  universals,  determinables, 
determinates,  and  many  others.  But  I  see  no  advantage  of 
pursuing  this  line  of  approach  any  further.  The  upshot  of  my 
discussion  of  'object'  so  far  is  that  there  are  no  real  entities 
specifically  corresponding  to  the  term  'object',  and  that  Witt- 
genstein uses  this  term  as  a  linguistic  device  for  speaking 
about  various  kinds  of  entities,  in  particular  the  elements  of 
sense  data,  common-life  things,  and  ontological  substances, 
all  of  which  would  not  even  appear  in  a  perfect  language. 
After  these  remarks  I  shall  continue  to  use  the  term  'object' 
in  the  sense  of  'referend'  within  our  universe  of  discourse,  and 
it  will  stand  indiscriminately  for  the  elements  which  are 
simple  in  relation  to  our  language  in  actual  use,  as  well  as  for 
logical  constructs  designed  to  express  certain  persistent  or 
continuous  relations  between  these  elements;  if  I  wish  to  dis- 
tinguish between  the  two  kinds  I  shall  designate  one  as  'ele- 
ments', the  other  as  'things'. 

1.215  As  an  atomic  fact  is  defined  as  a  combination 
(2.01)  or  configuration  (2.0272)  of  objects,  the  ambiguity 
and  vagueness  of  what  Wittgenstein  means  by  objects  leads 
inevitably  to  the  similar  uncertainty  of  the  meaning  of  an 
atomic  fact  as  well.  Thus  what  is  an  atomic  fact  made  up  of 
things  becomes  a  molecular  and  not  atomic  fact  if  considered 
as  made  up  of  elements  of  sense  data.  'The  pen  is  on  the 
table'  stands  for  an  atomic  fact  if  the  pen  and  the  table  are 
taken  as  simple  objects,  as  they  usually  are  in  everyday  af- 
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fairs;  but  the  pen  on  the  table  is  an  indefinitely  complex 
set  of  facts  on  a  closer  analysis.  Thus,  it  is  not  at  all  clear 
what  Wittgenstein  means  by  atomic  facts.  It  is  quite  probable 
that  he  means  those  facts  which  are  apprehended  directly  in 
our  perception  and  whose  constituents  are  only  simple  sense 
data.  But  this  is  merely  a  probability,  and  the  Tractatus  does 
not  give  us  any  criterion  for  simplicity  of  sense  data;  there- 
fore, even  if  we  accept  this  interpretation,  we  are  still  at  a 
loss  for  the  precise  meaning.  The  conclusion  of  my  discus- 
sion of  atomic  facts  as  actual  facts  in  the  world  is  that  I  do 
not  know  what  Wittgenstein  means  by  atomic  facts  in  this 
sense;  I  only  guess  that  he  may  mean  the  simple  facts  whose 
constituents  are  only  simple  sense  data,  but  I  am  at  a  loss 
for  his  criterion  of  simplicity  in  this  connection.  The  approach 
to  the  meaning  of  the  terms  'object'  and  'atomic  fact'  through 
the  discussion  of  the  actual  constitution  of  the  world  turns 
out  to  be  decidely  unprofitable. 

1.22  And  now  I  shall  consider  the  objects  and  the  atomic 
propositions  from  the  second  point  of  view  (pp.  7-8);  that  is, 
I  shall  consider  them  from  the  point  of  view  of  the  discussion 
of  the  formal  requirements  of  any  significant  language  and 
thus  of  any  possible  knowledge  of  the  world,  as  contrasted 
with  the  previous  discussion  of  them  as  the  actual  constituents 
of  the  world.  We  thus  shall  approach  the  objects  and  the 
atomic  propositions  through  the  discussions  of  names  and 
atomic  propositions. 

1.221  The  theoretical  need  of  atomic  propositions  and 
simple  terms  or  names  arises  from  the  formal  requirements 
for  determinateness  of  sense  and  meaning.  A  given  proposition 
will  have  a  determinate  sense  only  if  in  our  analysis  of  the 
proposition  we  can  come  to  the  propositions  whose  sense 
does  not  further  depend  upon  any  other  propositions,  and 
the  meaning  of  whose  terms  requires  no  further  reduction  to 
the  meaning  of  any  other  terms.  And  these  last  propositions 
and  terms  are  called  respectively  atomic  propositions  and 
names.  A  composite  proposition  is  a  function  of  its  constituent 
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propositions  (Tractatus,  5),  and  therefore  can  have  sense 
only  if  these  propositions  have  sense;  thus  in  looking  for  the 
sense  of  a  composite  proposition  we  come  to  the  relatively 
simple  propositions.  But,  finally,  if  our  analysis  is  to  give  us 
a  determinate  sense,  we  must  get  to  atomic  propositions,  that 
is,  those  which  have  no  other  propositions  as  constituents 
and  whose  sense,  therefore,  must  be  determined  not  by  any 
further  reduction  to  other  propositions  but  by  direct  reference 
to  the  facts  in  the  world.  'Propositions  can  be  true  or  false 
only  by  being  pictures  of  the  reality'  (4.06).  And  the  facts 
expressed  by  these  atomic  propositions  are  the  corresponding 
atomic  facts  (4.21).  'One  name  stands  for  one  thing,  and 
another  thing  .  .  .  And  so  the  whole,  like  a  living  picture, 
presents  the  atomic  fact'  (4.03 11). 

And  an  atomic  proposition  in  its  turn,  if  it  is  to  have  sense, 
must  be  constituted  of  primitive  terms  or  names  with  fixed 
meanings  in  our  experience,  that  is,  terms  which  we  do  not 
define  by  other  terms,  but  which  stand  as  signals  for  deter- 
minate elements  within  our  experience.  'The  name  cannot 
be  analysed  further  by  any  definition.  It  is  a  primitive  sign' 
(3.26).  Otherwise  we  could  analyze  the  propositions  in  which 
they  occur  still  further  into  a  product  of  other  propositions, 
and  the  atomicity  of  the  original  proposition  would  not  be 
real.  The  proposition  'This  is  a  table'  may  be  roughly  analyzed 
into  'This  has  a  flat  top,  and  this  has  four  legs,  and  .  .  .', 
which  is  obviously  not  an  atomic  proposition;  in  this  case 
the  term  'table'  obviously  is  not  a  simple  term.  Thus,  if  we 
are  to  have  sensible  atomic  propositions  we  must  have  simple 
terms  or  names.  'The  postulate  of  the  possibility  of  the  simple 
signs  is  the  postulate  of  the  determinateness  of  the  sense' 
(3.23). 

A  question  still  may  arise  here:  Why  should  not  we  arbi- 
trarily take  atomic  propositions  themselves  as  our  simple  or 
primitive  symbols?  The  answer  is  that,  if  we  did  so,  the  very 
senses  of  our  propositions,  and  not  only  their  truth  values, 
would  depend  upon  the  actual  state  of  affairs  in  the  world. 
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If  we  stopped  with  atomic  propositions  as  our  primitive  signs, 
then  in  order  to  have  significant  propositions  we  would  have 
to  have  specific  atomic  facts  corresponding  to  these  atomic 
propositions;  that  is,  we  would  need  specific  fixed  configura- 
tions in  the  world  before  we  could  even  give  determinate 
sense  to  our  propositions. 

In  order  to  state  sensible  propositions  we  would  have  to 
learn  beforehand  what  atomic  facts  there  are;  that  is,  we 
would  have  to  know  the  state  of  affairs  in  the  world.  In 
other  words,  we  could  not  use  false  atomic  propositions, 
just  as  we  cannot  have  meaningless  names;  and  our  true 
atomic  propositions  would  play  the  logical  role  of  names — 
a  view  of  Frege's  rejected  by  Wittgenstein  (3.143,  4.061, 
5.02). 

Thus,  according  to  Wittgenstein,  if  the  formal  requirements 
of  significant  language  are  to  be  met,  there  must  be:  (a) 
names  or  fixed  simple  primitive  symbols,  that  is,  symbols 
undefinable  in  terms  of  any  other  symbols  but  directly  indicat- 
ing the  fixed  elements  of  our  experience;  and  (b)  simple  or 
atomic  propositions,  that  is,  propositions  consisting  of  con- 
catenations of  names  and  not  containing  any  propositions  as 
constituents.  Atomic  propositions  actually  describe  atomic 
facts  by  using  names  (and  not  descriptions)  which  indicate 
the  elements  constituting  the  corresponding  atomic  facts.  And 
if  our  language  is  to  be  significant  in  the  world,  there  must 
be  simple  elements  or  objects  which  we  could  name,  and 
atomic  facts  which  we  could  describe. 

1.222  An  objection  may  be  raised  at  this  point  to  this 
mode  of  procedure  of  discussing  atomic  facts  and  their  ele- 
ments via  atomic  propositions  and  names.  It  may  be  said  that 
we  are  putting  the  cart  before  the  horse  by  discussing  atomic 
propositions  about  facts  in  order  to  come  to  an  understanding 
of  the  facts  themselves — that  we  seem  to  decree  to  reality 
what  features  it  should  possess.  In  a  word  we  may  be  accused 
of  dogmatic  rationalism,  the  essence  of  which  is  the  doctrine 
that  reason  is  the  source  of  real  knowledge  of  the  world. 
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The  answer  to  this  very  serious  objection  is  that  we  are 
not  making  any  significant  statements  about  the  world,  but 
are  discussing  the  fundamental  conditions  of  all  significant 
symbolism  applicable  to  any  world.  However,  on  one  hand 
the  formal  requirements  of  symbolism  cannot  dictate  the 
nature  of  reality,  but  on  the  other  hand — and  this  is  of  the 
utmost  importance  in  Wittgenstein's  view — we  cannot  discuss 
a  reality  which  does  not  conform  to  the  necessary  prerequisites 
of  all  symbolism,  because  we  cannot  have  any  discussion  (and 
therefore  knowledge)  without  the  medium  of  symbolism. 
There  is  no  sense  in  discussing  reality  unless  it  is  describable 
in  a  language,  and  it  cannot  be  describable  unless  its  features 
conform  to  the  formal  requirements  of  all  symbolism.  We 
have  here  a  sort  of  Kantian  phenomenalism  in  Wittgenstein. 
'Logic  is  transcendental'  (6.13),  and  the  similarity  is,  I  be- 
lieve, more  than  merely  verbal. 

But  a  warning  must  be  made  here.  On  one  hand,  to  say 
that  it  is  nonsensical  to  discuss  reality  if  it  does  not  conform 
to  the  prerequisites  of  language  is  not  the  same  as  to  deny 
any  reality.  We  cannot  deny  what  we  cannot  discuss.  We 
simply  refuse  to  describe  what  is,  by  definition,  undescribable; 
we  refuse  to  talk  nonsense.  That  reality  is  not  confined  to 
the  describable  is  admitted  by  Wittgenstein  in  his  'mystical'. 
But  on  the  other  hand,  to  state  the  necessary  conditions  of 
significant  language  is  not  equivalent  to  an  assertion  that  there 
is  a  reality  conforming  to  these  conditions.  That  again  would 
be  talking  nonsense.  That  there  is  such  a  reality  as  organized 
by  our  language  activity  is  a  fact  of  experience  and  does  not 
follow  from  merely  formal  requirements  of  language.  It  does 
not  follow  from  anything,  for  that  matter,  but  simply  is  the 
case,  and  might  have  been  not  the  case  without  in  the  least 
affecting  the  formal  requirements  of  symbolism.  Of  course, 
there  would  not  have  been  then  any  actual  language,  and  I 
would  not  be  discussing  now  even  the  formal  prerequisites 
of  an  ideal  language,  but  that  has  nothing  to  do  with  these 
formal  prerequisites  themselves. 
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1.223  The  resume  of  my  discussion  so  far  is  that  our 
language  must  have  simple,  meaningful  terms  or  names  and 
simple  or  atomic  propositions  with  determinate  sense.  The 
names  stand  for  simple  elements  or  objects  in  our  world; 
and  the  atomic  propositions  describe  the  configurations  of 
these  elements,  that  is,  atomic  facts.  If  our  language  is  to  be 
significant  of  the  world  there  must  be  in  the  world  elements 
for  which  the  names  stand,  and  atomic  facts  described  by 
true  atomic  propositions.  These  requirements  are  formal;  they 
have  to  be  met  by  any  language,  and  they  do  not  say  any- 
thing specific  about  our  world. 

1.3  The  question  now  arises  how  the  above  formal  re- 
quirements are  to  be  complied  with  even  by  an  ideal  language 
in  application  within  the  world;  and  that  leads  us  to  the  prob- 
lem of  the  connection  between  language  and  reality.  We  may 
consider  this  as  the  epistemological  problem  approached  by 
the  way  of  language.  And  here  again  the  discussion  is  to  be 
as  far  as  possible  on  a  nonempirical  level.  The  fundamental 
problem  here  is  not  so  much  that  of  the  application  of  the 
formal  requirements  of  language  in  our  actual  world,  but  of 
the  formal  conditions  necessary  for  application  in  any  possible 
world,  of  the  conditions  to  be  met  by  any  knowledge.  We  may 
call  this  the  problem  of  the  grammar  of  language,  and  of 
thought  as  well.  It  is  merely  the  extension  of  our  discussion 
of  the  purely  formal  requirements  of  symbolism  to  the  formal 
requirements  of  its  possible  application. 

1.31  A  significant  language,  we  have  decided,  requires 
simple  elements  and  atomic  facts  in  the  world,  the  first  to  be 
named,  the  second  to  be  stated  by  atomic  propositions.  Now 
we  are  to  consider  the  conditions  necessary  to  meet  these 
formal  requirements  in  application  in  the  world;  and,  more 
specifically,  I  am  now  raising  the  question  of  how  we  are  to 
decide  in  the  actual  use  of  language  in  the  world  whether  a 
certain  element  in  our  experience  is  simple  or  not,  or  whether 
a  certain  fact  is  atomic  or  molecular.  I  have  already  indirectly 
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touched  upon  this  problem  in  the  earlier  part  of  this  chapter, 
and  came  to  the  conclusion  that  the  Tractatus  is  not  at  all 
clear  about  what  is  to  be  meant  by  the  simple  elements  or 
objects,  and  consequently  what  are  the  atomic  facts.  Among 
various  alternatives,  all  very  problematic,  I  have  suggested 
that  the  sense  data  may  be  taken  as  the  simple  elements,  be- 
cause this  view  seems  to  be  in  accord  with  the  general  tenor 
of  Wittgenstein's  teaching,  especially  after  the  publication  of 
the  Tractatus.  But  it  is  very  pertinent  to  ask  what  criterion 
we  are  to  use  in  testing  our  experience  for  simples.  /  do  not 
find  in  the  Tractatus  any  satisfactory  criterion  for  simplicity, 
and  I  think  this  is  due  to  the  fact  that  Wittgenstein  himself 
is  not  clear  as  to  what  he  means  by  the  limit  of  analysis. 
'There  is  one  and  only  one  complete  analysis  of  the  propo- 
sition' (3.25),  and  this  analysis  is  not  arbitrary  (3.3442). 
But  how  are  we  to  decide  in  any  given  case  whether  the 
analysis  has  been  completed  or  not?  And  what  assurance  do 
we  have  that  if  pursued  long  enough  (how  long?)  it  will  come 
to  the  one  and  the  only  one  end? 

Shall  we  take  our  psychological  limitations  as  the  criteria 
— shall  we  say  that  our  inability  to  analyze  something  any 
further  is  equivalent  to  its  being  unanalyzable?  But  in  that 
case  we  have  either  to  give  up  the  second  characteristic  of 
the  'object',  namely,  its  fixity  (2.027),  or  else  to  postulate 
an  absolute  and  fixed  limit  to  our  psychological  ability  to 
analyze.  The  first  alternative  has  to  be  rejected  because  it 
would  destroy  the  determinateness  of  our  language;  and  the 
second  is  useless  without  some  further  criterion  to  enable  us 
to  decide  in  any  given  case  whether  we  have  reached  the 
postulated  limit  of  psychological  capacity  to  analyze.  The 
natural  criterion  here  might  be  the  self-evidence  of  having 
arrived  at  such  a  limit.  But  self-evidence  as  a  criterion  is 
definitely  rejected  by  Wittgenstein;  'obviousness  is  no  justi- 
fication for  our  belief  (5.1363).  He  accuses  even  Frege  of 
falling  a  victim  to  using  self -evidence  as  a  criterion.  Of  course, 
Wittgenstein  himself  does  not  escape  using  this  criterion  either 
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in  his  occasional  confuson  of  psychological  'cannot'  with  logi- 
cal 'impossible',  as  I  shall  show  later;  but,  nevertheless,  in 
principle  he  rejects  it.  A  psychological  criterion  then  must  be 
rejected,  and  I  can  find  no  other  in  the  Tract  at  us. 

Sometimes  it  seems  that  Wittgenstein  speaks  of  the  absolute 
limits  of  analyses  of  data  of  experience  independent  of  our 
psychic  powers.  'Even  if  the  world  is  infinitely  complex,  so 
that  every  fact  consists  of  an  infinite  number  of  atomic  facts 
and  every  atomic  fact  is  composed  of  an  infinite  number  of 
objects,  even  then  there  must  be  objects  and  atomic  facts' 
(4.2211).  The  fact  that  we  have  no  means  of  detecting  such 
hidden  ontological  entities  and  facts  and,  therefore,  have  no 
means  of  applying  language  to  them,  is,  of  course,  irrelevant 
to  a  metaphysician.  But  for  us  the  problem  of  connecting 
language  with  reality,  the  problem  of  significant  language, 
still  remains.  (This  is  roughly  the  setting  of  Kant's  problem  in 
the  Critique  of  Pure  Reason.)  We  are  still  left  without  a 
criterion  for  recognition  of  the  needed  simple  elements  and, 
therefore,  without  means  of  using  language  significantly.  I  do 
not  propose,  however,  to  pursue  the  investigation  of  Wittgen- 
stein's metaphysical  vagaries;  that  is  the  weakness  and  not  the 
important  side  of  the  Tractatus  as  I  interpret  it. 

The  upshot  of  these  remarks  is  that  we  are  left  without 
criteria  for  simplicity,  and  thus  without  means  of  applying 
in  the  world  the  formal  requirements  of  significant  language. 
But  then  these  requirements  themselves  become  useless,  and 
in  application  to  our  world  meaningless.  Of  course,  even  if 
we  had  the  needed  criterion,  we  still  might  find  difficulty  in 
applying  it  in  practice.  But  such  difficulty  would  be  merely 
practical;  on  the  other  hand,  the  lack  of  any  criterion  leads 
tautologically  to  the  impossibility  of  applying  it. 

It  is  no  wonder  then  that  even  such  people  as  Russell  and 
Ramsey  find  it  difficult  to  exhibit  an  actual  case  of  an  atomic 
proposition!  The  situation  is  analogous  to  the  one  confronted 
by  the  League  of  Nations  in  1932  in  its  attempt  to  decide 
who  was  the  aggressor  in  the  Sino- Japanese  conflict;  the 
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League's  decision  had  to  be  based  on  considerations  logically 
irrelevant  to  the  question  raised,  because  the  question  itself 
was  senseless  without  a  definite  criterion  for  aggression. 

Some  criterion  is  indispensable  here.  And  my  contention, 
which  I  shall  defend  a  little  later,  is  that  any  criterion  or  rule 
of  simplicity  whatsoever  is  to  be  arbitrarily  assigned  by  our- 
selves, and  that  there  is  nothing  in  reality  to  impose  upon  us 
any  rule.  It  is  then  senseless  to  look  in  reality  for  a  criterion 
of  simplicity,  and  therefore  for  what  is  to  be  the  element  and 
what  atomic  fact  in  our  experience.  To  make  this  clear  we 
have  to  discuss  in  somewhat  more  detail  the  role  of  language 
in  our  knowledge  of  the  world. 

1.32  Language  is  the  activity  in  which  we  use  some  parts 
of  our  experience  to  stand  for  or  signify  certain  other  parts 
of  our  experience.  And  the  result  of  such  an  activity  is  a 
world.  'We  make  to  ourselves  pictures  of  facts'  (2.1),  and 
the  picture  itself  is  also  a  fact  (2.141) — the  fact  that  'its  ele- 
ments are  combined  with  one  another  in  a  definite  way' 
(2.14).  Thus,  when  actually  used,  'the  gramophone  record, 
the  musical  thought,  the  score,  the  waves  of  sound,  all  stand 
to  one  another  in  that  pictorial  internal  relation,  which  holds 
between  language  and  the  world'  (4.014).  Until  so  inter- 
related and  interpreted,  our  experience  is  not  the  world.  All 
our  experience  and  knowledge  of  the  world  is  through  lan- 
guage in  this  wide  sense  of  the  word;  there  can  be  no  other 
world  for  us  besides  the  one  that  is  organized  on  our  own 
terms,  and  thus  there  can  be  no  world  for  us  except  as  under- 
stood through  language.  'The  limits  of  my  language  mean 
the  limits  of  my  world'  (5.6);  'to  give  the  essence  of  propo- 
sition means  to  give  the  essence  of  all  description,  therefore 
the  essence  of  the  world'  (5.4711).  Wittgenstein's  view  on 
language  is  a  version  of  Kant's  'Copernican  revolution  in 
philosophy'. 

Which  parts  of  experience  we  shall  use  as  symbols  and 
which  as  symbolized  is  logically  arbitrary,  and  in  practice  the 
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choice  is  directed  by  tradition,  convenience,  or  even  merely 
by  accident.  There  is  no  necessity  of  calling  a  certain  object 
'cabbage'  or  'chou'  any  more  than  'Kohl'  or  'kapusta'  or  any- 
thing else.  We  naturally  tend  to  take  the  less  bulky  and  more 
handy  things  to  be  the  symbols,  but  even  that  is  not  always 
the  case.  As  Whitehead  points  out  in  his  profound  little  book, 
Symbolism,  a  poet  in  the  throes  of  composing  a  poem  may 
very  well  use  the  trees  in  the  woods  to  stand  as  symbols  for 
the  words  of  the  poem  he  is  composing;  as  Whitehead  puts 
it  (p.  12),  'He  concentrates  on  the  trees  in  order  to  get  at 
the  words'.  Theoretically  it  is  irrelevant  what  parts  of  our 
experience  are  used  as  the  material  of  symbols;  they  very  well 
may  be  'made  up  of  spatial  objects  (such  as  tables,  chairs, 
books)  instead  of  written  signs'  (3.1431).  Thus,  what  is  to 
be  a  symbol  and  what  symbolized  depends  upon  the  functional 
relationship  of  the  facts  and  elements  within  our  world,  and 
this  relationship  is  determined  by  the  language  activity  and  is 
relative  to  the  conceptual  base  of  the  language  as  chosen  in 
that  activity.  It  is  almost  needless  to  add  that  for  Wittgenstein 
the  symbols  need  not  be  mental.  In  fact  ideas  and  images  are 
in  many  ways  less  satisfactory  as  symbols  than,  for  instance, 
letters,  because  they  are  more  vague  and  fleeting  than  letters. 
No  absolute  fixed  once-and-for-all  separation  could  be  es- 
tablished between  language  and  the  world  within  which  the 
language  is  being  used.  It  is  a  common  mistake  of  both 
rationalists  and  traditional  empiricists  completely  to  separate 
language  (in  their  terminology,  mind)  from  the  world.  Lan- 
guage interrelates  the  factors  of  our  experience;  without  such 
interrelation  no  experience  of  the  world  is  possible,  and  it  is 
senseless  to  try  to  discuss  impossible  experiences;  yet  with- 
out there  being  a  world,  language  would  be  also  impossible. 
To  put  it  in  a  different  way:  without  thought  (for  Wittgenstein 
equivalent  to  language)  the  objects  of  thought  would  be 
meaningless,  and  then  the  world  without  being  thought  about 
would  be,  tautologically,  meaningless;  but  without  a  world 
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there  would  be  no  activity  which  is  thinking,  therefore  no 
thought,  no  language.  To  ask  what  is  language  in  this  broad 
sense  apart  from  reality  and  what  is  reality  apart  from  lan- 
guage, is  to  err  in  the  very  formulation  of  the  question.  We 
should  ask  instead:  What  shall  we  look  upon  as  language 
and  what  as  reality?  And  in  dealing  with  this  question  our 
principle  must  be  not  to  make  any  sweeping  universal  meta- 
physical assertions,  but  always  to  stop  with  the  concrete 
situations  within  our  world.  It  is  we  who  make  to  ourselves 
the  picture  of  facts  in  our  world.  Language  can  be  used  only 
within  the  region  determined  by  the  language  itself.  We  must 
not  think  of  language  as  if  devised  by  a  being  entirely  apart 
from  the  world,  as  if  a  philosophical  tailor  were  taking  some 
cosmological  measures  for  a  categorical  costume  of  an  onto- 
logical  customer  entirely  apart  and  distinct  from  the  self- 
contained  tailor,  as  well  as  from  the  character  of  the  measur- 
ing appliances  used. 

One  of  the  things  we  must  avoid  in  discussing  this  problem 
of  the  relation  between  language  and  the  world  is  the  tendency 
to  look  for  absolute  entities  or  realities  in  what  we  mean  or 
refer  to.  What  is  actually  meant  is  to  be  determined  in  each 
particular  case  by  the  language  activity  itself  within  the  given 
context,  and  we  must  not  speak  about  once-and-for-all-fixed 
'reality  in  itself'  to  which  we  must  refer  in  the  last  analysis 
each  and  all  of  our  propositions.  When  I  say  'I  have  a  head- 
ache', it  is  my  headache  that  is  meant  as  it  is  understood  by 
my  family  or  acquaintances  or  a  doctor;  and  within  the  con- 
text in  which  I  use  this  expression  it  has  definite  even  though 
not  very  precise  meaning;  it  is  sufficiently  meaningful  to  my 
friend,  who  suggests  that  I  take  an  aspirin  tablet;  no  question 
of  the  ultimate  reality  of  my  headache  or  of  aspirin  arises. 
Again,  when  we  refer  in  astronomy  to  'the  other  side  of  the 
moon'  our  meaning  is  clear  to  the  astronomers  within  the 
context  of  their  scientific  conventions.  'There  is  a  chair  in 
the  next  room'  is  a  false  but  meaningful  proposition  within 
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the  context  of  everyday  speech  if  there  is  no  chair  in  the  next 
room.  By  there  being  no  chair  in  the  next  room  we  mean,  on 
the  level  of  everyday  context,  that  if  we  go  into  the  next 
room  we  shall  find  no  chair  there;  we  know  how  to  verify 
this  proposition,  and  this  knowing  raises  no  further  problems. 
In  the  case  of  Caesar's  death  (whether  by  murder  or  illness 
in  bed)  the  procedure  is  more  complicated  but  is  again  deter- 
mined by  the  historian's  conventions  of  how  to  deal  with  past 
events.  In  each  case  here  we  know  within  the  actual  concrete 
context  what  is  the  symbol  and  what  is  the  symbolized;  the 
meanings  here  are  clear  and  unambiguous  even  if  not  entirely 
precise;  and  no  problem  of  the  ultimate  realities  arises. 

All  this  does  not,  of  course,  mean  that  language  and  the 
world  are  identical  (in  the  language  of  traditional  idealism, 
that  thought  and  being  are  the  same);  it  means  only  that 
without  language  we  could  have  no  connected,  systematic 
experience,  no  world.  While  our  language  determines  the 
scope  of  meaningful  discourse,  and  thus  limits  the  possibilities 
within  our  world,  it  does  not  and  cannot  determine  the  ex- 
istence or  nonexistence  of  anything  within  the  world.  As 
Anatole  France  remarked,  'The  most  scientific  system  of 
numbering  will  not  help  us  to  find  a  book  if  the  book  is  no 
longer  in  its  place'.  What  actually  is  in  the  world  has  to  be 
found  by  observation  and  cannot  be  deduced  from  the  formal 
requirements  of  language.  'What  lies  in  its  application  logic 
cannot  anticipate'  (Tractatus,  5.557);  'There  is  no  order  of 
things  a  priori'  (5.634).  The  truth  of  a  proposition  does 
not  depend  on  the  language  but  on  the  actual  state  of  affairs 
in  the  world.  Wittgenstein  holds  the  correspondence  theory 
of  truth.  'In  order  to  discover  whether  the  picture  is  true  or 
false  we  must  compare  it  with  reality'  (2.223).  But  we  need 
no  metaphysics  here,  no  'external  reality'  outside  the  limits  of 
our  experience.  Both  the  pictures  and  what  is  pictured  exist 
in  the  same  sense;  both  are  facts  and  equally  real.  We  com- 
pare the  proposition  and  the  fact  it  expresses  within  the  same 
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world,  but  'It  cannot  be  discovered  from  the  picture  alone 
whether  it  is  true  or  false'  (2.224).  There  is  no  picture  which 
is  a  priori  true'  (2.225). 

Perhaps  we  might  introduce  here  merely  for  convenience  of 
discussion  a  terminological  distinction  between  event  and  fact 
in  order  to  discriminate  between  that  aspect  of  our  experience 
which  is  not  affected  by  language,  the  objective  aspect,  so  to 
say,  and  the  aspect  contributed  by  language.  An  event  when 
it  is  fitted  into  the  schema  of  discourse  becomes  a  fact.  We 
cannot  discuss  sheer  events.  The  proposition  'The  pen  is  on 
the  table'  describes  the  fact  that  the  pen  is  on  the  table;  and 
this  proposition  cannot  be  true  unless  there  is  an  event  which 
can  be  organized  within  our  system  of  language  into  the  fact 
of  the  pen's  being  on  the  table;  but  we  could  not  describe 
the  mere  event  without  its  being  formulated  into  a  fact.  Events 
are  what  just  happen;  facts  are  events  formulated  within  our 
system  of  language,  within  our  universe  of  discourse.  I  shall 
not,  however,  adhere  to  this  terminological  distinction  because 
Wittgenstein  himself  does  not  make  it,  and  will  continue  to 
use  the  term  'fact'  to  cover  both. 

1.33  And  now  we  can  return  to  the  discussion  of  the 
formal  conditions  necessary  for  the  application  of  language 
in  a  possible  world,  that  is,  to  the  problem  of  grammar,  which 
we  left  (p.  20)  at  the  discussion  of  the  criteria  of  simplicity 
in  order  to  discuss  the  connection  between  language  and 
reality.  By  grammar  in  this  wide  sense  of  the  term  we  are  to 
understand  any  set  of  rules  governing  the  use  of  symbolism. 

1.331  It  is  important  to  note  that  grammar  logically 
precedes  the  application  of  symbolism:  'Logic  precedes  every 
experience — that  something  is  so'  (5.552).  Before  we  can  use 
symbols  we  must  determine  their  meaning,  but  'the  deter- 
mination ...  is  only  a  description  of  symbols  and  asserts 
nothing  about  what  is  symbolized'  (3.317).  'It  is  before  the 
How,  not  before  the  What'  (5.552).  That  the  rules  of  gram- 
mar are  not  empirical  propositions  is  obvious  from  the  fact 
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that  there  is  no  sense  in  raising  a  question  of  truth  or  falsity 
of  a  rule  of  grammar.  'In  order  to  know  an  object,  I  must 
know  not  its  external  but  all  its  internal  qualities'  (2.01231). 
The  internal  or  formal  qualities  or  properties  are  the  qualities 
determining  the  concept  of  the  object,  the  qualities  without 
which  the  object  cannot  be  thought  of,  the  qualities  which 
we  can  deduce  from  the  very  concept  of  this  object;  'a 
property  is  internal  if  it  is  unthinkable  that  its  object  does 
not  possess  it'  (4.123).  In  a  word,  internal  properties  are 
those  that  belong  to  the  grammar  of  the  term.  External 
properties  are  those  that  are  merely  factual  or  empirical,  those 
that  have  no  effect  on  the  concept  of  the  object,  do  not  belong 
to  the  grammar  of  the  term.  It  is  an  internal  property  of  a 
pen  that  it  can  be  used  as  an  instrument  in  writing;  but 
whether  it  is  a  fountain  pen  or  a  goose  quill,  black,  white,  or 
green  are  external  properties  of  the  pen.  Thus,  the  meaning 
of  a  symbol  is  known  from  its  grammar,  which  is  assigned  to 
the  symbol.  And  if  we  know  the  grammar  of  a  symbol  we 
know  how  to  use  the  symbol  in  language;  the  grammar  of  a 
symbol  determines  the  range  of  its  applicability:  'if  a  thing 
can  occur  in  an  atomic  fact  the  possibility  of  that  atomic  fact 
must  already  be  prejudged  in  the  thing'  (2.012).  The  possible 
logically  precedes  the  actual. 

1.332  Here  I  must  insert  a  few  remarks  on  the  much- 
discussed  subject  of  possibility.  'Possible'  is  for  Wittgenstein 
what  is  expressible  in  language:  'The  picture  contains  the  pos- 
sibility of  the  state  of  affairs  which  it  represents'  (2.203). 
'The  thought  contains  the  possibility  of  the  state  of  affairs 
which  it  thinks.  What  is  thinkable  is  also  possible'  (3.02). 
'Possible'  refers  to  the  scope  of  the  language,  to  what  Wittgen- 
stein calls  the  'logical  space',  and  therefore  includes  the  actual 
facts  in  the  world  insofar  as  what  is  actual  in  our  world  must 
be  expressible  in  our  language.  What  is  actual  in  the  world  is 
also  expressible  or  possible,  but  the  possible  is  not  necessarily 
actual:  'Every  thing  is,  as  it  were,  in  a  space  of  possible 
atomic  facts.  I  can  think  of  the  space  as  empty,  but  not  of 
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the  thing  without  the  space'  (2.013).  The  grammar  of  our 
language  draws  the  limits  to  the  possible;  the  objects  of  our 
language  'contain  the  possibility  of  all  states  of  affairs' 
(2.014).  The  objects  of  our  thought  cannot  occur  without 
their  grammar;  when  we  apply  language  to  reality  we  do  not 
have  to  discover  what  property  a  certain  thing  has  in  reality, 
but  just  the  reverse:  first  we  assign  the  properties  which  the 
thing  is  to  have  and  only  then  try  to  recognize  in  reality  the 
thing  whose  properties  we  have  assigned.  'If  I  know  an  object, 
then  I  also  know  all  the  possibilities  of  its  occurrence  in 
atomic  facts.  ...  A  new  possibility  cannot  subsequently  be 
found'  (2.0123);  'If  things  can  occur  in  atomic  facts,  this 
possibility  must  already  lie  in  them'  (2.0121); 'if  a  thing  can 
occur  in  an  atomic  fact  the  possibility  of  that  atomic  fact 
must  already  be  prejudged  in  the  thing'  (2.012).  Grammar 
logically  is  prior  to  the  application.  This  view  of  possibility  is 
essentially  that  of  Hume:  'Whatever  the  mind  clearly  con- 
ceives includes  the  idea  of  possible  existence,  or  in  other 
words,  that  nothing  we  imagine  is  absolutely  impossible' 
(Treatise,  Selby-Bigge  ed.,  p.  32).  Wittgenstein  differs  from 
Hume  in  lifting  the  problem  from  the  psychological  confines 
of  Hume's  treatment.  Possibility  on  this  view  has  meaning 
only  in  discourse,  and  refers  to  the  scope  of  the  symbolism. 
'Sheer  events  in  themselves'  are  outside  discourse,  and  pos- 
sibility and  impossibility  cannot  apply  to  them.  There  seems 
to  be  another  kind  of  possibility,  however,  which  is  con- 
sidered as  residing  in  some  way  in  the  nature  of  things  them- 
selves regardless  of  our  actual  knowledge  about  them.  But 
if  there  were  such  a  'possibility'  in  our  world,  it  still  must 
be  at  least  knowable,  that  is,  expressible  by  our  language; 
otherwise  it  is  utter  nonsense  to  us.  It  is  then  something  to 
be  determined  by  observation  within  the  world,  that  is,  within 
the  power  of  symbolization  of  our  language.  In  short,  this 
latter  'possibility'  is  then  but  another  name  for  an  empirical 
law  of  nature.  When  we  say  that  something  is  possible  in 
this   sense  we  simply  mean  that  it  is  within  the  law  of 
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regularity  of  nature  as  postulated  on  the  basis  of  observation 
and  experimentation.  We  may  distinguish  various  degrees  of 
this  so-called  'possibility'  in  the  extent  and  the  specificity  of 
the  field  under  consideration,  ranging  from  the  possibility  that 
the  laws  of  physics  will  hold  tomorrow  to  the  possibility  that 
there  is  a  chair  in  the  next  room.  But  discussion  of  this  dis- 
tinction is  entirely  outside  the  task  of  this  book.  This  second 
use  of  the  term  'possibility'  is  narrower  than  and  is  included 
in  the  first  meaning.  Our  natural  laws  are  propositions  or, 
rather,  models  for  making  propositions,  and  therefore  are 
always  expressible  in  our  language.  But  our  language  can 
express  more  than  a  natural  law  would  allow. 

An  illustration  may  help  to  clarify  the  view  of  possibility 
I  am  trying  to  explain.  A  little  boy,  my  neighbor,  insists  that 
my  wife  is  my  mother.  While  this  is  a  grave  moral  indictment, 
it  is  logically  quite  possible.  It  could  be  true,  and  then  it 
would  be  theoretically  possible  for  my  friend  to  substantiate 
his  accusation.  That  it  happens  to  be  false  as  a  matter  of  fact 
does  not  detract  from  its  possibility.  So  far  my  little  friend 
makes  a  significant,  even  though  false,  statement.  But  he  goes 
farther  and  makes  another  statement,  significant  if  taken  by 
itself,  even  though  again  false,  namely,  that  I  am  my  wife's 
father.  Now,  while  either  of  these  statements  if  taken  alone 
describes  a  possible  situation,  yet  when  they  are  made  in  con- 
junction (as  "I  am  my  mother's  husband  and  I  am  my  wife's 
father"),  the  result  is  a  self -contradictory  statement,  and  can- 
not possibly  describe  an  actual  situation  in  the  world.  In 
order  to  defend  myself  against  my  friend's  accusation  of 
double  moral  turpitude,  I  do  not  have  to  appeal  to  the  facts 
of  my  biography  or  any  other  facts  in  the  world,  as  I  would 
have  to  do  if  he  contented  himself  with  either  one  of  his  single 
accusations.  All  I  have  to  do  now  in  order  to  refute  him  is 
to  show  that  his  accusation  is  self-contradictory  and  therefore 
what  he  says  about  me  is  impossible;  and  I  can  do  that  by 
merely  pointing  out  that  the  grammar  of  the  words  'father', 
'mother',  'wife',  and  'husband'  makes  it  impossible  to  make  a 
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significant  proposition  out  of  the  sentence  'I  am  my  mother's 
husband  and  I  am  my  wife's  father'.  The  impossibility  follows 
from  the  grammar  of  our  language.  A  still  simpler  illustration 
is  that  of  the  'round  square'.  It  is  possible  to  have  round 
things,  and  it  is  possible  to  have  square  things,  but  it  is  im- 
possible to  have  round-squared  things;  and  for  finding  out 
the  possibilities  and  the  impossibility  here  we  do  not  have  to 
go  to  experience  but  merely  examine  the  grammar  of  our  lan- 
guage. 

The  subject  of  possibility  is  interesting  and  important,  but 
I  will  not  pursue  it  here  any  further.  I  have  inserted  this  short 
discussion  in  order  to  make  clearer  the  statement  that  the 
grammatical  determination  logically  precedes  the  application 
of  language  in  the  world,  and  now  we  can  return  to  the  inter- 
rupted discussion  of  that  topic. 

1.333  It  is  very  important  in  Wittgenstein's  view  that  the 
grammar  logically  precedes  the  application  of  language  in 
the  world,  and  therefore  we  cannot  deduce  grammatical  rules 
of  our  language  from  experience  any  more  than  we  can  deduce 
a  standard  of  measure  (which  is  also  a  rule,  of  course)  from 
our  spatial  experience.  Of  course  the  determination  of  gram- 
mar may  be  affected  by  practical  considerations,  but  that  is 
logically  irrelevant.  We  may,  for  example,  find  it  convenient 
to  use  the  length  of  man's  foot  as  a  measure  because  we  find 
rigid  bodies  to  be  readily  measurable  by  the  foot  as  a  standard 
of  measure.  But  before  the  foot  becomes  the  standard  it  must 
be  chosen  to  be  the  standard.  This  determination  does  not 
depend  on  the  fact  that  there  are  many  or  any  things  to  which 
this  standard  can  be  conveniently  applied;  and  it  is  merely  an 
accident  that  the  original  standard  measure  happened  to  be 
the  actual  foot  of  some  prehistoric  geometer.  The  original  foot 
of  the  original  geometer  was  not  so  measured  before  the  man 
decided  to  consider  it  to  be  the  standard;  and  thus  his  foot 
was  not  of  the  length  of  one  foot  before  the  original  decision. 
It  is  only  after  the  foot  was  chosen  as  the  standard  that  it 
became  the  standard,  something  fixed  within  the  language  of 
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the  geometer,  to  be  used  in  measuring  spatial  objects,  includ- 
ing his  own  feet.  We  choose  our  standard  and  its  rules  arbi- 
trarily before  we  can  use  it.  But  on  the  other  hand  this  stand- 
ard has  a  significance  in  the  world:  by  means  of  this  standard 
we  know  how  to  measure  the  world,  and  the  results  will  not 
be  arbitrary. 

This  priority  or  independence  of  the  grammar  from  ex- 
perience is  logical  and  not  psychological  or  in  any  other  sense 
empirical.  Aristotle  said:  'Now  "prior"  and  "better  known" 
are  ambiguous  terms,  for  there  is  a  difference  between  what  is 
prior  and  better  known  in  the  order  of  being  and  what  is 
prior  and  better  known  to  man'  (Posterior  Analytics,  71b30). 
If  we  change  'the  order  of  being'  to  'the  determination  of 
grammar',  this  passage  expresses  the  distinction  drawn  here 
between  the  logical  and  the  psychological  or  empirical.  The 
grammar  of  language  cannot  be  deduced  from  experience, 
even  though  experience  may,  and  often  does  as  a  matter  of 
fact,  precede  temporally  the  formation  of  particular  rules. 
'We  can  know  a  priori  of  things  only  what  we  ourselves  put 
into  them',  as  Kant  said  (Critique  of  Pure  Reason,  Bxviii). 

This  distinction  may  be  also  expressed  by  the  contrast  be- 
tween the  ground  or  reason  embodied  in  a  rule  and  the  causes 
which  lead  us  to  adopt  the  rule  in  practice.  The  causal  con- 
nections are  always  hypothetical  and  are  to  be  established 
empirically;  the  grounds  of  a  rule  are  categorical  and  are 
established  within  language,  are  merely  linguistic  assertions. 
The  cause  and  the  ground  express  two  entirely  different  mean- 
ings of  the  status  of  a  rule.  The  cause  is  to  be  ascertained  by 
experience,  and  may  be  confirmed  or  refuted  by  experience; 
the  ground  is  given  in  the  rule  itself,  and  before  we  can  apply 
it.  A  rule  would  be  a  rule  even  if  there  were  no  causal  con- 
nections in  the  world.  The  rule  is  purely  discursive  and  can- 
not be  found  in  experience  as  a  calf  with  ten  legs  could  be 
found. 

Let  us  take  as  an  example  the  reading  aloud  of  an  English 
book.  Why  do  we  pronounce  words  as  we  do?  On  one  hancj 
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I  can  give  a  causal  explanation:  my  nerves  are  stimulated  by 
the  sight  of  these  letters  in  such  a  way  that  I  make  certain 
noises,  and  my  nervous  reaction  is  conditioned  by  my  train- 
ing. This  explanation  may  be,  of  course,  false  in  detail.  But 
a  similar  explanation  could  also  be  given  for  any  mechanism 
able  to  perform  such  a  feat;  and,  while  we  do  not  deny  that 
our  organisms  may  be  reacting  mechanically  in  our  behavior, 
the  causal  explanation  of  our  behavior  does  not  give  us  any 
account  of  the  rules  of  the  English  language.  It  explains  the 
causal  connection  between  letters  and  the  sounds  I  make  upon 
seeing  the  letters,  but  it  is  not  concerned  with  any  rules  or  with 
conformity  to  them.  On  the  other  hand,  if  someone  asked  me 
why  I  pronounce  certain  letters  as  I  do,  I  would  answer,  not 
with  a  description  of  the  processes  in  my  nervous  system  and 
of  my  training,  but  with  a  rule.  The  distinction  here  is  logi- 
cal: the  character  of  my  behavior  follows  from  the  rule,  not 
in  the  sense  of  being  caused  by  it,  as  the  talking  of  a  phono- 
graph is  caused  by  my  turning  the  switch,  but  in  the  sense 
that  the  character  of  my  behavior  conforms  to  the  rule.  If 
asked  for  a  rule,  we  state  a  rule.  And  if  asked  by  what  we  are 
guided  in  acknowledging  this  rule,  we  refer  to  some  other  rule, 
and  not  to  experience.  If  we  are  pressed,  eventually  we  shall 
have  to  stop,  however,  and  merely  'show'  the  rule  by  using 
it  in  a  concrete  case. 

The  case  of  language  is  the  same  as  the  case  of  any  game — 
chess,  for  example.  We  do  not  gather  the  rules  of  the  game 
from  the  actions  of  the  players  in  the  sense  that  we  gather 
the  laws  of  astronomy  from  observation  of  the  stars.  The 
difference  is  due  to  the  fact  that  the  rules  of  chess  are  not 
empirical  propositions  to  be  confirmed  or  refuted  by  the 
moves  of  an  actual  game.  The  rules  would  be  the  same  if 
no  one  ever  played  the  game,  or  if  all  the  players  were  always 
cheating  and  not  conforming  to  the  rules.  The  result  of  our 
observation  of  the  players  would  be:  'They  play  in  such  and 
such  a  way'.  This  would  be  an  empirical  proposition  about 
the  action  of  the  players;  it  would  not  be  a  statement  of  the 
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rules  of  chess,  because  the  rules  of  chess  are  rules  and  not  the 
natural  laws  of  behavior  of  the  chess  players  as  gathered  from 
observation  of  the  players.  It  may,  of  course,  happen  that 
the  laws  derived  from  prolonged  observation  of  the  move- 
ments of  the  chessmen  in  actual  games  will  completely  coin- 
cide with  the  rules  of  chess.  But  the  fundamental  distinction 
between  grammatical  rules  and  laws  obtained  from  observa- 
tion will  still  hold:  rules  are  in  principle  fixed  a  priori  and 
once  for  all  before  the  game  can  be  played,  while  the  empiri- 
cal laws  are  gathered  from  experience,  are  hypotheses,  and 
may  be  refuted  by  experience.  Certain  rules  may  be  logically 
prerequisite  for  having  the  type  of  experience  we  happen  to 
have.  But  it  is  not  logically  necessary  that  there  should  have 
been  such  experiences  as  we  do  have,  and  with  different  rules 
of  organizing  the  raw  data  we  could  have  had  a  different  type 
of  experience.  That  a  picture  .  .  .  can  be  described  by  a 
network  of  a  given  form  asserts  nothing  about  the  picture. 
(For  this  holds  for  every  picture  of  this  kind.)  But  this  does 
characterize  the  picture,  .  .  .  that  it  can  be  completely  de- 
scribed by  a  definite  net  of  definite  fineness'  (6.342).  The 
question  "What  is  the  rule?"  is  the  question  about  the  deter- 
mination of  the  use  of  the  symbols  or  objects,  and  therefore  it 
will  not  be  answered  by  the  facts  of  experience,  but  only  by 
the  description  of  the  rules  for  the  use  of  the  symbols  before 
the  symbols  can  be  used.  In  the  terminology  of  Wittgenstein 
it  will  be  answered  by  what  language  'shows'  and  not  by 
what  it  'says'.  We  must  understand  the  internal  or  grammati- 
cal properties  of  our  language  before  we  can  make  any  practi- 
cal use  of  it,  before  'saying'  anything.  'The  determination  will 
.  .  .  deal  only  with  symbols  not  with  .  .  .  what  is  sym- 
bolized' (3.317). 

Kant  thought  that  the  rules  indispensable  for  the  human 
experience  are  fixed  a  priori  forms  of  our  'knowing  faculty'. 
For  Wittgenstein  they  are  the  rules  of  grammar  of  our  lan- 
guage by  means  of  which  we  organize  our  experience.  With 
this  essential  difference,  Kant's  opening  statements  in  the 


32       OBJECTS,  ATOMIC  FACTS,  AND  LANGUAGE 

Introduction  to  his  Critique  of  Pure  Reason  fits  in  well  with 
Wittgenstein's  view  as  I  interpret  it  here: 

All  our  knowledge  begins  with  experience  .  .  .  But  ...  it  does 
not  follow  that  it  all  arises  out  of  experience.  For  it  may  well  be 
that  even  our  empirical  knowledge  is  made  up  of  what  we  receive 
thru  impressions  and  of  what  our  own  faculty  of  knowledge  .  .  . 
supplies  from  itself  ...  it  may  be  that  we  are  not  in  a  position 
to  distinguish  it  from  the  raw  material  until  with  long  practice  of 
attention  we  have  become  skilled  in  separating  it  (Critique  of  Pure 
Reason,  Bi). 

Incidentally,  the  confusion  between  the  formal  meaning  of 
rules  and  the  natural  laws  is  the  source  of  the  blunders  com- 
mitted by  those  philosophers  who,  like  J.  S.  Mill,  hold  that 
logic  and  mathematics  are  based  upon  experience  and  not 
upon  the  rules  of  symbolism. 

1.34  The  view  on  language  and  its  grammar  just  presented 
is,  I  believe,  essentially  and  on  the  whole  what  was  intended 
to  be  presented  in  the  Tractatus.  Assuming  that  my  account 
of  Wittgenstein  here  is  correct,  I  will  criticize  him  for  not 
adhering  to  his  own  view  on  certain  occasions.  Wittgenstein  is 
guilty,  I  believe,  of  confusing  at  times  the  psychological 
capacity  with  logical  necessity,  of  certain  empirical  considera- 
tions with  the  logical  grounds  of  grammatical  rules.  Wittgen- 
stein is  aware  of  the  danger  of  confusing  psychology  with 
logic:  'Does  not  my  study  of  sign-language  correspond  to  the 
study  of  thought  processes  which  philosophers  held  to  be  so 
essential  to  the  philosophy  of  logic?  Only  they  got  entangled 
for  the  most  part  in  unessential  psychological  investigations, 
and  there  is  an  analogous  danger  for  my  method'  (4.1121). 
In  spite  of  this,  however,  Wittgenstein  did  get  entangled  in 
psychology  or  at  any  rate  with  empirical  considerations,  even 
if  not  'for  the  most  part'.  As  an  example,  we  can  take  his 
discussion  of  color. 

1.341  Wittgenstein  says:  'A  speck  in  a  visual  field  need 
not  be  red,  but  it  must  have  a  colour;  it  has,  so  to  speak,  a 
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colour  space  round  it'  (2.0131).  Considering  the  abstruseness 
of  Wittgenstein's  style  and  his  fondness  for  metaphors,  a 
favorable  interpretation  of  this  passage  might  be  that  it  is 
merely  a  sketchy  description  of  the  grammar  of  the  terms 
'red',  'colour',  and  'space',  and  not  at  all  a  description  of 
psychological  experiences  of  colors.  This  interpretation  seems 
to  be  substantiated  by  the  first  paragraph  of  6.3751 :  'For  two 
colours,  e.g.,  to  be  at  one  place  in  the  visual  field,  is  .  .  . 
logically  impossible,  for  it  is  excluded  by  the  logical  structure 
of  colour',  where  by  the  logical  structure  we  may  mean  the 
grammar  of  color.  But,  unfortunately,  the  second  paragraph 
of  the  same  6.3751  makes  such  interpretation  too  strained: 
'Let  us  consider  how  this  contradiction  presents  itself  in 
physics.  Somewhat  as  follows:  That  a  particle  cannot  at  the 
same  time  have  two  velocities,  i.e.,  that  at  the  same  time  it 
cannot  be  in  two  places,  i.e.,  that  particles  in  different  places 
at  the  same  time  cannot  be  identical'.  Here  Wittgenstein  tries 
to  reduce  color  to  the  physicist's  account  of  it.  But  physics  is 
for  Wittgenstein  an  empirical  science  (3.0321),  and  thus  he 
tries  to  reduce  his  account  of  color  to  empirical  laws.  Whether 
in  our  analysis  of  color  we  stop  with  physical  or  psychological 
laws,  we  are  in  either  case  dealing  with  experience  and  not 
with  the  rules  of  language;  the  grammar  of  color  is  then 
treated  as  a  natural  law  about  psychological  or  physical  ex- 
periences, and  not  as  a  set  of  rules  of  language  determined  in- 
dependently of  the  actual  state  of  affairs  in  the  world. 

1.342  But  my  criticism  of  Wittgenstein  here  goes  even 
farther.  The  natural  laws,  if  we  treat  them  as  derived  from 
empirical  observation,  cannot  give  the  fixity  required  by  the 
rules.  To  give  them  this  fixity  we  would  have  to  treat  them  as 
revealing  certain  fixity  in  nature  itself.  The  experience  of  facts 
does  not,  however,  furnish  us  with  the  fixity  required  by 
language,  and  so  we  postulate  something  fixed  and  hidden  be- 
hind the  experience,  which  we  draw  out  and  embody  in  the 
grammar  of  our  language.  Here,  again,  we  discern  a  meta- 
physical streak  in  Wittgenstein. 
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To  illustrate  this  we  might  use  a  simile.  Let  us  imagine 
rigid  bodies,  say  cubes,  made  of  some  invisible  material,  say 
solidified  air,  and  each  painted  only  on  one  face.  Let  us 
assume  that  we  are  restricted  to  visual  experiences;  we  shall 
then  be  able  to  experience  only  the  colored  squares  but  not  the 
other  parts  of  the  cubes.  Let  us  assume  that  we  can  move  the 
colored  squares  about.  We  will  find  that  we  cannot  move  the 
colored  squares  entirely  arbitrarily;  that  is  so,  of  course, 
because  the  invisible  cubes  of  which  the  squares  are  the  faces 
prevent  certain  movements.  From  the  experience  of  moving 
these  squares  we  may  derive  a  law  for  the  motion  of  colored 
squares,  which  may  lead  to  a  postulate  that  there  are  in- 
visible cubes  attached  to  each  of  our  squares  and  that  our 
laws  of  the  possible  relations  of  colored  squares  in  space  are 
due  to  the  properties  of  the  invisible  cubes.  Our  laws  are  con- 
ditioned by  something  which  is,  by  hypothesis,  beyond  our 
experience.  We  are  talking  metaphysics. 

Wittgenstein  the  metaphysician  seems  to  imply  that  there 
is  something  inexperienceable  in  nature  and  that  the  fixed 
grammar  of  color  is  due  to  this  hidden  something  with  its  own 
properties.  This  view  has  to  be,  of  course,  rejected  on  the 
positivistic  interpretation  of  the  Tractatus.  What  is,  by  hy- 
pothesis, inexperienceable  is,  tautologically,  meaningless  and 
is  ruled  out  of  discussion.  But  let  us  change  the  simile  a 
little.  Let  us  reject  the  metaphysical  bodies,  and  instead  of 
them  postulate  fixed  and  permanent  relations  between  the 
colored  squares,  and  then  consider  the  rules  of  grammar  of  the 
colored  squares  as  natural  laws  depicting  these  fixed  relations. 
The  fixity  of  relations  is  then  a  scientific  hypothesis  based  on 
some  empirical  evidence,  and  so  it  does  not  convey  any 
logical  fixity  or  necessity.  And  if  we  decide  to  consider  these 
relations  as  fixed,  then  they  become  rules  of  our  language. 
The  laws  of  the  possibility  of  spatial  arrangements  of  the 
colored  squares  are  nothing  but  grammatical  rules.  Whether 
they  correspond  or  not  to  our  experience  is  another  and 
practical  matter. 


OBJECTS,  ATOMIC  FACTS,  AND  LANGUAGE       35 

We  cannot  actually  separate,  but  we  still  must  distinguish, 
the  grammar  of  colors  from  the  facts  of  our  experiencing 
color.  Regardless  of  the  origin,  usefulness,  and  even  em- 
pirically invariable  coordination  of  this  grammar  with  ex- 
perience, we  must  not  consider  the  grammatical  rules  as 
registrations  of  empirical  observations.  The  necessity  we  find 
in  the  properties  of  color  (for  example,  that  it  is  impossible 
for  what  is  red  also  to  be  green)  is  a  necessity  of  rules,  of  the 
internal  or  logical  properties  of  the  concept  of  color,  and 
not  of  the  facts.  There  is  no  necessity  in  facts;  facts  simply 
are  or  are  not,  'and  everything  else  remain[s]  the  same' 
(1.21).  Necessity  is  only  formal  or  logical,  that  of  following 
consistently  the  accepted  rules  of  language  as  long  as  we  use 
language,  and  'There  is  only  a  logical  necessity  .  .  .  only  a 
logical  impossibility'  (6.375).  It  is  the  same  necessity  as 
that  of  following  the  rules  of  a  game,  if  we  are  to  play  the 
game.  We  do  not  have  to  play  chess,  but  if  we  do,  then  we 
must  conform  to  the  rules  of  chess;  and  if  we  do  not  conform, 
we  are  simply  not  playing  chess  but  doing  something  else. 
It  is  logically  impossible  to  play  the  game  without  following 
the  rules. 

1.343  An  objection  may  be  offered  here  that  there  is  a 
fundamental  difference  between  the  experiences  of  seeing  color 
and  of  playing  chess.  We  find  that,  whether  we  like  it  or 
not,  the  grammar  of  color  is  empirically  unavoidable  in  actual 
dealing  with  our  visual  experiences,  while  we  can  very  well 
make  up  another  set  of  rules  for  the  chessmen,  and  play  some 
other  kind  of  game  with  the  same  pieces  on  the  same  board. 
It  seems  that  there  is  some  necessity,  besides  a  merely  formal 
one,  for  our  rules  in  the  grammar  of  color,  and  that  this 
necessity  is  in  some  sense  dictated  by  experience.  But  this 
objection  is  based  on  the  confusion  of  the  'cannot'  of  ex- 
perience with  the  'impossible'  of  language.  The  coincidence  of 
the  'cannot'  of  experience  with  the  'impossible'  of  the  grammar 
of  color  is  purely  empirical  and  therefore  accidental.  Even  in 
the   game   of   chess   there   are   such  point-to-point   corres- 
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pondences  of  the  empirical  'cannot'  and  logical  'impossible'; 
we  cannot,  as  it  is  also  impossible  for  us,  have  one  and  the 
same  chesspiece  in  two  places  at  once.  The  grammar  of  the 
physical  body  here  coincides  with  the  uniformity  of  our  tactual 
experience.  The  fact  that  our  grammar  or  color  accompanies 
all  the  empirically  observed  structures  of  visual  experience 
must  not  mislead  us  into  thinking  that  the  necessity  we  find 
here  is  due  to  experience.  The  necessity  lies  only  in  our 
grammar  and  not  in  our  psychological  experience.  What  ex- 
perience establishes,  experience  may  also  destroy.  The  com- 
plete adequacy  of  the  grammar  in  its  application  to  experience 
in  the  case  of  color  is  but  an  accident  and  is  logically  ir- 
relevant to  the  necessity  of  grammar.  There  is  no  impossibility 
of  a  sudden  change  in  my  psychic  or  physiological  capacity. 
Perhaps  tomorrow,  like  a  multi-eyed  insect,  I  shall  be  able  to 
see  what  I  call  now  red  and  green  on  one  and  the  same 
patch.  I  shall  then  still  be  able  to  have  my  old  grammar  with 
its  impossibility  of  seeing  red  and  green  together,  but  it  will 
no  longer  be  adequate  to  deal  with  my  new  color  experiences. 
Perhaps  my  old  grammar  may  become  quite  useless  in  applica- 
tion, just  as  some  systems  of  geometry  may  be  useless.  I  may 
then  try  to  invent  a  new  grammar  to  meet  the  new  experiences; 
it  may  even  happen  that  the  new  experiences  will  be  so 
chaotic  that  I  shall  not  be  able  to  construct  a  grammar  ap- 
plicable to  them,  and  then  my  experiences  will  be  outside  my 
discourse,  and  therefore  outside  my  world.  In  fact  it  is  non- 
sense to  talk  about  my  future  experiences  to  which  my  present 
grammar  does  not,  by  definition,  apply,  even  if  I  should 
become  able  at  some  future  time  to  invent  a  new  grammar  to 
fit  that  sense  experience.  It  will  be  quite  a  different  world. 
But  to  come  back  to  our  present  experiences  of  color,  we  can 
say  that  the  fact  that  we  cannot  imagine  any  other  structure  of 
our  visual  experience  except  the  one  we  actually  do  imagine 
makes  all  the  discussion  of  different  visual  experiences  mean- 
ingless at  present.  But  it  does  not  make  the  actual  structure 
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necessary.  It  is  quite  possible  that  there  could  be  no  color 
experience  at  all. 

1.344  Thus,  'grammatical  determination'  is  any  logically 
arbitrary  determination  to  use  signs  in  certain  ways.  We  may 
make  here  a  distinction  between  two  kinds  of  grammatical 
rules.  Rules  of  one  kind  remain,  so  to  speak,  completely  within 
the  grammar  of  language;  we  may,  perhaps,  say  that  they  deal 
merely  with  the  purely  logical  syntax  of  language,  and  'must 
admit  of  being  established  without  mention  being  thereby 
made  of  the  meaning  of  a  sign'  (3.33).  They  deal  with  the 
so-called  logical  constants,  such  as  'or',  'and',  'not',  'if',  and 
so  on,  which  do  not  stand  for  anything  in  the  world  (4.0312, 
5.4).  They  are  not  names  with  meanings.  Thus  the  syntax  of 
'not'  says  that  a  double  negation  is  equivalent  to  an  assertion. 
'Not'  is  not  a  name  for  anything  in  reality:  'The  sign  "~" 
corresponds  to  nothing  in  reality  .  .  .  The  propositions  "p" 
and  "~  /?"  have  opposite  senses,  but  to  them  corresponds  one 
and  the  same  reality'  (4.0621);  'The  proposition  "~  ~  p" 
does  not  treat  of  denial  as  an  object'  (5.44).  Wittgenstein 
uses  the  term  'negative  fact'  (2.06),  but  this  seems  hardly 
more  than  a  linguistic  device;  negation  is  needed  in  language 
only  because  we  cannot  as  a  matter  of  fact  give  a  complete 
description  of  the  world.  If  we  were  omniscient  and  omni- 
potent and  used  a  perfect  language  we  would  have  no  need 
of  negation  or  of  any  other  'logical  constants':  'there  are  no 
such  things  as  .  .  .  "logical  constants"  '  (5.4).  [Wittgenstein, 
unfortunately,  is  not  quite  consistent  on  this  point  (5.511, 
5.512).]  Rules  of  the  other  kind  deal  with  the  symbols  de- 
signed for  dealing  with  the  world  of  experience:  'The  pos- 
sibility of  propositions  is  based  upon  the  principle  of  repre- 
sentation of  objects  by  signs'  (4.0312).  These  rules  establish 
meaning  of  symbols  in  terms  of  our  experience,  and  are  es- 
tablished by  what  W.  E.  Johnson  calls  'ostensive  definition'. 
Thus,  for  example,  I  can  say:  'These  ->  colors  I  will  call  red", 

or  'red'-^L^J.  Both  of  these  kinds  of  rules  are  included 
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in  the  grammar  of  language,  and  are  determined  logically 
independently  of  experience,  in  contrast  to  the  use  of  language 
when  we  wish  to  express  something  about  the  actual  state 
of  affairs  in  the  world.  The  grammar  of  the  language  is  fixed 
once  and  for  all;  its  use  in  making  propositions  varies  from 
case  to  case. 

1.4  After  this  long  digression  on  the  nature  of  language 
and  its  connection  with  the  world,  we  can  return  now  to  the 
discussion  of  the  problem  of  objects  and  atomic  facts.  We  have 
found  (pp.  13  ff.)  that  we  need  simple  elements  and  simple 
atomic  facts  in  order  to  meet  the  formal  requirements  of  any 
significant  language  for  meaningful  names  and  true  atomic 
propositions.  But  we  have  found  in  the  Tractatus  no  criterion 
for  what  is  to  be  considered  as  simple  in  the  application  of 
these  formal  requirements  to  the  actual  use  of  language  (p. 
17).  It  becomes  now  obvious  that,  in  the  view  here  ex- 
pounded, it  is  logically  perfectly  arbitrary  what  we  shall 
choose  to  consider  as  simple  elements  and  atomic  facts;  the 
criterion  of  simplicity  is  to  be  established  by  ourselves,  not 
found  in  the  world.  The  practical  considerations  of  con- 
venience, habit,  or  usefulness  may,  of  course,  guide  us  in  our 
grammatical  determinations,  but  are  logically  irrelevant. 

1.41  The  simple  symbols  of  a  significant  language  are 
called  names:  'The  simple  signs  employed  in  propositions  are 
called  names'  (3.202).  The  formal  definition  of  a  simple 
symbol  is  that  it  must  have  no  parts  which  are  symbols  them- 
selves: 'no  sort  of  composition  [is]  essential  for  a  name' 
(3.3411).  The  mere  physical  appearance  of  the  sign  is  acci- 
dental; what  determines  the  simplicity  of  the  symbol  is  the 
definition  or  the  grammar  of  the  symbol.  Thus  the  sign  f(a) 
may  be  considered  either  simple  or  complex,  depending  on 
the  rules  agreed  upon.  If  different  rules  are  valid  for  /  and 
for  a,  then  the  symbol  f(a)  is  complex;  if  the  rules  refer  to 
f(a)  as  a  simple  unit  symbol,  then  it  is  simple,  and  a  is  not  a 
separate  symbol  but  merely  a  typographical  curlicue,  and  may 
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be  omitted,  if  we  decide  so.  What  is  essential  here  is  the 
determination  of  the  grammar  of  the  symbol. 

What  a  name,  that  is,  a  simple  symbol,  refers  to  in  the  world 
is  to  be  considered  as  a  simple  object  or  element  in  the  world. 
We  can  take  any  object  whatsoever  in  our  experience  and 
consider  it  as  an  element.  This  simplicity  of  object  is  im- 
posed by  our  language  upon  the  brute  'given'  of  experience 
and  is  thus  relative  to  our  language.  The  grammar  of  a  name 
is  established  by  an  ostensive  definition,  by  actual  baptism  of 
a  certain  bit  of  our  experience  by  that  name.  This  bit  of 
experience  is  then  an  individual  or  simple  element  in  virtue 
of  the  role  assigned  to  it  by  our  language,  in  the  sense  that  in 
our  language  we  take  it  as  the  end  of  our  definitions,  as 
something  that  is  understood  as  the  meaning  of  the  name 
without  further  explanations.  We  define  our  symbols  by 
other  symbols,  but  eventually  we  come  to  the  symbols  which 
we  do  not  define  any  further  because  we  take  them  as  known 
directly  and  indubitably:  'A  name  cannot  be  analysed  further 
by  any  definition.  It  is  a  primitive  sign'  (3.26) — primitive, 
that  is,  relative  to  our  language.  And  the  referends  of  the 
names  are  the  elements  or  simple  particulars  in  the  world; 
they  are  simple,  we  must  stress  this,  relative  to  the  language, 
through  the  determinations  of  language.  There  is  no  sense 
in  speaking  of  absolute  simples.  So  much  for  the  simple  objects 
or  elements  in  the  world,  and  now  to  the  atomic  facts. 

Atomic  facts  are  the  facts  described  by  atomic  propositions. 
An  atomic  proposition  'consists  of  names.  It  is  a  connexion,  a 
concatenation  of  names'  (4.22),  and  contains  no  other 
constituents  except  names.  And  the  concatenations  of  the 
elements  in  the  world,  corresponding  to  the  concatenations  of 
the  names  in  atomic  propositions,  are  the  atomic  facts.  Atomic 
facts  are  thus  also  determined  through  language.  There  is  no 
sense  in  speaking  of  absolute  atomic  facts  without  reference  to 
language. 

It  is  quite  obvious  that  our  colloquial  language  is  not  the 
last  word  in  dealing  with  experience.  Here  our  discussion  and 
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analysis  starts  with  the  vague  concepts  already  existent  in  our 
language;  we  start  'somewhere  in  the  middle'  and  are  slowly 
proceeding  from  the  heritage  of  the  past.   Our  inherited 
symbolism  may  be  vague  and  confused,  and  we  must  proceed 
to  clarify  and  modify  it  to  suit  our  enlarging  experience.  It 
is  doubtful  if  we  actually  use  atomic  propositions  in  our 
colloquial  language.  The  usual  grammatical  forms  of  our 
language  suggest  more  than  atomic  propositions  should  con- 
tain. For  example,  'this  is  red'  suggests  modality  by  its  verb, 
and  is  not  specific  as  to  the  shade  of  red.  It  is  not  a  precise 
and  irreducible  proposition  even  in  our  colloquial  language, 
and  thus  it  does  not  stand  for  an  atomic  fact.  But  these  dif- 
ficulties  of  producing   genuine   simple  names   and   atomic 
propositions  are  now,  in  the  light  of  the  preceding  discussion, 
merely  practical  difficulties,  and  we  know  now  what  to  do  to 
overcome  them:  we  are  to  look  for  precision  in  determination 
of  our  grammar;  our  criteria  are  not  to  be  found,  but  must  be 
decided  upon.  And  this  is  the  business  of  the  philosophers. 
A  philosopher  must  clarify  the  rules  of  language;  he  must  step 
in  whenever  the  rules  are  unclear,  confused,  or  conflicting,  and 
help  to  extricate  us  from  these  difficulties.  He  has  to  do  this 
not  by  any  appeals  to  facts  or  truths  of  experience,  but  by 
unraveling  the  grammatical  confusions  of  our  language  and 
by  suggesting  more  adequate  rules.  If  we  cannot  find  genuine 
names  and  atomic  propositions  in  our  language,  then  either 
the  grammar  of  our  language  is  too  vague  and  amorphous 
or  we  do  not  use  it  carefully  enough.  The  cure  is  to  be  sought 
in  improving  the  grammar  and  in  using  it  more  accurately. 
1.42     Before  ending  my  discussion  of  objects  and  atomic 
facts  I  will  insert  a  brief  section  on  Wittgenstein's  view  that 
'Atomic  facts  are  independent  of  one  another'  (2.061).  This 
has  a  bearing  on  Wittgenstein's  theory  of  propositions  as 
truth  functions  of  atomic  propositions,  and  on  his  theory  of 
inference,  subjects  dealt  with  in  his  Chaps.  4,  5,  and  6,  and 
which  I  treat  primarily  in  my  Chap.  3.  Here  I  will  discuss 
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them  only  insofar  as  they  are  connected  with  my  discussion  of 
atomic  facts. 

A  name — a  simple  symbol — has  no  parts  which  are 
symbols;  within  the  context  of  our  language  it  is  taken  as 
having  no  structure.  And  therefore  it  is  logically  independent 
of  any  other  name;  we  cannot  deduce  anything  about  any 
other  name  from  the  grammar  of  a  name.  Names  cannot  con- 
tradict one  another,  and  a  complete  obliteration  of  any  one 
of  them  would  not  logically  affect  the  rest.  The  connection 
between  names  when  they  occur  in  propositions  is  logically 
accidental  or  external;  the  grammar  of  the  name  is  not 
changed  when  the  name  is  used  in  different  propositions.  Of 
course,  this  grammar  can  be  established  only  in  a  context  of 
language;  we  could  not  have  a  completely  isolated  simple 
symbol  all  by  itself  without  language.  Even  simple  symbols 
can  emerge  only  out  of  complex  experiences.  But  neverthe- 
less the  simples  are  logically  independent  of  each  other  in  the 
sense  of  being  undeducible  one  from  another.  The  simple  ob- 
jects or  elements  of  our  experience,  being  determined  by 
names  are,  consequently,  also  logically  independent  of  each 
other.  Our  knowledge  of  an  element  does  not  logically  lead 
to  knowledge  of  any  other  element  or  any  atomic  fact.  In 
the  world  of  interrelated  elements  any  of  the  elements  may  be 
annihilated  without  affecting  any  of  the  others,  because  their 
connection  is  logically  external  or  accidental.  Here  again  we 
must  admit  that  we  could  not  have  a  completely  isolated 
element,  because  all  experience  is  relational.  If  our  experience 
were  one  shade  of  red,  we  could  have  no  experience  of  this 
shade  of  red,  since  we  could  have  no  organized  world  at  all. 
An  element  if  it  is  to  be  in  the  world  has  to  stand  in  some 
(external)  relation  to  some  other  elements;  it  must  be  a  con- 
stituent of  an  atomic  fact.  This  is  a  'form  of  dependence', 
but  it  is  not  logical  dependence  in  the  sense  of  deducibility  of 
one  element  from  other  elements:  'The  thing  is  independent, 
in  so  far  as  it  can  occur  in  all  possible  circumstances,  but  this 
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form  of  independence  is  a  form  of  connexion  with  the  atomic 
fact,  a  form  of  dependence'  (2.0122). 

An  atomic  proposition  is  'a  concatenation  of  names  .  .  . 
in  immediate  combination'  (4.22,  4.221).  And,  as  names  are 
logically  independent  of  each  other,  their  concatenations  in 
atomic  propositions  are  logically  external  or  accidental  to  the 
names.  Moreover,  no  complex  part  of  an  atomic  proposition 
can  be  taken  as  a  unit  constituent  of  an  atomic  proposition, 
because  such  a  unit  would  itself  be  an  atomic  proposition,  and 
the  first  atomic  proposition  would  contain  another  atomic 
proposition  as  a  part,  which  is  contrary  to  the  definition  of 
an  atomic  proposition.  Thus,  from  an  atomic  proposition 
nothing  can  be  deduced  except  itself  and  the  names  which 
compose  it:  'From  an  elementary  [atomic]  proposition  no 
other  can  be  inferred'  (5.134),  and  atomic  propositions  are 
thus  logically  independent  of  each  other.  Now,  as  the  atomic 
facts  are  defined  as  the  facts  described  by  atomic  propositions, 
we  come  to  the  important  conclusion  that  'atomic  facts  are 
independent  of  one  another'  (2.061),  that  is,  that  'from  the 
existence  or  non-existence  of  an  atomic  fact  we  cannot  infer 
the  existence  or  non-existence  of  another'  (2.062).  'In  no 
way  can  an  inference  be  made  from  the  existence  of  one  state 
of  affairs  to  the  existence  of  another  entirely  different  from  it' 
(5.135). 

From  the  independence  of  atomic  propositions  one  from 
another,  and  the  consequent  independence  of  atomic  facts  one 
from  another,  it  follows  that  in  order  to  know  all  the  atomic 
facts  in  the  world  we  must  know  all  the  true  atomic  proposi- 
tions. The  possession  of  all  the  true  atomic  propositions  is  a 
necessary  condition  for  knowing  the  world  completely.  But 
Wittgenstein  goes  even  farther  and  says  that  it  is  also  a  suf- 
ficient condition:  'The  specification  of  all  true  elementary 
propositions  describes  the  world  completely'  (4.26)  (the 
italics  are  mine).  And  this  sufficiency  of  atomic  propositions 
for  a  complete  description  of  the  world  implies  that  molecular 
propositions,  that  is,  propositions  which  are  not  atomic,  do 
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not  describe  anything  in  the  world  over  and  above  what  can 
be  described  by  the  atomic  propositions;  in  terms  of  facts  this 
means  that  there  are  in  the  world  no  molecular  facts,  that 
'the  totality  of  existent  atomic  facts  is  the  world'  (2.04). 

This  discussion  of  atomic  propositions  and  facts  has  bear- 
ing upon  Wittgenstein's  theory  of  propositions  as  truth  func- 
tions of  atomic  propositions  and  upon  his  theory  of  inference 
or  deduction.  I  will  deal  in  my  last  chapter  with  more  techni- 
cal aspects  of  these  two  subjects,  but  I  wish  to  discuss  them 
briefly  here  insofar  as  they  are  connected  with  my  presentation 
of  atomic  propositions  and  facts. 

Atomic  propositions  are  the  original  and  the  only  material 
of  our  knowledge  of  the  world.  They  do  not  refer  to  any 
other  propositions  but  refer  directly  to  the  world  and  are 
the  material  out  of  which  all  the  other  (the  molecular)  prop- 
ositions are  built  by  means  of  artificial  syntax:  'the  introduc- 
tion of  the  elementary  [atomic]  propositions  is  fundamental 
for  the  comprehension  of  the  other  kinds  of  propositions' 
(4.411).  Molecular  propositions  are  truth  functions  of  atomic 
propositions  (5);  they  are  the  expressions  'of  agreement  and 
disagreement  with  the  truth-possibilities  of  the  elementary 
[atomic]  propositions'  (4.4);  they  are  'results  of  truth-opera- 
tions on  the  elementary  propositions'  (5.3),  where  'the  truth 
operation  is  the  way  in  which  a  truth-function  arises  from 
elementary  propositions'  (5.3).  Thus  we  build  molecular 
propositions  out  of  atomic  propositions  without  adding  any 
new  subject  matter  of  our  knowledge  of  the  world.  Molecular 
propositions  are  merely  symbolic  devices  for  combining  atomic 
propositions  according  to  the  rules  of  our  language,  and  are 
needed  merely  as  compensation  for  our  lack  of  more  complete 
knowledge  of  the  world.  By  means  of  molecular  propositions 
we  can  speak  of  truth  possibilities  of  atomic  propositions 
where  we  lack  knowledge  of  their  actual  truth  values.  For 
example,  when  we  have  the  proposition  pv  q,  where  p  and  q 
are  atomic,  that  means  that  we  do  not  know  whether  p  and  q 
are  true  or  false,  but  we  hold  that  out  of  the  four  possibilities 
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of  their  joint  assertion,  namely,  p  .  q,  ~  p  .  q,  p  .  ~  q,  and 
~  p  .  ~  q,  one  of  the  first  three  is  true  while  the  fourth  one 
is  false.  However,  even  if  p  v  q  is  true,  only  one  of  the  three 
admitted  possibilities  can  be  actually  true,  but  unfortunately 
we  do  not  know  which  one  that  is.  The  proposition  pv  q 
expresses  a  wider  range  of  possibilities  than  is  actually  the  case 
in  the  world;  this  range  includes  the  actual  case,  but  it  also 
includes  more  as  a  safety  measure,  because  our  knowledge  of 
the  circumstances  here  is  not  complete.  The  proposition  pv  q 
is  a  confession  that  our  knowledge  of  the  circumstances  is 
inadequate  to  pronounce  directly  on  the  truth  values  of  p 
and  q;  pv  q  provides  for  a  possible  range  of  facts  which  is 
wider  than  the  actual  because  we  do  not  know  what  the  actual 
case  is.  This  is  somewhat  analogous  to  the  case  of  our  ex- 
pecting someone  to  come  to  San  Francisco  from  New  York 
by  railroad;  we  know,  let  us  say,  that  he  may  come  by  one 
of  three  trains — from  north,  south,  or  east,  but  not  from 
west;  but  we  do  not  know  exactly  by  which  of  the  three  he 
is  actually  coming.  If  we  knew,  we  would  not  need  such  a 
proposition  as  'He  is  coming  either  from  north,  or  south,  or 
east,  but  not  west';  we  could  simply  state,  say,  'He  is  coming 
from  the  north'.  As  Bradley  said,  'If  I  saw  further  I  should  be 
simpler'. 

All  inference  is  for  Wittgenstein  formal  inference  or  de- 
duction: 'AH  inference  takes  place  a  priori'  (5.133).  Induc- 
tion is  not  inference  but  a  guess:  'The  process  of  induction 
.  .  .  has  no  logical  foundation  but  only  a  psychological  one' 
(6.363,  6.3631).  Inference  consists  of  analysis  of  a  complex 
symbol  constructed  according  to  the  rules  of  our  symbolism 
into  its  parts.  Inference  is  thus  nothing  but  unfolding  of  the 
rules  of  our  complex  symbols;  it  proceeds  within  the  grammar 
of  our  language,  is  independent  of  facts,  and  does  not  lead  to 
any  knowledge  of  facts:  'Only  that  which  we  ourselves  con- 
struct can  we  foresee'  (5.556).  Only  the  rules  embodied  in 
our  symbols  can  justify  inferences.  We  can  say  that  we  cor- 
rectly infer  one  symbol  from  another  because  we  proceed  ac- 
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cording  to  this  or  that  rule,  but  not  because  this  or  that  is  the 
case.  The  rules  are  arbitrary,  but  what  follows  from  them  is 
not  arbitrary  but  necessary;  and  that  is  the  only  kind  of 
necessity  that  we  can  have:  'In  our  notation  there  is  indeed 
something  arbitrary,  but  this  is  not  arbitrary,  namely  that 
if  we  have  determined  anything  arbitrarily,  then  something 
else  must  be  the  case'  (3.342). 

Inference,  on  this  interpretation,  is  not  restricted  to  proposi- 
tions, but  is  possible  with  any  complex  symbols;  Wittgenstein 
seems  to  disagree  with  this,  and  I  will  return  to  this  question 
later  on.  Here,  we  are  interested  only  in  propositional  in- 
ference in  connection  with  our  discussion  of  propositions. 
Propositional  inference  is  restricted  to  molecular  propositions. 
Atomic  propositions,  being  logically  independent  of  one  an- 
other, can  lead  to  no  inference  except  to  their  constituent 
names:  'From  an  elementary  [atomic]  proposition  no  other 
can  be  inferred'  (5.134).  But  molecular  propositions,  being 
complexes  constructed  out  of  atomic  propositions  as  units, 
allow  of  inference  to  other  propositions,  either  atomic  or 
molecular.  Our  propositional  analysis  of  inference  will  consist 
merely  of  unfolding  the  rules  of  grammar  used  in  the  con- 
struction of  molecular  propositions.  Inference  is  purely  ana- 
lytical and  proceeds  in  the  realm  of  our  conceptual  deter- 
minations. 

1.43  In  Wittgenstein's  article  in  The  Aristotelian  Society 
Supplementary  (Vol.  IX,  1929),  he  makes  an  astounding  ex- 
ception to  the  logical  independence  of  atomic  propositions 
from  one  another  by  introducing  a  notion  of  'exclusion'.  He 
says:  'The  mutual  exclusion  of  unanalysable  statements  of 
degree  contradicts  an  opinion  which  was  published  by  me 
several  years  ago  and  which  necessitated  that  atomic  proposi- 
tions could  not  exclude  one  another.  I  here  deliberately  say 
"exclude"  and  not  "contradict",  for  there  is  a  difference 
between  these  two  notions,  and  atomic  propositions  although 
they  cannot  contradict,  may  exclude  one  another'.  Thus  if  p 
be  'this  is  red'  and  q  be  'this  is  blue',  then  p  and  q  logically 
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exclude  the  possibility  of  their  joint  assertion,  and  are  thus  not 
quite  independent,  according  to  this  last  view  of  Wittgenstein. 
The  truth  table  for  lp  .  q'  in  this  case  is  no  longer  as  shown 
in  Table  1.  Neither  is  it  the  table  for  contradictions  (Table  2). 
But  it  has  to  be  written  as  in  Table  3.  In  Table  3  the  first 
line  of  the  normal  table  for  p  .  q  (Table  1)  has  disappeared 
entirely  because  'it  represents  an  impossible  combination'. 


Table  1 


Table  2 


Table  3 
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g 
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3 
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Here  we  are  faced  with  two  alternatives:  (a)  Abandoning 
the  view  on  the  nature  of  atomic  propositions  as  logically 
independent.  That  would  have  to  be  followed  by  a  serious 
modification,  if  not  a  complete  abandonment,  of  Wittgen- 
stein's theory  of  molecular  propositions  as  truth  functions  of 
logically  independent  atomic  propositions,  and  of  his  theory  of 
inference,  (b)  Rejecting  his  innovation  of  the  possibility  of 
some  atomic  propositions  'excluding'  each  other,  and  of 
treating  such  propositions  as  not  atomic.  If  we  accept  (b), 
then  the  predicament  in  which  we  find  ourselves  when  con- 
fronted by  propositions  which  'exclude'  each  other,  as  p  and 
q  in  Wittgenstein's  example  above,  can  then  be  accounted  for 
in  either  of  the  following  ways:  (1)  As  our  failure  to  rec- 
ognize that  the  given  proposition  is  molecular  and  not  atomic 
within  our  language,  even  though  it  looks  superficially  atomic; 
our  ordinary  language  may  not  be  explicit  enough  for  im- 
mediate recognition  of  the  complexity  involved:  'The  silent 
adjustments  to  understand  colloquial  language  are  enormously 
complicated'  (4.002).  Or  (2)  as  due  to  the  grammar  of  our 
language  being  confused;  there  may  be  no  clear-cut  rules  for 
determination  of  simple  terms  and  atomic  propositions.  As  I 
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have  already  pointed  out,  this  is  the  case  with  the  Tractatus 
itself. 

My  treatment  and  criticism  of  the  Tractatus  so  far  lead  me 
now  quite  naturally  to  take  the  alternative  (b).  Wittgenstein's 
mistake  here  has  two  sources,  which  have  been  already 
pointed  out  (pp.  32  ff.).  First,  Wittgenstein  confuses  the 
empirical,  and  more  specifically  psychological,  'cannot'  with 
the  'impossibility'  of  rules.  And,  secondly,  he  sometimes  con- 
fuses in  practice  the  inadequate  grammar  of  our  ordinary 
language  in  application  to  experience  with  the  formal  require- 
ments of  logically  ideal  language.  These  confusions  are  due 
fundamentally  to  his  failure  to  separate  the  grammar  of  lan- 
guage from  its  actual  use.  We  cannot  learn  from  the  actual 
phenomena  anything  about  the  nature  of  atomic  propositions, 
simply  because  that  nature  is  to  be  determined  by  our  lan- 
guage and  not  by  the  phenomena  of  direct  experience.  What, 
however,  we  can  learn  from  experience  in  this  connection  is 
the  pragmatic  adequacy  in  the  application  of  our  language. 
Experience  can  teach  us  whether  our  grammatical  determina- 
tions will  or  will  not  work  in  practice,  but  it  cannot  dictate 
to  us  the  determinations  themselves.  Wittgenstein  does  not 
take  seriously  enough  the  consequences  of  his  own  teaching. 
If  atomic  propositions  are,  by  definition,  logically  independent 
of  each  other,  then  they  are  independent,  and  cannot  exclude 
each  other  any  more  than  contradict  each  other.  There  is 
no  logical  difference  between  'exclusion'  and  'contradiction'  of 
atomic  propositions,  contrary  to  what  Wittgenstein  says  in 
his  article.  Atomic  propositions  can  have  no  relations  one  to 
another  except  relations  externally  assigned  to  them  by  us, 
when  we  combine  them  into  molecular  propositions.  Thus,  I 
propose  to  maintain  the  positivistic  view,  supplemented  by  a 
degree  of  pragmatism,  against  Wittgenstein's  innovations. 
The  only  check  on  our  grammatical  determinations  is  purely 
pragmatic:  whether  they  work  or  not  for  the  purposes  which 
we  ourselves  set  up. 
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And  if  our  grammatical  rules  'don't  work',  is  not  that  an 
indication  of  some  conflict  between  the  grammar  of  our  lan- 
guage and  the  independent  order  in  reality?  Shall  we  have 
to  admit  the  possibility  of  determinate  character  of  reality 
apart  from  our  grammar?  In  a  way,  yes.  Wittgenstein  admits 
this  in  his  mysticism.  But  then  reality  taken  apart  from  our 
language  is  not  subject  to  our  rational  discourse — 'the  limits 
of  my  language  mean  the  limits  of  my  world'  (5.6) — and  we 
cannot  discuss  what  is  outside  these  limits.  In  the  world  of 
experience,  however,  'a  necessity  for  one  thing  to  happen 
because  another  has  happened  does  not  exist.  There  is  only 
logical  necessity'  (6.37).  And  so  the  point  here  is  that  any 
determination  apart  from  our  grammar  is  not  'necessary'  in 
our  sense.  Even  if  certain  features  of  our  sense  experience 
were  never  changing,  their  eternal  stability  would  still  be  to 
us  merely  a  matter  of  accidental  fact  and  not  'necessary'. 
Things  in  themselves  are  outside  the  sphere  of  discourse — that 
we  have  to  take  seriously. 


The  woof  and  warp  of  all  thought  and  all  research  is 
symbols,  and  the  life  of  thought  and  science  is  the  life  in- 
herent in  symbols.  c.  s.  peirce 


Symbol  and  Sign 


This  chapter  on  symbol  and  sign  is  a  continuation  of  the  dis- 
cussion of  the  previous  chapter  on  language,  but  it  is  narrowed 
down  to  the  more  specific  aspects  of  the  subject.  It  deals 
mainly  with  the  material  of  the  third  chapter  of  the  Tractatus, 
but  by  no  means  is  confined  to  it.  I  group  my  discussion  here 
primarily  around  the  topics  of  symbol  and  sign. 

2.1  I  find  it  convenient  to  preface  this  discussion  by  some 
preliminary  remarks  on  thought  and  logic,  in  order  to  clarify 
the  opening  paragraphs  of  the  third  chapter  of  the  Tractatus. 

2.11  Thought  is  defined  as  'the  logical  picture  of  the  facts' 
{Tractatus,  3)  and  again  as  'the  applied,  thought  [past 
participle,  gedachte],  propositional  sign'  (3.5),  and  as  'the 
significant  proposition'  (4).  Thought  is  a  propositional  sign 
used  according  to  the  rules  of  our  language;  it  is  a  symbol  or 
a  proposition  about  something  or  other  in  the  world,  and  is 
not  necessarily  mental.  Plato  said,  anticipating  John  Watson, 
that  'thinking  appears  to  me  to  be  just  talking  ...  to  oneself 
and  in  silence'  {Theaetetus,  190),  and  that  'thought  and 
speech  are  the  same  with  this  exception  that  what  is  called 
thought  is  the  unuttered  conversation'  {Theaetetus,  263); 
Wittgenstein  very  logically  goes  further  than  Plato  and  de- 
clares thought  and  significant  language  to  be  one  and  the  same 
thing,  namely,  the  use  of  any  parts  of  our  experience  as  sym- 
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bols  for  some  other  parts.  Thus,  thought  is  not  to  be  identified 
with  psychological  processes.  It  is  essentially  connected  with 
symbolism,  but  is  not  confined  to  any  particular  material  to 
be  used  in  symbolism;  images,  spatial  objects,  sounds,  marks 
on  paper,  or  anything  else  may  be  used  for  our  signs,  and 
they  need  not  be  confined  to  anything  mental.  The  problem 
of  the  duality  of  thought  and  the  world  is  simply  abolished 
on  this  view. 

That  a  fact  is  thinkable  means  that  we  can  make  pictures  of 
it  to  ourselves,  can  express  it  by  a  proposition  of  our  language. 
But  what  can  be  known  has  to  be  thought,  has  to  be  expres- 
sible in  language;  and  thus  what  can  be  known  about  the 
world  is  limited  by  the  possibilities  of  our  language,  by  the 
limits  of  our  thought:  'The  thought  contains  the  possibility  of 
the  state  of  affairs  which  it  thinks'  (3.02),  and  'The  totality 
of  true  thoughts  is  a  picture  of  the  world'  (3.01).  The  term 
'totality'  here  is  unfortunate  and  should  not  have  been  used. 
What  Wittgenstein  wishes  to  say,  I  think,  is  that  our  knowl- 
edge of  the  world  is  confined  to  the  true  propositions  which 
we  make  describing  the  world  of  experience;  that  there  is  no 
a  priori  way  of  knowing  the  world;  and  that  outside  the  world 
of  experience,  that  is,  the  world  which  is  describable  by  atomic 
propositions  directly  referring  to  it,  there  is  no  sense  in  talk- 
ing about  any  other  world. 

The  statement  that  'we  cannot  think  anything  unlogical, 
for  otherwise  we  should  have  to  think  unlogically'  (3.03) 
appears  to  be  a  dogmatic  rationalistic  limitation  on  our  think- 
ing; but  it  merely  means  that  we  cannot  speak  grammatically 
without  obeying  the  rules  of  grammar,  that  we  can  make 
sensible  propositions  only  by  constructing  them  according  to 
the  rules  of  our  language.  Wittgenstein  does  not  intend  to 
say  that  we  cannot  make  factual  mistakes,  or  commit  logical 
fallacies.  It  is  quite  obvious  that  we  can,  because  we  often 
do,  to  our  grief.  But  even  in  order  to  make  a  factual  mistake 
we  must  first  have  a  significant  proposition  whose  sense  has 
been  grammatically  determined,  but  does  not  correspond  to 
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the  facts;  before  we  can  make  a  mistake,  we  must  have  a 
properly  constructed  proposition  by  means  of  which  we  can 
then  make  the  mistake.  And  a  purely  logical  fallacy  means 
that  we  have  broken  the  rules  of  grammar  of  our  language; 
it  follows  then,  of  course,  that  we  no  longer  talk  correctly, 
but  are  merely  playing  haphazardly  with  our  symbols,  talk- 
ing nonsense.  Within  the  rules  of  our  language  we  cannot 
break  these  rules;  and  without  these  rules  we  are  outside  the 
language  and  therefore  no  longer  talk  sense. 

Thought  is  possible  only  through  symbolism,  and  sym- 
bolism requires  rules.  A  thought  without  the  rules  of  its 
symbolism  is  simply  not  a  thought.  But  any  process  proceed- 
ing according  to  rules  is  a  logical  process;  thinking  is  nec- 
essarily logical,  or  not  thinking  at  all.  And  this  brings  us  to 
the  problem  of  Wittgenstein's  view  on  logic. 

In  my  next  chapter  I  will  deal  with  the  more  technical 
aspects  of  Wittgenstein's  treatment  of  logic.  Here  I  will  discuss 
his  general  view. 

2.12  The  term  'logic'  is  used  ambiguously  in  philosophical 
literature.  On  the  one  hand  it  means,  especially  in  con- 
temporary literature,  a  symbolic  system  of  signs  explicitly 
formulated  on  paper;  on  the  other  hand  it  means  the  subject 
matter  which  this  explicit  system  expresses  or  at  least  ex- 
emplifies, for  instance,  the  fundamental  laws  of  thought  (what- 
ever those  may  be),  the  universal  aspect  of  the  world,  the 
domain  of  eternal  truths,  or  essences.  The  distinction  has 
been  recognized  by,  for  example,  George  Boole,  for  whom 
logic  in  the  second  sense  was  'the  fundamental  laws  of  those 
operations  by  which  reasoning  is  performed',  while  logic  in  the 
first  sense  was  the  explicit  'expression  of  them  in  the  sym- 
bolic language'.  This  distinction  is  also  recognized  by  B.  A. 
Bernstein  when  he  says  that  'the  logic  of  propositions  itself 
must  have  a  general  logic,  an  unsymbolized  logic,  underlying 
it'  (Bulletin  of  the  American  Mathematical  Society,  1926,  p. 
712).  Wittgenstein's  meaning  of  logic  does  not  quite  coincide 
with  either  of  these. 


52  SYMBOL    AND    SIGN 

2.121  To  explain  his  view  it  would  be  better,  perhaps,  not 
to  use  the  substantive  form  'logic'  at  all.  This  very  form  in  our 
colloquial  language  embodies  an  erroneous  approach  to  the 
question.  'Logic'  is  a  substantive,  and  we  are  inclined  to  follow 
the  suggestion  of  our  everyday  language  and  think  of  logic 
in  a  substantival  way  as  something  in  the  world,  or  about 
the  world,  or  beyond  the  world,  at  any  rate  as  some  thing, 
be  that  mental,  physical,  or  metaphysical.  Even  when  we 
speak  of  logic  as  a  body  of  tautologies  we  may  be  inclined 
to  take  this  substantival  point  of  view,  and  think  of  logic  as 
a  subsistent  system  of  disembodied  and  yet  in  some  way 
substantial  Platonic  forms  (I  am  myself  tempted  to  take  that 
view),  or  Santayanian  essences.  Perhaps,  to  express  Wittgen- 
stein's view  it  would  be  better  to  use  an  adjectival  or  an 
adverbial  form  of  expression,  and  speak  of  something  being 
logical,  or  done  logically.  'Logical'  or  'logically'  is  equivalent 
to  'what  formally  follows  the  rules  of  symbolism',  to  'the 
consistent  use  of  symbols'.  Of  course,  to  insist  on  the  verbal 
distinctions  in  our  everyday  language  in  dealing  with  the 
subject  which  is,  according  to  Wittgenstein,  intrinsically  in- 
capable of  being  expressed  in  any  language,  would  be  mere 
pedantry;  and,  therefore,  while  keeping  in  mind  the  above 
remarks,  I  shall  continue  to  use  the  more  common  substantival 
form  and  speak  of  'logic'. 

Wittgenstein's  use  of  the  term  is  still  slightly  ambiguous, 
and  we  may  distinguish  the  wide  and  the  narrow  meanings. 
In  the  wide  sense  'logical'  is  what  follows  from  the  rules  of 
any  symbolism — a  consistent  use  of  any  symbolism  whatso- 
ever. In  the  narrower  sense,  'logical'  means  tautological,  in 
connection  with  propositions.  In  this  sense  logic  is  restricted 
to  one  particular  kind  of  symbolism,  namely,  propositional, 
since  Wittgenstein's  theory  of  tautology  is  based  on  his  theory 
of  truth  functions  of  atomic  propositions.  This  second  use 
then  depends  on  the  view  we  take  of  the  nature  of  atomic 
propositions;  and,  on  a  certain  interpretation  of  Wittgenstein, 
may  even  lead  us  to  a  metaphysics  of  the  Platonic  kind.  But, 


SYMBOL    AND    SIGN  53 

if  we  agree  that  the  atomicity  of  a  proposition  is  to  be  de- 
termined arbitrarily  (as  I  contended  in  Chap.  1)  by  conven- 
tion, then  this  second  meaning  is  but  a  narrower  use  of  the 
first.  In  either  case,  on  my  interpretation,  logic  is  concerned 
with  the  rules  of  our  symbolism,  and  not  with  the  objects 
and  facts  symbolized;  it  is  merely  the  consistent  use  of  our 
symbols.  This  view  seems  to  be  fairly  close  to  the  'heterodox 
view'  as  presented  by  C.  I.  Lewis  in  his  Survey  of  Symbolic 
Logic  (p.  355). 

Logic  then  means  for  Wittgenstein  a  consistent  use  of 
symbols  or,  to  use  the  more  ambiguous  substantival  form  of 
expression,  the  body  of  all  the  possible  transformations  of  our 
symbols  according  to  the  rules  of  our  symbolism.  The  rules 
may  be  arbitrary,  and  the  nature  of  the  signs  which  we  use 
to  express  them  is  arbitrary;  but,  if  we  are  to  talk  sense,  we 
must  follow  the  rules.  The  essence  of  this  view  is  expressed 
by  Wittgenstein  as  follows:  'In  our  notations  there  is  indeed 
something  arbitrary,  but  this  is  not  arbitrary,  namely  that  if 
we  have  determined  anything  arbitrarily,  then  something  else 
must  be  the  case'  (3.342).  Logic  deals  with  rules,  and  not 
with  the  reality  to  which  the  symbols  may  happen  to  refer; 
we  deal  in  logic  with  and  within  the  symbolic  rules  of  our 
language:  'In  logical  syntax  the  meaning  of  a  sign  ought 
never  to  play  a  role'  (3.33);  'without  troubling  ourselves 
about  a  sense  and  a  meaning,  we  form  the  logical  propositions 
out  of  others  by  mere  symbolic  rules'  (6.126). 

2.122  It  is  essential  to  see  that  logic  deals  only  with 
grammatical  determinations  and  not  with  the  world,  that 
logic  is  not  a  science:  'Our  fundamental  principle  is  that  every 
question  which  can  be  decided  at  all  by  logic  can  be  decided 
off-hand'  (5.551),  that  is,  without  any  appeal  to  experience. 
'And  if  we  get  into  a  situation  where  we  need  to  answer  such 
a  problem  by  looking  at  the  world,  this  shows  that  we  are  on 
a  fundamentally  wrong  track'  (5.551).  'Theories  which  make 
a  proposition  of  logic  appear  substantial  are  always  false' 
(6.111);  'the  whole  philosophy  of  logic'  is  contained  in  the 
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fact  that  'it  is  the  characteristic  mark  of  logical  propositions 
that  one  can  perceive  in  the  symbol  alone  that  they  are  true' 
(6.113).  (I  will  add  that  in  order  to  avoid  a  possible  con- 
fusion of  logical  with  empirical  truth,  it  would  be,  perhaps, 
better  if  Wittgenstein  used  here  instead  of  the  term  'true'  the 
term  'valid'.)  What  we  'perceive  in  the  symbol  alone'  without 
reference  to  the  symbolized  is  merely  the  grammatical  de- 
termination which  changes  the  given  signs  into  the  symbols  of 
our  language.  Logic  does  not  deal  with  facts  in  the  world, 
but  is  merely  the  consistent  use  of  signs  according  to  the 
rules  of  our  symbolism;  it  deals  merely  with  the  formal  aspects 
of  our  language:  'we  are  in  possession  of  the  right  logical  con- 
ception, if  only  all  is  right  in  our  symbolism'  (4.1213).  Of 
course,  we  could  not  have  logic  in  an  absolute  vacuum,  with- 
out any  experience  in  which  to  use  it.  But  while  we  need  ex- 
perience in  order  to  use  logic,  logic  does  not  deal  with  ex- 
perience as  its  subject  matter,  but  only  with  our  ways  of 
handling  it:  'The  "experience"  which  we  need  to  understand 
logic  is  not  that  such  and  such  is  the  case,  but  that  something 
is;  but  that  is  no  experience'  (5.552). 

In  particular,  logic  is  not  a  theory  of  the  most  general 
properties  of  the  world.  The  view  that  logic  is  a  science  deal- 
ing with  abstract  and  general  features  is  a  very  common  one 
among  logicians.  J.  N.  Keynes  holds  it,  and  it  has  been 
sometimes  shared  even  by  Russell.  For  example,  in  his  Intro- 
duction to  Mathematical  Philosophy  (p.  169),  Russell  says 
that  'logic  is  concerned  with  the  real  world  just  as  truly  as 
zoology,  though  with  its  abstract  and  general  features'.  But 
Wittgenstein  decidedly  rejects  this  view:  'The  mark  of  logical 
propositions  is  not  their  general  validity'  (6.1231).  Even  the 
familiar  'laws  of  thought'  are  but  a  few  special  rules  of  our 
colloquial  language;  for  example,  the  law  of  contradiction 
(p  .  ~  p)  is  merely  a  rule  regulating  our  use  of  '-*'  or  'not'. 
Personally,  I  disagree  with  Wittgenstein  and  Russell  on  this 
view  of  the  law  of  contradiction.  I  am  inclined  to  accept 
Aristotle's  view  that  the  law  of  contradiction  is  fundamental 
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and  indispensable  in  all  our  thinking  (Metaphysics,  1005b). 
That  generality  or  even  general  validity  lacks  necessity,  and 
therefore  is  not  a  logical  property,  follows  from  the  fact  that 
there  are  exhaustive  generalities  which  are  obviously  not  nec- 
essary. For  example,  'All  men  in  this  room  are  over  ten  years 
of  age'  and,  similarly,  'All  men  are  mortal',  even  if  they  are 
true,  are  not  necessary  propositions,  and  are  therefore  not 
logical.  On  the  other  hand,  the  necessity  may  be  present  in  an 
ungeneralized  proposition,  as  in  'It  either  rains  now  or  it  does 
not'. 

We  must  also  understand  that,  while  logic  deals  with 
symbols,  it  is  not  concerned  with  the  actual  psychological 
processes  which  may  be  going  on  in  our  minds  when  we  deal 
with  symbols.  Identification  of  psychology  with  logic  is  due 
to  the  fallacy  of  psychologism:  we  find  that  in  understanding 
certain  logical  principles  we  have  to  go  through  certain 
psychological  experiences,  and  we  conclude  that  the  two  are 
one  and  the  same.  For  logic  this  coincidence  is  accidental  and 
irrelevant.  Many  logicians  were  guilty  of  this  fallacy;  Boole 
held  that  logic  dealt  with  'the  nature  and  constitution  of  the 
human  mind'.  But  for  Wittgenstein  logic  'results  from  the 
essence  of  the  notation'  (3.342),  and  not  from  the  kind  of 
material  out  of  which  the  signs  of  our  symbolism  may  happen 
to  be  made.  Perhaps  psychology  may  happen  to  have  a  special 
epistemological  interest  for  us,  but  in  a  discussion  of  logic 
it  has  no  privileged  position.  To  give  it  a  priviliged  position  is 
a  sheer  metaphyseal  anthropomorphism.  'Psychology  is  no 
nearer  related  to  philosophy,  than  is  any  other  natural  science' 
(4.1121).  The  fallacy  of  psychologism  in  logic  is  due  to  the 
confusion  of  the  validity  of  thought  with  certain  logically  ac- 
cidental experiences  always  associated  with  correct  thinking. 
A  genetic  account  of  logic  is  entirely  irrelevant  to  the  essence 
of  logic. 

It  may,  and  often  does,  happen  that  our  psychological 
processes  do  not  follow  the  rules  of  our  language,  as  when 
we  dream  or  talk  nonsense.  Then  we  do  not  logically  think, 
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but  merely  have  a  psychological  experience.  The  inmates  of 
the  so-called  insane  asylums  are  especially  prone  to  do  this. 
When  we  are  confronted  with  a  person  who,  as  a  persistent 
Hegelian,  uses  words  of  our  language  with  disregard  of  its 
grammar,  we  realize  that  there  are  no  sound  thoughts  in  the 
noises  the  man  is  making,  and  that  any  discussion  with  him  is 
futile;  in  the  case  of  a  Hegelian  we  are  simply  confronted  with 
the  case  of  a  peculiar  and  highly  elaborated  madness  and  not 
with  any  new  logic. 

Thus,  logic  is  not  to  be  found  in  the  world,  and  it  follows 
that  we  cannot  express  logic  by  significant  propositions  de- 
scribing it  as  something  factual  in  the  world.  From  the  very 
nature  of  logic  as  the  consistent  use  of  symbols,  it  follows 
that  logic  itself  cannot  be  significantly  symbolized  in  its  turn: 
'That  which  expresses  itself  in  language,  we  cannot  express  by 
language'  (4.121);  rather,  a  consistent  use  of  symbol  is  logic, 
or  expresses  the  logic  involved.  Thus,  a  logical  statement  P 
"shows  itself"  to  be  logical.  A  statement  Q  attempting  to  say 
this  about  P  does  not  do  it  any  more  than  statement  P  does 
itself.  At  the  end  of  any  explanation  we  have  to  come  to  some- 
thing which  we  cannot  explain  any  further;  and  logic,  being 
assumed  in  any  rational  discourse  whatsoever,  cannot  be  ex- 
plained in  its  turn  by  a  discourse  but  has  to  be  grasped  in- 
tuitively when  it  is  present.  'The  propositions  show  the  logical 
form  of  reality'  (4.121),  but  they  do  not  express  it  as  they 
express  facts.  We  may  explain  a  specific  logical  connection 
by  showing  it  to  be  a  consequence  of  some  wider  logical  con- 
nection, but  we  cannot  ultimately  explain  the  notion  of 
logical  connection  because  all  explanation  will  have  to  involve 
it.  We  find  ourselves  here  in  what  H.  M.  Sheffer  calls  the 
'logocentric  predicament':  'In  order  to  give  an  account  of  logic 
we  must  presuppose  and  employ  logic'  (Isis,  1926,  pp.  226  ff . ) . 
We  can,  of  course,  exemplify  logic  by  giving  examples  of 
the  consistent  use  of  symbols,  but  we  cannot  describe  it  as 
something  separate  from  language.  As  Sheffer  puts  it,  'Our 
aim  should  be,  not  to  validate  logic,  but  to  make  explicit,  at 
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least  in  part,  that  which  we  have  assumed  to  be  valid'  (I sis, 
1926).  'It  now  becomes  clear  why  we  often  feel  as  though 
"logical  truths"  must  be  "postulated"  by  us.  We  can  in  fact 
postulate  them  in  so  far  as  we  can  postulate  an  adequate  nota- 
tion' (6.1223).  Logic  consists  not  of  symbols  or  even  of  the 
rules  of  symbolism,  but  only  in  following  the  rules  of  sym- 
bolism; it  is  the  proper  use  of  symbols. 

In  discussing  the  relation  between  logic  and  the  world  we 
must  avoid  making  the  initial  mistake  of  considering  logic  as 
something  substantial.  Logic  and  the  world  should  not  be 
considered  as  having  side-by-side  separate  existences,  as  if 
logic  were  something  existing  by  itself  in  reality  and  only  ex- 
ternally applied  to  a  world  that  is  somehow  unlogical  until 
logic  is  applied  to  it.  This  external  theory  of  logic  as  some- 
thing substantial  leads  to  an  insuperable  barrier  between  logic 
and  the  world,  as  it  does  in  Plato,  and  should  be  avoided  by 
the  different  initial  positing  of  the  problem.  The  world  is  more 
than  logical  but  it  is  at  least  logical,  in  the  sense  that  we  cannot 
have  it  except  as  organized  through  the  activity  of  language; 
and,  as  this  activity  has  to  proceed  according  to  rules,  that  is, 
must  be  logical,  the  world  also  is  inevitably  logical. 

2.123  In  his  discussion  of  logic  Wittgenstein  again  occa- 
sionally suggests  some  traces  of  metaphysical  realism.  In  this 
he  is  probably  under  the  influence  of  the  Platonism  of  Frege 
and  the  recurrent  Platonism  of  Russell.  Logic  occasionally 
seems  to  be  considered  by  Wittgenstein  as  some  hidden  feature 
of  the  structure  of  reality  itself:  'Logic  is  ...  a  reflexion  of 
the  world'  (6.13);  'The  propositions  show  the  logical  form  of 
reality'  (4.121);  'it  must  show  something  about  the  world 
that  certain  combinations  of  symbols  .  .  .  are  tautologies' 
(6.124).  If  we  consider  tautologies  to  be  based  on  atomic 
propositions,  and  atomic  propositions  as  representing  ab- 
solute metaphysical  atomic  facts,  then  we  have  our  logic 
based  on  some  metaphysical  character  of  reality.  Such  pas- 
sages suggest  that  there  is  something  hidden  or  secret  in  our 
world,  a  metaphysical  structure  which  we  are  endeavoring  to 
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bring  into  light.  Wittgenstein  in  such  cases  simply  confuses  the 
rules  of  our  language  with  some  features  of  reality.  Let  us 
show  this  by  a  simple  example  from  geometry. 

Wittgenstein  says:  'We  could  present  spatially  an  atomic 
fact  which  contradicted  the  laws  of  physics,  but  not  .  .  . 
the  laws  of  geometry'  (3.0321).  Wittgenstein  seems  to  say 
here  that  geometry  is  an  expression  of  some  hidden  fixed 
features  of  reality.  For  argument's  sake  I  will  not  press  the 
obvious  objection  to  this  in  the  fact  that  there  can  be  different 
geometries.  Let  us  take  the  simple  case  of  the  Euclidean  cube. 
My  contention  is  that,  when  we  speak  of  the  geometry  of  the 
cube  we  are  not  dealing  with  any  body,  but  only  with  the  rules 
and  definitions  of  geometry  as  language  and  what  follows  from 
them.  These  rules  and  their  logical  connections  are  not  in 
any  way  drawn  out  of  or  extracted  from  the  bodies  we  call 
cubes.  The  'geometrical  cube'  is  the  system  of  rules  of 
geometrical  grammar,  a  declaration  of  intent  to  use  certain 
signs  according  to  certain  rules;  and  the  'real  cubes'  are  the 
series  of  perceivable  spatial  characters  which,  we  assume,  are 
connected  according  to  these  rules  of  the  geometrical  cube. 
That  there  are  such  recurrent  series  in  the  world  is  a  matter  for 
empirical  observation  the  results  of  which  can  be  only  ap- 
proximate and  always  uncertain;  and,  what  is  important  for 
us  here,  these  observations  do  not  deal  with  any  'metaphysical 
cube'  in  itself,  but  only  with  our  perceptions,  and  we  do  not 
need  to  appeal  to  any  hidden  eternal  characteristics  of  the  'real 
cube'.  Our  mathematics  is  not  a  science  dealing  with  meta- 
physical reality. 

Again,  just  as  in  my  first  chapter,  I  do  not  wish  to  stress 
the  suggestions  of  metaphysics  in  Wittgenstein;  and,  I  think, 
we  can  reinterpret  most  of  the  passages  in  which  Wittgenstein 
speaks  of  the  "logic  of  the  world"  in  a  positivistic  and 
pragmatic  spirit  without  straining  them  too  much.  When 
Wittgenstein  speaks  of  the  logical  features  of  the  world  he 
simply  means  the  'internal'  or  grammatical  properties  of  the 
language  which  'reflect'  the  world,  that  is,  are  applicable  in  the 
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world;  'the  logical  form  of  reality'  is  after  all  shown  in  our 
propositions,  and  is  nothing  but  the  grammar  of  our  language 
through  which  we  know  the  world.  No  'ultimate'  properties 
of  metaphysical  reality  are  involved  in  this  view. 

2.124  I  wish  to  say  here  a  word  concerning  a  moot  ques- 
tion of  contemporary  logical  discussions,  namely,  that  of  the 
plurality  of  logics.  On  the  view  here  expounded  there  can  be 
no  plurality  of  logics,  because  on  this  view  logic  is  the  con- 
sistent use  of  any  symbolism.  All  valid  symbolisms  have  this 
in  common — they  use  their  symbols  consistently  within  their 
own  systems  of  rules;  they  all  employ  one  and  the  same  logic. 
The  rules  of  different  symbolic  systems  within  our  language 
may  be  different  and  arbitrary,  but  what  is  the  same  in  all 
of  them  and  is  not  arbitrary  is  the  necessity  of  using  their 
own  rules  if  we  are  not  to  talk  nonsense.  We  can  have  various 
systems  of  'logics'  precisely  only  because  they  all  are  con- 
structed consistently,  that  is,  logically;  otherwise  the  systems 
would  not  be  systems  but  nonsense.  But,  we  may  be  asked, 
how  do  you  explain  a  system  of  logic  contradictory  to  yours, 
one  in  which,  for  example,  p  v  ~  p  is  not  a  tautology  but  a 
contradiction?  To  the  man  insisting  that  p  v  ~  p  is  a  contra- 
diction we  could  give  either  of  the  two  answers:  (1)  If 
he  interprets  the  pv~p  according  to  the  grammar  of  the 
Principia  Mathematica  and  yet  insists  that  p\  ~  p  is  not  a 
tautology,  then  he  is  simply  mistaken.  (2)  We  can  con- 
sider pv  ~  p  as  a  contradiction,  but  then  we  shall  have 
to  abandon  the  grammar  of  Principia  Mathematica,  and  give 
to  the  signs  '~',  'p',  and  V  new  grammatical  rules;  we  simply 
will  have  a  different  symbolic  system,  with  different  rules; 
but  the  logic  remains  the  same.  Various  'alternative  logics', 
for  example,  of  C.  I.  Lewis  or  of  the  Polish  logicians,  are 
merely  so  many  various  arbitrary  symbolic  systems  within  our 
language. 

2.125  I  do  not  attempt  to  draw  a  systematic  comparison 
of  Wittgenstein's  view  on  logic  with  those  of  other  philoso- 
phers; but  in  the  conclusion  of  my  discussion  on  logic  here  I 
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cannot  abstain  from  mentioning  a  good  example  of  what 
Wittgenstein  does  not  mean  by  logic,  namely,  the  logic  of 
W.  E.  Johnson.  Johnson  seems  to  combine  psychology,  meta- 
physics, science,  pragmatic  considerations,  and  logic  in  any 
degree  he  finds  convenient  at  the  moment.  Thus  Johnson  says: 
'Logic  is  .  .  .  the  analysis  and  criticism  of  thought  ...  de- 
fined as  mental  activity  controlled  by  a  single  purpose,  the 
attainment  of  truth'  (Logic,  Part  I,  pp.  xiii,  xvii).  Here  we 
have  logic  (analysis),  psychology  (mental  activity),  and  prag- 
matism (purpose).  To  supplement  this  generous  definition 
he  says,  'No  rigid  distinction  need  be  drawn  between  logic 
and  metaphysics,  nor  .  .  .  between  logic  and  science'  (Logic, 
Part  I,  p.  xiii).  Thus  we  add  to  our  fist  science  and  meta- 
physics, and  a  little  later  on  the  same  page  we  add  also 
epistemology  and  ontology.  There  are  many  more  meanings 
of  logic  for  Johnson;  but,  probably  feeling  that  he  might  have 
omitted  mentioning  some  possible  meanings,  he  also  speaks 
sometimes  of  logic  as  what  'is  to  be  understood  by  the  logician 
as  such'  (Logic,  Part  II,  p.  42).  That,  of  course,  covers  the 
subject  completely.  The  'as  such',  as  Frege  once  remarked,  is 
'an  excellent  discovery  for  writers  who  are  not  clear  in  their 
statements  and  do  not  want  to  say  Yes  or  No'. 

I  will  postpone  until  Chap.  3  the  more  detailed  and  techni- 
cal discussion  of  Wittgenstein's  logic. 

2.2  Symbol  is  defined  as  'Every  part  of  a  proposition 
which  characterizes  its  sense'  (Tractatus,  3.31),  and  sign  as 
'the  part  of  the  symbol  perceptible  by  the  senses'  (3.32). 
Sign  taken  merely  as  an  actual  physical  occurrence  is  mean- 
ingless, and  it  acquires  meaning  or  sense  (becomes  a  symbol) 
only  in  a  certain  use:  'In  order  to  recognize  the  symbol  in  the 
sign  we  must  consider  the  significant  use'  (3.326).  A  material 
mark  becomes  a  symbol  only  after  we  assign  to  it  the  rules  of 
its  usage,  its  grammar:  'The  sign  determines  a  logical  form 
only  together  with  its  logical  syntactic  application'  (3.327). 

The  distinction  between  sign  and  symbol  is  now  also  made 
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by  Russell  and  is  discussed  by  him  in  Appendix  C  of  the 
second  edition  of  Principia  Mathematica.  Sign  is  for  Russell 
the  class  of  the  factual  occurrences,  symbol  is  the  vehicle  of 
meaning  and  sense.  Thus  Russell  says: 

When  we  say  'Socrates  occurs  in  the  proposition  Socrates  is 
Greek,'  we  are  taking  the  proposition  factually  .  .  .  take  words 
and  propositions  as  classes  of  similar  occurrences  .  .  .  But  when 
we  assert  'Socrates  is  Greek',  the  particular  occurrences  of  the 
words  have  meaning,  and  the  assertion  is  made  by  the  particular 
occurrence  of  that  sentence  ...  by  means  of  a  particular  fact 
.  .  .  But  this  particular  fact  is,  so  to  speak,  transparent';  nothing 
is  said  about  it,  but  by  means  of  it  something  is  said  about  some- 
thing else  {Principia,  Vol.  I,  pp.  664-65). 

Thus  Russell  now  distinguishes  the  merely  factual  occurrence 
of  a  sign  from  its  use  as  a  vehicle  of  meaning  and  sense,  that 
is,  as  a  symbol. 

2.21  We  can  distinguish  two  main  kinds  of  signs:  simple 
or  primitive,  and  complex  or  derived.  Wittgenstein's  usage  of 
terms  in  this  connection  is  somewhat  confusing.  Properly 
speaking,  the  separation  into  simple  and  complex  originates 
with  symbols  (through  their  grammar)  and  belongs  to  signs 
only  derivatively;  unless,  of  course,  we  admit  that  there  are 
absolute  metaphysical  simples  in  the  world — a  view  against 
which  I  argued  at  length  in  Chap.  1.  On  my  interpretation, 
there  is  no  sense  in  speaking  of  the  simplicity  of  signs  except 
as  used  in  the  simple  symbols;  the  simplicity  of  a  sign  is 
derivative  from  the  formal  simplicity  of  the  corresponding 
symbol,  and  is  thus  determined  by  the  grammar  of  the  symbol, 
not  by  the  physical  nature  of  the  sign  itself.  However,  after 
the  simple  signs  are  determined,  the  complex  signs  which  are 
composed  of  these  signs  have  their  complexity  independent  of 
the  complex  symbols  in  which  they  are  to  be  used.  An  existent 
which  by  definition  has  parts  is  necessarily  complex,  no  matter 
how  used. 

Wittgenstein  is  not  very  careful  in  his  terminology  here. 
Thus  he  says:  'The  simple  signs  employed  in  propositions  are 
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called  names'  (3.202);  and  'The  name  means  the  object.  The 
object  is  its  meaning'  (3.203).  In  the  first  quotation  'name' 
is  a  sign,  in  the  second  a  symbol.  I  think  the  second  quotation 
is  to  be  taken  as  the  definition  of  name,  because  a  sign  by 
itself,  as  a  mere  physical  occurrence  without  grammatical 
determination,  cannot  mean  anything.  It  acquires  meaning 
only  when  it  is  used  as  a  symbol:  'Only  in  the  context  of  a 
proposition  has  a  name  meaning'  (3.3).  Until  given  a  gram- 
matical determination  a  sign  is  not  yet  even  a  sign,  because  it 
is  not  yet  'the  part  of  the  symbol  perceptible  by  the  senses',  but 
is  merely  a  bit  of  sense  data  not  interpreted  in  any  way.  Sign 
is  merely  a  perceptible  carrier  of  the  symbol.  Without  some 
such  carrier  the  symbol  is,  of  course,  impossible,  but  it  is  an 
abuse  of  his  own  terminology  on  Wittgenstein's  part  to  say 
that  a  sign  has  a  meaning.  Evidently  Wittgenstein  himself 
realizes  the  ambiguity  of  his  usage  when  he  refers  to  names 
as  'simple  signs'  in  quotation  marks  (3.201).  Name  has  a 
sign-symbol  ambiguity,  and  it  is  only  as  a  symbol  that  it  has 
meaning. 

2.211  The  importance  of  simple  symbols  or  names  lies 
in  their  meaning.  However,  Wittgenstein's  use  of  the  term 
'meaning'  is,  unfortunately,  also  ambiguous.  First,  'meaning' 
is  equivalent  to  the  grammatical  determination  of  the  name, 
its  connotation,  or,  to  use  J.  N.  Keynes'  very  descriptive  term, 
the  conventional  intension  of  the  name;  it  is  Frege's  Sinn.  We 
must  not  identify  the  meaning  of  a  name  in  this  sense  with 
the  purely  subjective  psychological  experiences  associated  with 
the  name;  the  latter  is  what  Keynes  calls  subjective  intension, 
and  Frege  calls  Vorstellung,  and  Wittgenstein  incidentally 
refers  to  as  'content'.  I  shall  refer  to  this  first  sense  of  'mean- 
ing' of  a  name  as  its  grammar.  This  is  the  use  of  meaning  in 
such  statements  as  'the  name  means  the  object'  (3.203),  and 
that  a  name  'alone  and  independently  has  a  meaning'  (3.261 ), 
and  that  'The  meanings  of  primitive  signs  can  be  explained 
by  elucidations'  (3.263).  Second,  by  'meaning'  Wittgenstein 
means  the  referend  (object)  of  a  name  whenever  the  name  is 
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used  in  a  proposition.  This  use  corresponds  to  the  denotation, 
or  objective  intension,  of  Keynes,  and  to  the  Bedeutung,  or 
indication,  of  Frege.  This  is  the  usage  in  the  statement  that 
'The  object  is  its  [the  name's]  meaning'  (3.203).  This  second 
usage  seems  to  be  the  more  common  one  in  Wittgenstein  and 
may  be,  perhaps,  taken  as  his  intended  usage.  I  will  then  con- 
tinue to  use  'meaning'  in  the  sense  of  'indication',  except  when 
I  shall  wish  to  stress  its  distinction  from  the  first  usage,  and 
then  I  shall  explicitly  use  the  term  'indication'. 

The  distinction  between  these  two  different  usages  of  'mean- 
ing' may  be  expressed,  if  we  do  not  press  the  terms,  as  that 
between  the  adjectival  and  the  demonstrative  significances  of 
a  name.  The  fundamental  and  important  distinction  here  is  a 
case  of  the  wider  distinction  to  be  noticed  throughout  the 
whole  investigation  of  language,  namely,  the  distinction,  on 
the  one  hand,  between  the  grammatical  determination  of  the 
symbols  and,  on  the  other  hand,  the  use  of  these  determined 
symbols  to  say  something  significant.  The  grammar  of  the 
name  is  determined  by  its  indication,  and  in  the  last  analysis 
has  to  be  established  by  some  form  of  what  Johnson  calls 
ostensive  definition.  Wittgenstein  says,  'In  order  to  recognize 
the  symbol  in  the  sign  we  must  consider  the  significant  use' 
(3.326).  But  after  the  grammar  of  a  name  has  been  estab- 
lished, it  can  be  referred  to  in  our  language  without  the  in- 
dicative use.  Thus  we  have  words  in  a  dictionary  or  in  gram- 
matical paradigms.  Neither  a  dictionary  nor  a  school  grammar 
text  contains  significant  propositions  communicating  infor- 
mation about  the  world;  they  simply  give  examples  of  gram- 
matical rules  embodied  in  the  words. 

This  distinction  of  two  meanings  of  'meaning'  helps  us, 
incidentally,  to  interpret  some  rather  puzzling  statements  in 
the  Tractatus,  for  example,  'only  in  the  context  of  a  propo- 
sition has  a  name  meaning'  (3.3).  By  'meaning'  here  is  to 
be  understood  indication,  because  if  the  name  had  not  had 
its  grammar  before  it  was  used  in  a  proposition,  we  could  not 
use  it  in  the  proposition  at  all;  propositions  can  'only  be 
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understood  when  the  meanings  of  these  signs  are  already 
known'  (3.263),  that  is,  when  the  grammar  of  the  names 
used  is  known. 

2.212  The  detailed  and  specific  investigation  of  the  ex- 
isting individual  names  or  even  of  kinds  of  names  in  actual 
languages  is  not  within  the  purpose  of  the  Tractatus,  because 
the  Tractatus  investigates  only  the  general  formal  prerequisites 
of  all  language.  How  these  prerequisites  are  embodied  in  the 
actual  living  languages  is  a  subject  matter  of  empirical  lin- 
guistics. Undoubtedly,  existing  languages  are  grammatically 
defective  and  very  complicated,  and  the  task  of  their  analysis 
would  be  immense:  'The  silent  adjustments  to  understand  col- 
loquial language  are  enormously  complicated.  .  .  .  From  it 
it  is  humanly  impossible  to  gather  immediately  the  logic  of 
language'  (4.002).  The  subject-predicate  form  of  it  is  very 
apt  to  mislead  us  into  false  analyses  of  what  is  simple  in  our 
language  into  the  complexity  of  substantive  and  adjective; 
thus,  assuming  that  'red'  and  'patch'  are  simple  elements,  the 
expression  'red  patch'  seems  to  make  the  'patch'  complex,  as 
if  'red'  were  a  part  of  it.  On  the  other  hand,  the  substantive 
form  may  mislead  us  into  taking  the  words  in  this  form  to 
be  simple  even  if  they  are  elliptic  descriptions  of  complexes, 
as  in  'Socrates'.  The  distinction  between  subject  and  predicate 
in  ordinary  language  seems  to  result  from  the  fundamental 
difference  between  two  kinds  of  names:  substantives  standing 
for  particulars,  and  terms,  standing  for  universals,  which 
characterize  particulars.  But  this  distinction  does  not,  accord- 
ing to  Wittgenstein,  apply  to  the  logical  simples  of  language: 
'In  the  atomic  fact  objects  hang  one  in  another,  like  the  mem- 
bers of  a  chain'  (2.03) ;  and  in  a  proposition  'one  name  stands 
for  one  thing,  and  another  for  another  thing,  and  they  are 
connected  together.  And  so  the  whole,  like  a  living  picture, 
presents  the  atomic  fact'  (4.0311).  Wittgenstein,  of  course, 
does  not  say  that  all  the  names  must  be  of  one  and  the  same 
type  or  kind.  What  he  says  is  that  their  relation  in  an  atomic 
proposition  is  symmetrical,  in  the  sense  that  all  the  names 
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which  occur  in  an  atomic  proposition  function  as  the  con- 
stituents of  that  proposition  in  the  same  way. 

It  is  not  clear  from  the  Tractatus  whether  our  colloquial 
languages  possess  genuine  names.  On  the  one  hand  Wittgen- 
stein says,  'Man  possesses  the  capacity  of  constructing  lan- 
guages, in  which  every  sense  can  be  expressed,  without  having 
an  idea  how  and  what  each  word  means'  (4.002) ;  that  is,  we 
manage  somehow  to  express  sense  without  using  genuine 
names.  On  the  other  hand  Wittgenstein  declares,  'All  propo- 
sitions of  our  colloquial  language  are  actually,  just  as  they  are, 
logically  completely  in  order'  (5.5563).  The  truth  underlying 
these  two  seemingly  contradictory  statements  is,  I  think,  that 
our  colloquial  language  does  on  the  whole  meet  the  formal 
requirements,  but  it  is  vague  and  confused.  It  has  terms  which 
are  used  as  simples  within  the  given  concrete  context;  and  it 
makes  sense,  even  though  not  always  precise  sense,  again 
relative  to  its  own  context. 

Wittgenstein  somewhat  neglects,  or  does  not  sufficiently 
stress,  the  relativity  of  language  to  the  context:  in  application 
the  formal  requirements  are  met  always  relative  to  the  context 
in  which  they  are  used,  and  by  enormous  'silent  adjustments' 
to  that  context.  The  names,  of  course,  might  be  of  different 
types  or  kinds,  as  for  individuals,  qualities,  and  so  on,  and  it 
would  be  a  large  empirical  problem  in  itself  to  find  out  what 
kinds  of  names  are  needed  for  a  language  confronted  by  the 
data  of  experience.  The  determinations  of  the  names  would 
be  controlled  by  purpose,  convenience,  adequacy,  and  other 
practical  considerations.  The  detailed  discussion  of  actual 
names  is,  as  I  have  already  said,  outside  the  scope  of  the 
Tractatus. 

To  sum  up  our  discussion  of  names  we  can  say  that  they 
must  possess  two  characteristics:  (1)  They  must  be  logically 
primitive  in  relation  to  our  language,  that  is,  not  further  de- 
finable in  our  symbolism;  and  (2)  they  must  be  able  to  stand 
as  signals  for  something  definite  and  unique  in  the  world; 
that  is,  they  must  have  definite  meaning.  The  important  view 
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of  the  Tractatus  in  connection  with  names  is  that  our  lan- 
guage, in  order  to  be  significant,  must  have  simple  undefinable 
terms  standing  for  definite  elements  in  our  world:  'The  postu- 
late of  the  possibility  of  the  simple  signs  is  the  postulate  of 
the  determinateness  of  the  sense'  (3.23).  With  the  actual 
names  of  living  languages  the  Tractatus  is  not  concerned. 

2.22  I  will  now  pass  to  the  other  large  division  of  symbols, 
namely  the  complex  symbols.  Complex  symbols  are,  of  course, 
constructed  out  of  relatively  simple  symbols,  and  they  have 
the  following  important  difference  of  function  as  compared 
with  the  simple  symbols:  Simple  symbols  are  signals  whose 
meaning  is  determined  once  and  for  all;  their  signification  in 
the  world  has  to  be  learned,  and  no  new  signification  can  be 
conveyed  by  them  if  they  are  taken  in  isolation.  Complex 
symbols,  on  the  other  hand,  are  expressions  and  not  mere 
signals;  they  are  capable  of  conveying  something  new,  not 
previously  determined  once  and  for  all  by  an  ostensive  defi- 
nition. 'The  meanings  of  the  simple  signs  (the  words)  must 
be  explained  to  us,  if  we  are  to  understand  them.  By  means 
of  propositions  we  explain  ourselves.  It  is  essential  to  propo- 
sitions, that  they  can  communicate  a  new  sense  to  us.  A 
proposition  must  communicate  a  new  sense  with  old  words' 
(4.026,  4.027,  4.03).  Complex  symbols  then  are  analyzable 
into  names,  and  they  express  sense  and  do  not  merely  convey 
a  fixed  meaning.  What  sense  is  I  will  discuss  presently. 

2.221  The  fundamental  and  the  only  indispensable  com- 
plex symbols  in  an  ideal  language  would  be  propositions — 
more  specifically,  atomic  propositions.  A  proposition  can  be 
called  a  complete  complex  symbol  because  it  expresses  a 
definite  sense  not  expressible  by  the  symbols  into  which  it 
can  be  analyzed.  All  other  complex  symbols  may  be  called, 
by  contrast,  incomplete  symbols.  The  term  is  due  to  Russell, 
but  in  his  treatment  it  is  ambiguous.  In  a  sense  all  symbols, 
even  names,  are  incomplete  because  they  are  the  symbols  that 
they  are  only  within  the  context  of  the  given  language. 
Furthermore,   an  incomplete  symbol  is  incomplete  in  two 
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more  specific  ways  not  clearly  separated  by  Russell.  First,  it 
is  incomplete  in  the  sense  that  it  cannot  significantly  stand 
alone  even  in  the  context  of  the  language,  but  must  be  sup- 
plemented by  some  other  symbols  of  a  suitable  kind  before  it 

acquires  significance,  as  — ,  'the  author  of  Waverley',  or  'Soc- 
rates loves'.  Just  as  in  the  meaning  of  names,  this  sort  of 
incompleteness  of  incomplete  complex  symbols  is  in  reference 
not  to  their  grammar  but  to  their  use.  Incompleteness  in  this 
sense  distinguishes  the  incomplete  symbols  from  propositions 
but  not  from  names;  a  name  taken  alone  does  not  indicate 
even  though  it  has  its  grammar:  'only  in  the  context  of  a 
proposition  has  a  name  meaning'  (3.3).  Second,  an  incom- 
plete symbol  is  incomplete  in  the  sense  that  it  can  be  analyzed 
into  other  symbols  without  any  loss  of  sense  of  the  proposition 
in  which  it  occurs;  taken  as  a  unit  an  incomplete  symbol  is 
not  a  constituent  of  the  proposition,  in  the  sense  that,  when 
the  proposition  is  completely  analyzed  into  names,  the  in- 
complete symbol  disappears.  This  second  meaning  of  incom- 
pleteness distinguishes  incomplete  symbols  from  names. 

The  incomplete  symbols  are  not  necessary  for  a  perfect 
language.  This  is  important  in  Wittgenstein,  because  for  him 
names  and  atomic  propositions  exhaust  the  indispensable 
symbols  of  language.  Of  course,  a  language  which  would 
abstain  from  use  of  incomplete  symbols  and  yet  was  intended 
to  deal  with  experience  would  be  intolerably  prolix  and  proba- 
bly practically  useless.  Any  actual  language  would  have  to 
admit  incomplete  symbols  in  the  form  of  general  names, 
classes,  descriptions,  and  so  forth.  It  is  important,  however,  to 
realize  that  incomplete  symbols  do  not  stand  for  any  entities 
in  reality,  but  are  due  entirely  to  our  linguistic  devices,  which 
are  not  theoretically  indispensable.  A  neglect  of  this  may  lead 
us  into  fruitless  and — according  to  Wittgenstein — meaning- 
less metaphysical  speculations.  But  leaving  aside  the  problem 
of  incomplete  complex  symbols,  we  must  pass  to  the  funda- 
mental and  indispensable  complex  symbols  or  propositions. 
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2.222  What  makes  propositions,  and  in  particular  atomic 
propositions,  of  paramount  importance  in  language  is  the 
fact  that  they  express  sense  and  that,  consequently,  they  can 
be  either  true  or  false.  The  formal  definition  of  the  sense  of  a 
proposition  is  given  as  follows:  'The  sense  of  a  proposition  is 
its  agreement  and  disagreement  with  the  possibilities  of  the 
existence  and  non-existence  of  the  atomic  facts'  (4.2).  Less 
formally  and  perhaps  more  clearly  the  same  view  is  expressed 
in  the  statement  that  'One  can  say,  instead  of,  This  proposition 
has  such  and  such  a  sense,  This  proposition  represents  such 
and  such  a  state  of  affairs'  (4.031 ) ;  and,  again,  in  'The  propo- 
sition shows  its  sense  .  .  .  how  things  stand,  if  it  is  true.  And 
it  says,  that  they  do  so  stand'  (4.022) .  The  sense  of  a  proposi- 
tion is  its  representation  of  how  the  things  stand,  of  the  state 
of  affairs,  from  our  point  of  view.  There  are  many  other  pas- 
sages in  the  Tractatus  illuminating  Wittgenstein's  view  on 
sense,  but  the  above  quotations  are  sufficient  for  the  present.  I 
will  discuss  this  view  of  sense  under  three  numbered  headings: 
2.2221,  2.2222,  and  2.2223. 

2.2221  First  of  all,  we  must  observe  that  the  sense  of  a 
proposition  deals  with  facts:  'A  proposition  is  the  description 
of  a  fact'  (4.023).  This  means  two  things:  (a)  First,  it  means 
that  the  sense  of  a  proposition  deals  not  merely  with  objects 
or  their  collections  in  the  world,  but  with  complexes  of  inter- 
connected objects.  A  proposition  is  a  complex  symbol  and 
deals  with  complexes  in  the  world  over  and  above  the  elements 
which  go  into  making  up  the  complexes.  'The  proposition  is 
not  a  mixture  of  words  ...  is  articulate'  (3.141).  Here 
proposition  is  contrasted  with  name.  In  this  view  Wittgenstein 
is  opposed  to  Frege,  for  whom  propositions  were  but  com- 
pounded proper  names  standing  for  either  one  of  two  objects 
— the  true  or  the  false.  For  Wittgenstein  a  proposition  is  a 
function  of  names,  but  it  itself  is  not  a  name  but  is  essentially 
a  complex  symbol.  I  will  deal  more  in  detail  with  the  essential 
complexity  of  propositions  in  my  discussion  of  propositional 
signs,  (b)  The  second  meaning  of  the  statement  that  'A  propo- 


SYMBOL    AND    SIGN  69 

sition  is  the  description  of  a  fact'  stresses  not  the  complexity 
of  propositions  but  their  reference  to  reality.  It  emphasizes 
that  the  sense  of  a  proposition  refers  to  the  possible  state  of 
affairs  in  the  world  of  perceptual  experience:  'To  understand 
a  proposition  means  to  know  what  is  the  case'  (4.024).  It  is 
only  by  virtue  of  the  fact  that  propositions  refer  to  the  world 
that  they  can  be  either  true  or  false.  If  propositions  were  mere 
sentences  not  referring  to  facts,  they  could  be  neither  true  nor 
false,  and  all  our  discourse  would  be  but  nonsignificant  jab- 
ber, even  if  it  were  performed  according  to  some  syntactic 
rules.  As  Aristotle  said,  'Yet  every  sentence  is  not  a  propo- 
sition; only  such  are  propositions  as  have  in  them  either  truth 
or  falsity'  (De  Interpretatione,  17a). 

To  bring  out  this  aspect  of  the  sense  of  a  proposition,  we 
may  put  it  in  the  form  of  a  question:  'When  do  we  know  the 
sense  of  a  proposition?'  The  answer  is  that  we  know  it  only 
when  we  are  able  to  state  the  conditions  under  which  we 
could  say  whether  the  proposition  is  true  or  false;  that  is,  if 
we  can  state  the  conditions  of  the  possible  verification  of  the 
proposition:  'in  order  to  be  able  to  say  "p"  is  true  (or  false) 
I  must  have  determined  under  what  conditions  I  call  "p" 
true,  and  thereby  I  determine  the  sense  of  the  proposition' 
{Tractatus,  4.063).  A  proposition  points  through  the  series 
of  definitions  implicit  in  its  vocabulary  and  structure  to  the 
state  of  affairs  in  the  world.  A  proposition  which  does  not  do 
so  is  senseless,  and  is  not  really  a  proposition  but  merely  a 
concoction  of  marks:  'If  a  question  can  be  put  at  all,  then  it 
can  also  be  answered'  (6.5). 

This  dependence  of  the  sense  of  a  proposition  on  possible 
experience  is  sometimes  expressed  by  saying  that  the  sense 
of  a  proposition  lies  in  its  verification,  or  more  accurately  in 
the  manner  of  its  possible  verification.  Wittgenstein  himself 
uses  the  term  'verification'  in  the  Tractatus  only  once,  when 
he  speaks  of  the  truth  grounds  of  molecular  propositions 
(5.101);  yet  this  way  of  speaking  represents  his  point  of 
view  fairly  accurately.  Only  we  must  not  confuse  this  in- 
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terpretation  of  the  sense  of  a  proposition  (as  the  manner  of  its 
possible  verification)  with  the  actual  process  of  the  verification 
of  the  truth  or  falsity  of  the  proposition.  If  we  do  not  know 
how  to  verify  a  proposition,  how  to  go  about  finding  whether 
the  proposition  is  true  or  false,  we  do  not  know  what  the 
proposition  says.  We  do  not  know  its  sense.  But  if  we  do  know 
how  to  go  about  verifying  a  proposition,  then  we  do  know 
its  sense,  even  if  for  some  practical  reason  we  cannot  actually 
proceed  to  the  verification.  The  statement  of  the  circumstances 
under  which  a  proposition  is  true,  is  the  statement  of  its 
sense,  and  nothing  else.  The  sense  of  a  proposition  is  deter- 
mined by  mere  reflection  upon  the  possible  circumstances  in 
the  world;  the  truth  is  to  be  discovered  by  an  actual  ex- 
amination of  the  world  and  depends  on  the  existence  or  non- 
existence of  these  circumstances. 

This  way  of  stating  the  nature  of  sense  of  a  proposition 
makes  it  clear  that  sensible  propositions  are  limited  to  facts. 
It  brings  out  the  distinction  between  those  sensible  propo- 
sitions whose  truth  or  falsehood  is  difficult  to  ascertain  in 
practice,  and  the  intrinsically  senseless  statements  which  su- 
perficially appear  to  be  propositions.  In  the  one  case  a  propo- 
sition does  refer  to  facts;  its  method  of  verification  is  known, 
even  if  we  cannot  carry  it  out  actually;  in  a  word,  the  propo- 
sition has  sense.  In  the  other  case  the  statement  has  no  sense, 
contains  no  instructions  for  its  own  verification,  does  not 
refer  to  facts,  is  thus  unverifiable  in  principle,  and  is  in- 
trinsically a  senseless  statement  and  not  a  proposition  at  all. 

The  method  of  verification  of  a  proposition  is  not  added 
to  the  sense  of  a  proposition,  but  is  this  sense  itself.  We  do 
not  first  understand  the  sense  of  a  proposition,  and  then  add 
a  method  of  verification  of  the  proposition;  we  cannot  search 
for  the  method  of  verification  as  something  apart  from  the 
sense.  Whenever  we  raise  a  question  about  the  method  of 
verification  of  a  proposition,  it  is  a  sign  that  we  are  not  clear 
about  the  sense  of  the  proposition.  By  clarifying  the  sense, 
we  answer  the  question  of  the  method  of  verification,  the 
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two  being  one  and  the  same  thing.  To  the  question  about  the 
method  of  verification  of  a  proposition,  the  answer  is  in  the 
clarification  of  its  sense;  and  to  the  question  about  the  sense 
of  a  proposition  there  can  be  no  other  answer  but  the  clari- 
fication of  the  proposition  itself. 

2.2222  The  second  thing  to  be  observed  in  connection 
with  the  sense  of  a  proposition  is  that  each  proposition  in  a 
perfect  language  must  have  one  fixed,  definite,  and  unique 
sense  or  method  of  verification;  it  must  describe  one  definite 
fact.  This  is  one  of  the  fundamental  principles  of  positivism: 
'There  is  one  and  only  one  complete  analysis  of  the  propo- 
sition' (3.25).  If  a  proposition  has  several  senses,  then  we 
have  not  one  but  several  propositions  misleadingly  expressed 
by  the  same  propositional  sign.  If  the  sense  of  a  proposition  is 
not  definite,  then  we  have  no  definite  proposition,  but  only  a 
vague  beginning  of  one,  and  we  ought  to  proceed  to  determine 
the  precise  sense  if  we  wish  to  have  a  full-fledged  proposition. 

The  definiteness  of  sense  is  not,  of  course,  absolute  but 
only  relative  to  our  language  and  to  the  context  in  which  a 
proposition  is  used.  Thus  our  colloquial  language,  which  is 
but  a  part  of  thought  or  language  in  the  wide  sense,  has  its 
own  internal  or  grammatical  limitations  beyond  which  it 
cannot  speak  more  definitely;  it  does  not  have  names  for  the 
brief  particulars  of  our  sense  experience,  or  for  all  the  specific 
shades  of  color  we  can  actually  distinguish.  Such  defects  can 
be,  at  least  theoretically,  removed,  and  our  colloquial  lan- 
guage may  be  made  more  adequate  to  deal  with  experience, 
may  be  made  to  approach  closer  to  the  language  of  our 
thought.  The  limits  of  language  are  imposed  internally,  by 
its  own  grammar;  the  grammar  may  be,  of  course,  modified, 
and  thus  the  limits  of  language  may  be  changed,  but  at  a 
given  state  of  language  we  cannot  sensibly  talk  in  it  about  the 
future  limits;  when  we  have  different  limits  in  language,  we 
shall  have  another  language,  of  which  at  present  we  can  say 
nothing.  But  while  there  is  no  sense  of  talking  about  the 
ultimate  or  absolute  limits  of  the  refinement  of  language  and, 
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therefore,  of  the  absolute  definiteness  of  sense,  we  can  still 
speak  of  the  definiteness  of  sense  within  the  grammatical 
limitations  of  the  given  language  and  relative  to  the  given 
context. 

On  the  one  hand  we  may  modify  the  capacity  of  language, 
improve  it,  and  thus  change  the  limitations  imposed  upon 
definiteness  of  sense  of  propositions;  on  the  other  hand,  within 
the  given  language  we  may  have  propositions  of  various 
degrees  of  definiteness  of  sense,  in  each  particular  case  ade- 
quate to  the  practical  requirements  of  the  context  in  which 
the  proposition  is  used.  But  in  every  concrete  case  our  ideal 
should  be  to  make  the  sense  of  our  propositions  perfectly 
definite  within  the  limitations  of  our  language,  and  relative 
to  the  context  and  the  purpose  in  hand.  A  fringe  of  vague- 
ness is,  probably,  humanly  unavoidable  in  practice,  but  it 
must  not  lead  to  any  ambiguity  of  the  sense  if  we  are  to  meet 
the  requirements  of  good  language.  I  say  to  my  friend,  'My 
pen  is  on  the  table';  here  the  make  of  the  pen,  its  color,  its 
cost,  on  what  part  of  the  table  it  lies,  in  what  direction  it 
points,  and  so  on,  are  all  left  quite  indeterminate  in  my  state- 
ment; and  yet  the  sense  of  my  statement  is  perfectly  deter- 
minate within  the  limits  of  the  English  language,  and  relative 
to  the  circumstances  in  which  it  is  made.  No  ambiguity  arises 
as  to  the  precise  sense  of  this  statement  within  the  context 
in  which  it  is  used,  and  my  statement  therefore  complies  with 
the  formal  demand  for  definiteness  of  sense.  When  I  state 
the  day,  the  month,  and  the  year  of  my  birth,  my  statement  is 
regarded  by  the  immigration  official  as  perfectly  definite,  and 
he  does  not  raise  any  questions  of  the  exact  minute  of  my 
arrival  in  this  world,  nor  of  the  meaning  of  time. 

The  senses  of  our  propositions  are,  unfortunately,  even  in 
practice  not  always  sufficiently  clear  and  determinate,  and  we 
are,  therefore,  often  obliged  to  proceed  to  clarify  them  and 
make  them  more  determinate.  This  activity  of  clarifying  and 
determining  the  sense  of  our  propositions  is,  according  to 
Wittgenstein,  the  philosophical  activity:  'The  object  of  phi- 
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losophy  is  the  logical  clarification  of  thoughts.  .  .  .  Philoso- 
phy should  make  clear  and  delimit  sharply  the  thoughts  which 
otherwise  are,  as  it  were,  opaque  and  blurred'  (4.112). 

2.2223  The  third  important  thing  to  be  observed  in  con- 
nection with  the  sense  of  propositions  is  that  the  sense  is 
logically  independent  of  the  existence  of  the  fact  it  is  about: 
'The  picture  represents  what  it  represents,  independently  of 
its  truth  or  falsehood'  (2.22).  The  sense  of  a  proposition 
deals  with  'the  possibilities  of  the  existence  and  non-existence 
of  the  atomic  facts'  and  not  with  the  actual  facts  (4.2).  'To 
the  proposition  belongs  .  .  .  the  possibility  of  what  is  pro- 
jected but  not  this  itself'  (3.13).  'One  can  .  .  .  understand 
[the  proposition]  without  knowing  whether  it  is  true  or  not' 
(4.024). 

2.22231.  This  independence  follows  first  of  all  from  the 
very  nature  and  function  of  propositions.  The  proposition  is 
a  definite  connection  of  names.  Molecular  propositions  re- 
quire logical  constants  in  addition  to  names,  but  for  our 
purpose  here  we  may  restrict  ourselves  to  atomic  propositions; 
and  an  atomic  proposition  is  'a  connexion,  a  concatenation, 
of  names'  (4.22).  And  here  we  must  stress  the  fundamental 
differences  between  names  and  propositions  in  their  natures 
and  functions.  A  name  has  a  fixed  meaning,  which  must  be 
established  by  the  ostensive  definition,  that  is,  by  some  actual 
connection  between  the  sign  of  the  name  and  the  object  in 
our  experience  for  which  this  name  is  to  stand;  and  the  func- 
tion of  the  name  is  to  stand  as  a  signal  for  the  object.  A 
proposition,  on  the  other  hand,  is  not  established  by  an  actual 
association  of  it  with  the  fact  which  it  is  to  express,  but  is 
constructed  out  of  the  already  established  names;  and  its 
function  is  not  to  stand  as  a  signal  for  the  fact  with  which  we 
are  already  acquainted,  but  to  express  or  represent  new  facts: 
'It  is  essential  to  propositions,  that  they  communicate  a  new 
sense  to  us  .  .  .  with  old  words'  (4.027,  4.03).  If  the  sense 
of  a  proposition  were  dependent  upon  the  fact  it  represents, 
then  in  order  to  determine  the  sense  we  should  have  to  be 
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acquainted  with  the  fact  before  making  the  proposition  about 
it;  then  we  could  make  no  propositions  about  facts  with  which 
we  as  yet  were  not  acquainted,  and  our  language  would  be 
reduced  to  a  system  of  signals  denoting  specific  objects  and 
facts  of  our  old  acquaintance. 

While  the  names  that  go  into  the  making  of  a  proposition 
are  old,  with  fixed  grammar,  their  connection  may  be  new. 
Expressed  in  a  different  way  this  means  that  the  words  in  a 
proposition  are  connected  by  relations  external  to  the  names, 
in  the  sense  that  the  proposition  cannot  be  deduced  merely 
from  the  grammar  of  its  names;  the  names  put  in  a  certain 
arrangement  produce  a  whole  with  a  new  character  because 
the  relations  in  which  the  names  are  put  in  the  proposition  are 
added  to  the  names  arbitrarily.  This  connection  of  the  names 
resulting  in  a  definite  proposition  is,  within  the  limitations  of 
the  grammar  of  language,  arbitrary  and  can  be  made  without 
experiencing  the  facts  expressed  by  the  proposition.  It  is  quite 
possible  to  make  connections  of  names  which  do  not  represent 
the  actual  facts  at  all,  because  there  may  be  no  facts  in  which 
the  objects  named  by  the  names  occurring  in  our  propositions 
are  connected  in  the  ways  in  which  these  names  are  connected 
in  our  propositions.  'In  the  proposition  a  state  of  affairs  is,  as 
it  were,  put  together  for  the  sake  of  experiment'  (4.031). 
'Everything  we  can  describe  at  all  could  also  be  otherwise' 
(5.634).  There  is  no  contradiction  in  saying  that  a  propo- 
sition has  sense,  describes  a  fact,  when  there  is  no  fact  thus 
described  in  the  world,  just  as  there  is  no  contradiction  in 
saying  that  a  certain  rule  of  the  game  is  valid  even  if  no  one 
ever  obeys  it,  or  of  having  a  wish  which  is  never  fulfilled. 
It  is  thus  possible  to  describe  what  does  not  exist;  such 
descriptions  do  not  describe  something  unreal,  but  they  do 
describe  what  is  nothing  at  all. 

In  this  fundamental  distinction  between  names  and  propo- 
sitions Wittgenstein  is  opposed  in  particular  to  Frege,  for 
whom  propositions  were  but  compounded  names  (3.143, 
5.02).  But  for  Wittgenstein  'states  of  affairs  can  be  described 


SYMBOL    AND    SIGN  75 

but  not  named  (3.144).  In  particular,  in  connection  with 
names  we  cannot  speak  of  truth  or  falsity.  We  can  say  many 
things  about  names — that  they  are  suitable  or  not,  convenient 
or  otherwise,  and  so  on — but  not  whether  they  are  true  or 
false.  But  the  propositions,  in  contrast  to  the  names,  do 
possess  this  duality  of  truth  and  falsehood,  and  that  is  due  to 
the  fact  that  they  are  complex  constructs.  The  possibility  of 
false  propositions  offers  another  argument  in  support  of  the 
view  that  the  sense  of  a  proposition  is  independent  of  facts, 
and  I  pass  now  to  a  detailed  exposition  of  that  argument. 

2.22232  Wittgenstein  holds  the  so-called  correspondence 
theory  of  truth.  Truth  or  falsity  of  the  proposition  consists  in 
'the  agreement  or  disagreement  of  its  sense  with  reality' 
(2.222),  and  thus  depends  upon  the  existence  or  nonexistence 
of  the  facts  described  by  the  proposition:  'In  order  to  discover 
whether  the  picture  is  true  or  false  we  must  compare  it  with 
reality'  (2.223);  and  'There  is  no  picture  which  is  a  priori 
true'  (2.225). 

If  we  accept  this  theory  of  truth,  and  yet  insist  on  the  de- 
pendence of  the  sense  of  propositions  upon  the  existence  of 
the  facts  they  represent,  then,  in  order  to  account  for  the 
false  propositions,  we  should  have  to  postulate  one  of  the 
following:  (a)  the  existence  of  false  or  unreal  facts  cor- 
responding to  the  false  proposition,  in  the  same  way  as  the 
true  or  real  facts  correspond  to  the  true  propositions;  or  (b) 
two  different  kinds  of  relation  between  the  propositions  and 
the  facts  they  represent,  one  occurring  in  the  case  of  the  true 
propositions,  the  other  in  the  case  of  the  false  propositions. 

The  first  alternative  is  so  incredible  that  it  seems  to  be  suf- 
ficient merely  to  state  it  in  order  to  have  it  rejected.  A  'false 
fact'  really  is  an  absurdity,  even  though  such  a  man  as 
Meinong  seems  to  have  considered  it  in  all  seriousness,  and 
even  though  Russell  himself  took  pains  to  argue  against  the 
absurdity  in  his  polemic  with  Joachim.  Wittgenstein,  of  course, 
rejects  it:  'The  propositions  "p"  and  "~p"  have  opposite 
senses,  but  to  them  corresponds  one  and  the  same  reality' 
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(4.0621).  Facts  can  be  neither  true  nor  false,  and  "an  unreal 
fact"  is  a  self-contradictory  notion.  Besides  rejecting  false 
facts  on  the  ground  of  their  absurdity,  we  have  to  reject  them 
also  if  we  wish  to  retain  the  very  distinction  between  truth 
and  falsehood;  their  admission  would  completely  obliterate 
the  whole  difference  between  the  two.  But  let  us  pass  to  the 
consideration  of  the  second  alternative. 

The  second  alternative  assumes  that  there  are  two  different 
independent  relations  between  propositions  and  the  facts  they 
represent;  one  holds  for  true  propositions,  the  other  for  false 
propositions.  All  the  facts  are  considered  to  be  equally  real 
on  this  alternative,  as  contrasted  with  the  first  one.  But  this 
second  alternative  is  also  rejected  by  Wittgenstein: 

If  one  does  not  observe  that  propositions  have  a  sense  independent 
of  the  facts,  one  can  easily  believe  that  true  and  false  are  two 
relations  between  signs  and  things  signified  with  equal  rights.  One 
could  then,  for  example,  say  that  'p'  signifies  in  the  true  way  what 
'/-  p'  signifies  in  the  false  way,  etc.  Can  we  not  make  ourselves 
understood  by  means  of  false  propositions  as  hitherto  with  true 
ones,  so  long  as  we  know  that  they  are  meant  to  be  false?  No! 
(4.061,  4.062). 

This  seems  to  be  quite  conclusively  a  rejection  by  Wittgen- 
stein of  the  second  alternative.  But  I  will  try  to  make  the 
reasons  for  this  rejection  a  little  clearer,  since  Russell  for  a 
while  advocated  this  second  view,  and  even  ascribed  it  to 
Wittgenstein. 

The  truth  value  of  the  proposition  depends  upon  the  cor- 
respondence or  noncorrespondence  of  its  sense  with  the  fact 
it  expresses;  but  it  is  important  to  note  that  on  Wittgenstein's 
view  we  can  understand  the  proposition  without  empirical 
ascertainment  of  its  truth  value:  'One  can  .  .  .  understand 
it  without  knowing  whether  it  is  true  or  not'  (4.024).  Here, 
however,  we  must  make  a  distinction:  while  the  understand- 
ing of  a  proposition  does  not  require  knowledge  of  its  actual 
truth  value,  it  always  involves  the  formal  truth  claim  of  the 
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proposition.  The  sense  of  a  proposition  always  tacitly  claims 
its  own  truth,  never  falsehood:  'The  proposition  shows  how 
things  stand,  if  it  is  true.  And  it  says,  that  they  do  so  stand' 
(4.022).  The  truth  claim  is  an  intrinsic  aspect  of  the  sense  of 
the  proposition;  a  proposition  represents  the  fact  and  at  the 
same  time  tacitly  claims  that  this  representation  is  true.  We 
might,  perhaps,  call  this  truth  claim  the  logical  self-assertion 
of  the  proposition.  How  far  this  truth  claim  is  justified  is 
another  matter;  it  depends  not  only  on  the  sense  of  the  propo- 
sition with  its  truth  claim,  but  also  on  the  actual  state  of 
affairs.  But  the  sense  of  the  proposition,  we  repeat,  is  always 
put  forward  as  true;  otherwise,  in  order  to  understand  what 
the  proposition  says,  we  would  need  not  only  to  understand 
its  sense  but  also  to  know  whether  it  is  to  be  considered  as 
true  or  false,  and  also  whether  this  first  consideration  in  its 
turn  is  to  be  considered  as  true  or  false,  and  so  on,  indefinitely. 
Every  proposition,  even  a  false  one  or  one  'merely  considered' 
always  makes  a  truth  claim  in  this  sense.  As  W.  E.  Johnson 
puts  it,  'the  consideration  of  the  proposition  p  is  indistinguish- 
able from  the  consideration  of  the  proposition  p  as  being  true' 
{Logic,  Parti,  p.  52). 

Thus  the  formal  truth  claim  of  its  own  truth  is  an  intrinsic 
or  formal  property  of  the  sense  of  every  proposition.  On  the 
other  hand,  the  formal  claim  of  its  own  falsehood  is  not  only 
not  intrinsic  to  the  sense  of  the  proposition,  but  is  logically 
impossible.  That  p  is  false  can  be  said  by  some  other  propo- 
sition which  is  about  the  possible  truth  values  of  p,  but  not 
by  p  itself.  We  cannot  make  propositions  which  involve  their 
falsehood  in  their  own  sense.  The  proposition  can  say  only 
what  it  says  and  not  the  opposite  of  it,  and  it  always  formally 
says  that  it  is  true.  The  notion  of  truth  is  fundamental  to  the 
sense  of  any  proposition. 

And  now  we  can  see  more  clearly  why  we  should  not  ac- 
cept the  theory  that  'true  and  false  are  two  relations  between 
signs  and  things  signified  with  equal  rights'  (4.061).  The 
truth  of  the  proposition  consists  in  the  correspondence  be- 
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tween  the  sense  of  the  proposition  and  the  fact  it  represents; 
the  truth  claim  of  a  true  proposition  is  in  accord  with  the 
actual  state  of  affairs.  The  falsehood  of  the  proposition  is 
not  due  to  another  and  independent  relation  of  correspond- 
ence between  the  proposition  and  the  fact.  It  does  not  consist 
in  the  correspondence  between  the  impossible  sense  of  the 
proposition's  claiming  its  own  falsehood  on  one  hand,  and 
the  fact  on  the  other.  There  can  be  no  such  correspondence 
simply  because  there  can  be  no  such  proposition  claiming  its 
own  falsity.  Falsehood  is  simply  a  lack  or  absence  of  cor- 
respondence, is  noncorrespondence  between  the  proposition 
and  the  facts;  it  is  a  failure  of  the  truth  claim  of  the  propo- 
sition to  be  justified  by  the  state  of  affairs,  and  not  a  justifica- 
tion of  the  impossible  claim. 

Of  course,  the  formal  definition  of  the  concept  of  truth  as 
correspondence  between  the  symbol  and  what  is  symbolized 
is  presupposed  in  all  this  discussion.  This  discussion  merely 
attempts  to  bring  out  that  the  concept  of  falsehood  is  not  an 
independent  concept  but  is  derivative  from  the  concept  of 
truth.  The  discussion  merely  elucidates  these  concepts.  The 
true  and  the  false  then  are  not  'two  relations  .  .  .  with  equal 
rights'.  And  thus  the  second  alternative  of  the  double  relation 
between  propositions  and  facts  is  to  be  rejected. 

Russell  in  The  Analysis  of  Mind,  while  discussing  truth  and 
falsehood,  ascribes  to  Wittgenstein  this  second  alternative,  so 
explicitly  rejected  in  the  Tractatus.  Either  Russell  misunder- 
stood Wittgenstein,  or  else  Wittgenstein  in  the  Tractatus 
changed  his  view  on  the  subject.  As  The  Analysis  of  Mind 
was  written  before  the  English  publication  of  the  Tractatus, 
the  second  explanation  is  probably  the  correct  one.  Be  that  as 
it  may,  Russell  here  contradicts  Wittgenstein's  view  as  ex- 
pressed in  the  Tractatus,  and  it  may  be  instructive  to  examine 
Russell's  view. 

Russell  says:  'The  objective  reference  of  a  proposition  is 
a  function  ...  of  the  meanings  of  its  component  words.  But 
.  .  .  differs  from  the  meaning  of  a  word  through  duality  of 
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truth  and  falsehood'  (Analysis  of  Mind,  pp.  271-75).  Then 
Russell  gives  his  first  account  of  this  duality  of  propositions: 
'In  order  to  define  the  reference  of  a  proposition  we  have  to 
take  account  not  only  of  the  objective  fact,  but  also  of  the 
direction  of  pointing,  towards  the  objective  in  the  case  of  a 
true  proposition  and  away  from  it  in  the  case  of  a  false  one' 
(p.  272).  This  'pointing'  is  done  by  'the  direction  of  the 
belief  towards  or  away  from  the  fact'  (p.  272).  We  notice 
that  on  this  view  the  belief  is  not  incorporated  in  what 
Wittgenstein  calls  the  sense  of  a  proposition,  but  is  an  attitude 
taken  toward  the  proposition  and  is  external  to  the  propo- 
sition; this  is  in  accord  with  what  Russell  says  in  his  chapter 
on  'Belief.  But,  then,  to  determine  the  'pointing'  of  the  belief 
we  must,  on  this  view,  know  beforehand  whether  the  propo- 
sition is  true  or  false;  that  is,  before  we  can  direct  or  'point' 
our  belief,  we  must  know  not  only  the  sense  of  the  propo- 
sition but  also  the  actual  state  of  affairs  concerned.  Russell 
himself  realizes  this  consequence  of  his  view,  and  finds  it  to 
be  a  'practical  inconvenience'  (p.  272);  and  he  proposes 
(p.  273)  to  avoid  this  'inconvenience'  by  adopting  'a  slightly 
different  phraseology'.  He  proposes  now  to  speak  of  the 
'meaning'  of  the  proposition  as  itself  consisting  of  the  'point- 
ing' to  or  away  from  the  actual  state  of  affairs,  depending  on 
whether  the  proposition  is  true  or  false.  The  'pointing',  we 
notice,  is  now  to  be  done  not  by  the  'belief  external  to  the 
proposition,  but  by  the  'meaning'  of  the  proposition  itself.  By 
this  'phraseological'  change,  so  Russell  claims,  'we  are  able  to 
speak  now  of  the  meaning  of  the  proposition  without  know- 
ing whether  it  is  true  or  false',  and  we  'know  the  meaning 
of  a  proposition  when  we  know  what  would  make  it  true  and 
what  would  make  it  false,  even  if  we  do  not  know  whether  it 
is  in  fact  true  or  false'  (p.  273).  This  is  the  second  account 
of  his  view  on  the  duality  of  truth  and  falsehood.  Now  Russell 
can  say: 

The  meaning  of  a  proposition  is  derivative  from  the  meanings  of 
its  constituent  words.  Propositions  occur  in  pairs,  distinguished 
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(in  simple  cases)  by  the  absence  or  presence  of  the  word  'not'. 
Two  such  propositions  have  the  same  objective,  but  opposite 
meanings:  when  one  is  true  the  other  is  false,  and  when  one  is 
false  the  other  is  true  (p.  273). 

My  criticism  of  Russell  here  is  that  in  passing  from  the 
first  to  the  second  account  of  his  view,  Russell  has  really 
fundamentally  changed  the  view  itself,  and  not  merely  adopted 
'a  slightly  different  phraseology'.  First  of  all,  the  'meaning' 
of  a  proposition,  that  is,  what  Wittgenstein  calls  its  sense,  has 
in  Russell's  second  account  absorbed  the  'pointing,'  which  in 
the  first  account  was  considered  to  be  separate  from  the 
proposition.  The  'pointing'  is  now  transferred  to  the  propo- 
sition itself,  and  does  not  any  longer  belong  to  the  external 
attitudes  to  be  taken  toward  it.  Second,  this  'pointing'  or  ref- 
erence of  the  'meaning'  of  the  proposition  is  now  determined 
without  prior  knowledge  of  the  truth  value  of  the  proposition 
and  is  derived  from  the  meanings  of  the  words,  the  meaning 
here  being  used  in  the  sense  of  the  grammar  of  the  words, 
not  their  indication.  This  logical  independence  of  the  deter- 
mination of  the  reference  of  the  sense  of  the  proposition  from 
the  actual  state  of  affairs  is  the  most  important  difference  for 
us  in  Russell's  second  view  as  contrasted  with  his  first.  If  we 
try  to  consider,  as  Russell  proposes,  his  second  view  as  merely 
a  verbal  variant  of  the  first,  then  Russell's  own  criticism  of 
his  first  view  must  still  hold  good  of  the  second  view  as  well, 
and  the  'meaning'  of  the  proposition  must  remain  dependent 
upon  a  prior  acquaintance  with  the  actual  state  of  affairs 
described  by  the  proposition — exactly  the  opposite  of  what 
Russell  claims  for  his  second  'version'  (p.  273).  On  the  second 
view,  however,  we  need  no  acquaintance  with  the  facts  in 
order  to  determine  the  sense  of  the  proposition;  the  sense  is 
now  logically  independent  of  the  fact  the  proposition  repre- 
sents— and  that  is  the  view  of  Wittgenstein. 

2.2224  I  will  now  summarize  my  whole  discussion  of  sense. 
First,  the  sense  of  the  proposition  refers  to  the  fact,  the  fact 
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which  would  verify  the  proposition  if  it  were  true.  Second,  the 
sense  of  the  proposition  must  be  definite  and  unambiguous 
relative  to  the  context  of  the  discourse  in  which  it  is  used;  if  we 
understand  the  proposition,  we  know  definitely  to  what  fact  it 
refers,  and  if  we  proceed  to  the  actual  verification  of  the  propo- 
sition we  know  how  to  recognize  that  fact  and  not  confuse  it 
with  any  other  facts.  Third,  the  sense  of  the  proposition  is  in- 
dependent of  the  actual  state  of  affairs,  of  the  existence  of  the 
fact  it  describes;  the  existence  or  nonexistence  of  the  fact  has 
no  effect  on  the  sense  of  the  proposition,  but  decides  only  its 
actual  truth  value.  Let  us  take  for  an  illustration  the  proposi- 
tion 'The  pen  is  on  the  table'.  First  of  all,  this  proposition 
refers  to  the  fact  of  the  pen's  being  on  the  table;  it  describes  a 
possible  state  of  affairs  in  the  world  concerning  the  pen  and 
the  table.  Second,  if  we  use  this  proposition  correctly,  that  is, 
in  a  proper  context,  as  in  a  police  court,  the  sense  of  the 
proposition  is  definite  and  unambiguous;  we  know  then  what 
pen  and  what  table  it  refers  to,  and  what  fact  in  connection 
with  the  pen  and  the  table  it  describes;  we  are  given  definite 
instructions  of  how  and  where  to  look  for  the  pen,  if  we  wish 
to  look  for  it;  namely,  we  are  to  look  for  the  pen  on  the  table, 
and  not  to  turn  away  from  the  table  in  looking  for  the  pen. 
The  fringe  of  indeterminateness  in  our  descriptions  of  the  pen, 
the  table,  and  their  actual  positions  is  inevitable,  but  it  must 
be  within  the  limits  permitted  by  the  context  in  which  the 
proposition  is  used,  and,  if  it  remains  within  these  limits,  then 
the  sense  of  the  propositon  is  quite  definite  in  that  context. 
And,  third,  we  can  understand  the  proposition  regardless  of 
whether  the  pen  is  actually  on  the  table  or  not.  If  I  proceed 
to  the  actual  verification  of  the  proposition,  I  will  go  to  the 
table  and  look  for  the  pen  on  it.  If  I  find  no  pen  there,  the 
sense  of  my  original  proposition  does  not  therewith  change; 
it  still  refers  to  the  pen  on  the  table,  and  it  still  claims  that 
the  pen  is  on  the  table,  even  though  I  now  find  empirically 
that  there  is  no  pen  on  the  table  and  that,  therefore,  the  prop- 
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osition  is  false.  Whether  the  fact  to  which  the  proposition 
refers  exists  or  does  not  exist  has  no  effect  on  the  sense  of  the 
proposition,  but  only  on  its  truth  value. 

Thus,  the  sense  of  the  proposition  refers  to  the  fact,  this 
reference  is  quite  definite  relative  to  the  context  in  which  it 
is  used  correctly,  and  it  is  not  affected  by  the  actual  state  of 
affairs  in  the  world. 

2.23  In  my  discussion  of  the  complex  symbols,  or,  more 
accurately,  of  the  complete  complex  symbols  or  propositions, 
I  have  so  far  restricted  myself  to  the  discussion  of  their  sense. 
Now  I  wish  to  discuss  the  means  used  in  expressing  the  sense 
of  propositions,  namely,  the  propositional  signs:  'The  sign 
through  which  we  express  the  thought  I  call  the  propositional 
sign'  (3.12).  The  propositional  sign  consists  of  names  con- 
nected in  a  definite  way:  'The  propositional  sign  consists  in 
the  fact  that  its  elements,  the  words,  are  combined  in  it  in  a 
definite  way'  (3.14).  And  the  proposition  is  the  propositional 
sign  in  use,  that  is,  the  propositional  sign  interpreted  accord- 
ing to  the  grammar  of  our  language:  'The  proposition  is  the 
propositional  sign  in  its  projective  relation  to  the  world' 
(3.12) ;  'The  proposition  is  a  model  of  the  reality  as  we  think 
it  is'  (4.01). 

2.231  There  is  a  fundamental  difference  between  the 
signs  used  in  names  or  simple  symbols  and  propositional  signs. 
Simple  signs  can  be  chosen  entirely  arbitrarily,  and  they  be- 
come symbols  through  the  convention  or  association  of  the 
sign  with  the  object  signified  by  the  symbol.  Their  own  char- 
acter as  physical  existents  is  accidental  and  logically  irrelevant 
to  the  symbol.  A  propositional  sign  is  constructed  out  of 
simple  signs  or  words,  and,  insofar  as  the  nature  of  these  signs 
is  irrelevant,  its  nature  is  also  irrelevant  to  the  proposition  in 
which  it  is  used;  that  is,  the  specific  physical  make-up  of  the 
sign  is  irrelevant  to  the  proposition:  'Accidental  are  the  fea- 
tures which  are  due  to  a  particular  way  of  producing  the 
propositional  sign'  (3.34).  But — and  this  is  the  fundamental 
characteristic  of  the  propositional  signs  as  contrasted  with  the 
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simple  signs — the  prepositional  signs  also  possess  essential 
features,  which  cannot  be  changed  without  destroying  the 
propositional  signs.  These  essential  features  are  connected  with 
the  very  essence  of  the  propositions,  namely,  with  the  expres- 
siveness of  their  sense:  'Essential  [features  of  the  propositional 
sign]  are  those  which  alone  enable  the  proposition  to  express 
its  sense'  (3.34).  While  the  physical  nature  of  the  simple  signs 
which  go  into  making  the  propositional  sign  may  be  chosen 
quite  arbitrarily,  the  connection  into  which  they  are  put  in 
the  propositional  sign  is  intimately  connected  with  the  sense 
of  the  proposition  we  are  to  express  by  this  sign.  In  other 
words,  while  the  physical  nature  of  the  propositional  sign  is 
irrelevant  to  the  proposition,  its  structure,  that  is,  the  way  in 
which  its  elements  are  put  together,  is  essential:  'The  sign  of 
the  complex  is  not  arbitrarily  resolved  in  the  analysis,  in  such 
a  way  that  its  resolution  would  be  different  in  every  proposi- 
tional structure'  (3.3442).  It  is  only  by  virtue  of  having  the 
particular  structure  that  the  sign  can  be  used  in  the  proposition 
to  represent  the  fact.  It  is  only  because  the  structures  of  the 
propositional  sign  and  the  fact  represented  by  the  proposition 
have  the  same  form  that  the  proposition  can  represent  the  fact: 
'That  the  elements  of  the  picture  are  combined  with  one 
another  in  a  definite  way,  represents  that  the  things  are  so 
combined  with  one  another'  (2.15).  Thus  'The  gramophone 
record,  the  musical  thought,  the  score,  the  waves  of  sound,  all 
stand  to  one  another  in  that  pictorial  internal  relation,  which 
holds  between  language  and  the  world.  To  all  of  them  the 
logical  structure  is  common.  .  .  .  They  are  all  in  a  certain 
sense  one'  (4.014). 

Form  is  an  essential  or  internal  property  of  propositions 
and  propositional  signs.  Names  do  not  have  to  stand  in  the 
relations  in  which  they  actually  stand  in  a  proposition;  they 
remain  the  same  names  in  other  propositions,  in  other  rela- 
tions; their  grammar  does  not  require  that  they  stand  in  any 
particular  relation,  be  used  in  any  particular  proposition;  the 
form  of  the  proposition  is  external  to  the  names.  But  a  propo- 
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sition  would  not  be  the  proposition  it  is  if  the  names  did  not 
stand  in  that  particular  relation  to  one  another  in  which  they 
do  stand  in  the  proposition;  the  form  in  which  the  names  are 
related  in  the  proposition  is  essential  or  internal  to  the  propo- 
sition: 'As  the  description  of  an  object  describes  it  by  its  ex- 
ternal properties  so  propositions  describe  reality  by  its  internal 
properties'  (4.023),  that  is,  by  copying  the  form  of  the  facts. 
'The  picture  has  the  logical  form  of  representation  in  common 
with  what  it  pictures'  (2.2). 

Thus,  we  cannot  entirely  arbitrarily  assign  a  propositional 
sign  to  the  proposition  because  the  sign  must  have  the  struc- 
ture of  the  special  form  required  by  the  proposition,  no  mat- 
ter of  what  material  the  sign  is  made.  If  this  were  not  the  case, 
then  the  proposition  would  not  represent  the  fact,  but  would 
merely  denote  it  as  a  signal;  and,  while  we  often  do  use  cer- 
tain signals,  in  codes,  shorthand,  and  so  on,  to  denote  the 
kind  of  facts  with  which  we  are  already  familiar,  a  proposition 
is  essentially  more  than  a  signal,  because  it  can  be  used  to 
convey  new  information,  to  express  new  sense:  'It  is  essential 
to  propositions,  that  they  can  communicate  a  new  sense  to  us' 
(4.027).  This  expressiveness  of  the  proposition  depends  upon 
its  form:  a  symbol  which  can  express  something  must  have 
at  least  form  in  common  with  that  something.  And  the  prop- 
ositional sign  used  in  expressing  the  proposition  must  have  a 
structure  of  the  same  form  as  the  proposition:  'In  order  to  be 
a  picture  a  fact  [a  propositional  sign]  must  have  something  in 
common  with  what  it  pictures.  In  the  picture  and  the  pictured 
there  must  be  something  identical  in  order  that  the  one  can 
be  a  picture  of  the  other  at  all.  What  the  picture  must  have 
in  common  with  reality  in  order  to  be  able  to  represent  it  .  .  . 
is  its  form  of  representation'  (2.16,  2.161,  2.17). 

2.232  The  form  of  a  proposition  is  what  is  common  both 
to  the  structure  of  the  fact  represented  by  the  proposition  and 
to  the  structure  of  the  propositional  sign  by  which  the  propo- 
sition is  expressed;  but  by  itself  it  is  but  an  abstraction  and 
does  not  exist  apart  from  its  instances  in  particular  facts, 
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apart  from  the  content  in  which  it  is  embodied.  As  Aristotle 
said,  'The  "form"  means  the  "such",  and  is  not  a  "this" — a 
definite  thing'  {Metaphysics,  1033b20). 

2.2321  Wittgenstein  distinguishes  structure  from  form. 
The  distinction  is  not  clear  but  seems  to  be  something  like  that 
between  relation  and  relational  property  in  G.  E.  Moore. 
Form,  it  seems,  is  the  possibility  of  the  general  concept  of 
structure,  and  structure  an  instance  of  the  form  embodied  in 
a  concrete  case:  'The  way  in  which  objects  hang  together  in 
the  atomic  fact  is  the  structure  of  the  atomic  fact.  The  form 
is  the  possibility  of  the  structure'  (2.032,  2.033).  The  struc- 
ture of  a  fact  is  a  property  of  that  fact  inseparable  from  the 
fact;  form  is  an  abstraction  from  the  structure  of  the  fact  in 
which  it  is  found,  and  thus  it  can  be  present  in  the  proposi- 
tional  sign  as  well  as  in  the  fact  which  the  proposition  repre- 
sents. It  is  only  by  virtue  of  the  universality  of  form  that  a 
proposition  can  express  a  fact  numerically  distinct  from  the 
propositional  sign  used  in  the  proposition.  However,  the  dis- 
tinction between  the  structure  and  the  form  is  not  clear,  and 
I  will  therefore  not  attempt  to  use  the  two  terms  in  clearly 
distinct  ways.  Consequently,  as  far  as  the  form  is  concerned 
I  will  not  in  my  discussion  always  make  the  distinction  be- 
tween the  form  of  the  propositional  sign  and  the  form  of  the 
proposition. 

Wittgenstein  also  distinguishes  between  form  and  logical 
form;  the  difference  between  the  two  seems  to  lie  in  the  degree 
of  abstractness  or  purity.  There  seem  to  be  spatial  forms, 
colored  forms,  and  so  on:  'The  picture  can  represent  every 
reality  whose  form  it  has.  The  spatial  picture,  everything  spa- 
tial, the  coloured,  everything  coloured,  etc'  (2.171).  But 
there  are  also  logical  forms  of  language  which  are  involved 
in  every  special  form  as  well:  'What  every  picture,  of  whatever 
form,  must  have  in  common  with  reality  in  order  to  be  able 
to  represent  it  at  all  .  .  .  is  the  logical  form,  that  is,  the 
form  of  reality'  (2.18).  The  logical  form  is,  then,  what  is 
completely  separate  from  the  nature  of  the  material  the  Ian- 
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guage  uses  for  its  propositional  signs,  something  that  can  be 
present  in  every  material  in  the  world.  In  addition  to  logical 
form  the  picture  may  have  other  features  in  common  with 
the  pictured,  for  example,  both  may  be  spatial;  but  the  mate- 
rial of  the  picture  may  also  differ  from  that  of  the  fact  pic- 
tured, as  when  the  picture  is  in  sound  and  the  fact  it  depicts  is 
spatial,  and  then  the  picture  and  the  fact  have  only  the  form 
in  common,  merely  the  expressibility  of  one  through  the  other, 
apart  from  any  qualitative  similarity  in  the  materials  of  both. 
Logical  form  is  essential  to  the  proposition,  whereas  the  other 
forms  are  merely  accidental:  'A  proposition  possesses  essen- 
tial and  accidental  features.  Accidental  are  the  features  which 
are  due  to  a  particular  way  of  producing  the  propositional 
sign.  Essential  are  those  which  alone  enable  the  proposition 
to  express  its  sense  .  .  .  that  which  is  common  to  all  propo- 
sitions which  can  express  the  same  sense'  (3.34,  3.341).  For 
example,  a  Chinese  man  expresses  a  proposition  orally  in 
Chinese;  another  Chinese  puts  it  into  Chinese  written  ideo- 
grams; then  a  Chinese- American  translates  the  proposition 
into  written  English;  then  a  technician  puts  it  into  the  medium 
of  Braille;  a  blind  person  reads  the  proposition  by  touch  and 
understands  it.  The  sense  has  passed  through  a  series  of  signs, 
each  one  constructed  out  of  different  materials;  what  is  com- 
mon to  all  of  them  is  the  logical  form  of  the  proposition. 
Similarly,  communication  might  be  established  between,  say, 
Martians  and  ourselves  by  radio,  even  if  Martians'  sense  ex- 
periences are  different  from  ours. 

2.2322  Although  we  can  give  merely  a  formal  definition 
of  form  of  propositions  as  that  which  is  common  to  two  facts, 
one  of  which  can  serve  to  represent  the  other,  it  is  impossible 
to  tell  in  significant  propositions  what  the  logical  form  is. 
Form  is  ultimately  inexpressible  and  is  a  part  of  what  Witt- 
genstein calls  the  'mystic',  of  which  I  shall  speak  in  Chap.  4: 

Propositions  can  represent  the  whole  reality,  but  they  cannot  rep- 
resent what  they  must  have  in  common  with  reality  in  order  to  be 
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able  to  represent  it — the  logical  form.  To  be  able  to  represent  the 
logical  form,  we  should  have  to  be  able  to  put  ourselves  with  the 
propositions  outside  .  .  .  the  world.  .  .  .  That  which  expresses 
itself  in  language,  we  cannot  express  by  language.  The  propositions 
show  the  logical  form  of  reality.  They  exhibit  it  (4.12,  4.121). 

Ultimately  form  must  be  grasped  by  direct  intuitional  insight. 
For  example,  we  can  never  express  what  a  symmetrical  rela- 
tion is,  but  we  must  simply  produce  it  in  some  examples. 

Russell  in  the  Introduction  to  the  Tractatus  expresses  a 
hesitation  in  accepting  this  inexpressibility  of  form  on  the 
ground  that  Wittgenstein,  after  all,  does  manage  to  say  a  great 
deal  about  it;  and  Russell  suggests  a  hierarchy  of  languages 
as  a  way  out  of  this  difficulty.  Russell,  however,  misses  the 
point,  because  in  the  Tractatus  Wittgenstein  has  in  mind  not 
any  one  particular  symbolic  system  within  the  setting  of 
another  and  larger  one,  but  the  fundamental  principles  of  all 
possible  symbolism;  and  in  our  discourse  we  cannot  put  our- 
selves entirely  outside  all  symbolism,   simply  because  that 
would  put  us  outside  all  discourse.  And  as  to  Russell's  uneasi- 
ness about  the  fact  that  Wittgenstein,  after  all,  did  manage  to 
convey  something  that  cannot  be  said,  Wittgenstein  would 
probably  say  that  it  was  due  to  Russell's  confusion  between 
'to  say'  and  'to  show',  that  is,  between  significant  propositions 
about  facts  and  a  displaying  of  the  internal  forms  of  language. 
The  statements  of  the  Tractatus  are  not  propositions  about  the 
facts  in  the  world,  but  are  merely  clarifications  of  the  formal 
features  of  language  itself.  The  Tractatus  tries  to  elucidate 
the  fundamental  and  universal  formal  features  of  all  possible 
symbolism,  but  it  cannot  teach  them  to  us  any  more  than 
school  grammar  books  can  teach  us  the  fundamental  prin- 
ciples underlying  our  mother  tongue.  The  Tractatus  makes 
us  conscious  of  the  fundamental  features  internal  to  all  lan- 
guage: 'My  propositions  are  elucidatory  in  this  way:  he  who 
understands  me  finally  recognizes  them  as  senseless,  when  he 
has  climbed  out  through  them,  on  them,  over  them.  (He  must 
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so  to  speak  throw  away  the  ladder,  after  he  has  climbed  up 
on  it).  He  must  surmount  these  propositions;  then  he  sees  the 
world  rightly'  (6.54). 

2.2323  Practical  aids  to  grasping  the  forms  of  our  lan- 
guage can  be,  of  course,  suggested.  We  might  take  the  propo- 
sitions of  our  language  and  shear  them  of  as  many  unessential 
features  as  we  can.  What  will  be  left  will  be,  probably,  as  close 
to  the  embodiment  of  the  forms  of  our  language  as  we  could 
get  at.  This  method  is  as  old  as  Aristotle.  Wittgenstein  seems 
to  have  this  method  in  mind  when  he  says: 

If  we  change  a  constituent  part  of  a  proposition  into  a  variable, 
there  is  a  class  of  propositions  which  are  all  the  values  of  the 
resulting  variable  proposition.  This  class  in  general  still  depends 
on  what,  by  arbitrary  agreement,  we  mean  by  parts  of  that  pro- 
position. But  if  we  change  all  those  signs,  whose  meaning  was 
arbitrarily  determined,  into  variables,  there  always  remains  such 
a  class.  But  this  is  now  no  longer  dependent  on  any  agreement;  it 
depends  only  on  the  nature  of  the  proposition.  It  corresponds  to 
a  logical  form,  to  a  logical  prototype  (3.315). 

(Incidentally,  this  passage  also  points  out  that  the  sense  of 
a  proposition  is  not  completely  given  by  its  form  alone  but 
also  depends  upon  the  meanings  assigned  to  the  terms  occur- 
ring in  the  proposition.)  Russell  has  often  described  this 
method  of  obtaining  the  forms  of  propositions;  for  example, 
'The  "form"  of  a  proposition  is  that,  in  it,  that  remains  un- 
changed when  every  constituent  of  the  proposition  is  replaced 
by  another'  (Introduction  to  Mathematical  Philosophy,  p. 
199).  And  Wittgenstein  in  his  article  in  1929,  'Some  Remarks 
on  Logical  Form',  follows  Russell's  method:  'We  get  the  pic- 
ture of  the  pure  form  if  we  abstract  from  the  meaning  of  the 
single  words,  or  symbols  (so  far  as  they  have  independent 
meanings).  That  is  to  say,  if  we  substitute  variables  for  the 
constants  of  the  proposition'  (Aristotelian  Society  Proceed- 
ings, Vol.  IX,  p.  162).  Our  colloquial  language  is,  however, 
according  to  Wittgenstein,  misleading  as  to  the  logical  forms 
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involved,  and  from  it  we  can  immediately  draw  but  very  vague 
conclusions  concerning  these  forms:  'From  it  it  is  humanly 
impossible  to  gather  immediately  the  logic  of  language.  Lan- 
guage disguises  the  thought;  so  that  from  the  external  form  of 
the  clothes  one  cannot  infer  the  form  of  the  thought  they 
clothe,  because  the  external  form  of  the  clothes  is  constructed 
with  quite  another  object  than  to  let  the  form  of  the  body  be 
recognized'  {Tractatus,  4.002).  (On  this  point,  however, 
Wittgenstein  seems  to  contradict  himself  in  5.5563). 

The  study  of  the  forms  of  atomic  propositions  has  hardly 
even  begun,  according  to  Wittgenstein's  article  'Some  Remarks 
on  Logical  Form'.  And  in  the  Tractatus,  Wittgenstein  has 
very  little  to  say  explicitly  about  even  the  most  abstract  and 
general  characteristics  of  the  forms  of  atomic  propositions. 
As  far  as  I  can  ascertain,  the  Tractatus  makes  explicit  ref- 
erences to  only  two  fundamental  characteristics  of  the  pure  or 
logical  form  of  propositions:  multiplicity  and  order. 

Concerning  multiplicity  he  says:  'In  the  proposition  there 
must  be  exactly  as  many  things  distinguishable  as  there  are 
in  the  state  of  affairs,  which  it  represents.  They  must  both 
possess  the  same  logical  (mathematical)  multiplicity'  (4.04). 
And,  later  on,  in  his  article,  'Some  Remarks  on  Logical  Form', 
Wittgenstein  says:  'And  here  I  wish  to  make  my  first  definite 
remark  on  the  logical  analysis  of  actual  phenomena:  it  is  this, 
that  for  their  representation  numbers  (rational  and  irrational) 
must  enter  into  the  structure  of  the  atomic  propositions  them- 
selves'. This  requirement  of  multiplicity  in  the  essence  of  our 
propositions  is  obvious  sometimes  even  in  our  colloquial  lan- 
guage. Whenever  we  wish  to  express  a  fact  about  two  things, 
say,  that  A  loves  B,  or  that  the  pen  is  on  the  table,  we  use  at 
least  two  terms  in  the  proposition.  Of  course,  we  can  merely 
name  the  fact  containing  two  things;  but  such  a  name  would 
not  convey  the  needed  information  by  itself,  without  being 
explained  by  a  proposition  with  two  terms.  If  we  wish  to  ex- 
press and  not  merely  denote  a  fact  constituted  by  two  objects, 
we  must  also  have  in  our  proposition  two  terms;  if  we  have 
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a  fact  with  three  objects,  we  need  a  proposition  with  three 
terms,  and  so  on.  Number  is  an  essential  factor  in  the  sense  of 
our  propositions. 

The  second  characteristic  of  pure  form  in  propositions  is 
order:  'The  propositional  sign  consists  in  the  fact  that  its  ele- 
ments, the  words,  are  combined  in  it  in  a  definite  way'  (3.14) ; 
'That  the  elements  of  the  picture  are  combined  with  one 
another  in  a  definite  way,  represents  that  the  things  are  so 
combined  with  one  another.  This  connexion  of  the  elements 
of  the  picture  is  called  its  structure,  and  the  possibility  of  this 
structure  is  called  the  form  of  representation  of  the  picture' 
(2.15).  A  mere  aggregate  of  terms  of  certain  multiplicity 
does  not  yet  possess  form  sufficient  to  make  a  propositional 
sign  out  of  it;  there  must  be  also  an  order  added  to  the  multi- 
plicity: 'The  proposition  is  not  a  mixture  of  words.  .  .  .  The 
proposition  is  articulate.  Only  facts  can  express  a  sense,  a 
class  of  names  cannot'  (3.141,  3.142).  The  order  or  arrange- 
ment of  terms  is  essential  to  the  proposition:  'The  sign  of  the 
complex  is  not  arbitrarily  resolved  in  the  analysis'  (3.3442). 

Thus,  a  proposition  copies  the  form  of  the  fact  by  denoting 
each  constituent  of  the  fact  by  the  respective  constituents  of 
the  propositional  sign,  and  by  arranging  these  in  the  same 
order  or  pattern  of  relationship  as  exists  in  the  fact:  'One  name 
stands  for  one  thing,  and  another  for  another  thing,  and  they 
are  connected  together.  And  so  the  whole,  like  a  living  pic- 
ture, presents  the  atomic  fact'  (4.0311). 

2.2324  The  characteristics  of  pure  form  of  the  proposi- 
tion, namely,  the  multiplicity  and  the  order,  are  not  them- 
selves constituents  of  the  propositional  sign,  as  the  names  are: 
'This  mathematical  multiplicity  naturally  cannot  in  its  turn  be 
represented.  One  cannot  get  outside  it  in  the  representation' 
(4.041 ) ;  and  'We  must  not  say,  "The  complex  sign  'aRU  says 
la  stands  in  relation  R  to  V  ";  but  we  must  say,  "That  'd 
stands  in  a  certain  relation  to  'Z>'  says  that  aRb"  '  (3.1432). 
The  second  quotation,  perhaps,  needs  a  little  elucidation.  If 
'«'  means  a,  and  '&'  means  b,  and  the  relation  we  establish 


SYMBOL    AND    SIGN  91 

between  ld  and  '6'  by  writing  'aRV  means  R,  then  the  fact 
that  '«'  stands  in  this  relation  to  'ft'  in  our  propositional  sign, 
when  used  in  the  proposition,  says  that  aRb  is  the  case.  In  an 
ideal  symbolism  the  sign  'R'  should  not  appear  at  all,  just  as 
R  does  not  appear  as  a  constituent  of  the  fact  aRb;  instead  of 
writing  'R'  we  should  simply  order  V  and  'ft'  in  the  way  which 
directly  reproduces  the  ordering  of  a  and  b  in  the  correspond- 
ing fact.  According  to  Wittgenstein,  an  atomic  fact,  and  con- 
sequently the  proposition  representing  it  properly,  are  con- 
structed out  of  the  corresponding  constituents  without  any 
special  connecting  constituents:  'In  the  atomic  fact  objects 
hang  one  in  another,  like  the  members  of  a  chain.  .  .  .  The 
way  in  which  the  objects  hang  together  ...  is  the  structure 
of  the  atomic  fact'  (2.03,  2.032),  and  'That  the  elements  of 
the  picture  are  combined  with  one  another  in  a  definite  way, 
represents  that  the  things  are  so  combined  with  one  another. 
This  connexion  of  the  elements  of  the  picture  is  called  its 
structure'  (2.15).  Thus  if  we  use  as  names  in  our  proposi- 
tional sign  some  spatial  things,  then  'The  mutual  spatial  posi- 
tion of  these  things  then  expresses  the  sense  of  the  proposition' 
(3.1431),  and  we  do  not  require  another  thing  to  designate 
the  relationship  between  the  things. 

In  a  properly  constructed  symbolism,  that  is,  in  a  symbol- 
ism without  the  irrelevancies  as  well  as  explicit  and  implicit 
abbreviations  of  our  colloquial  language,  the  formal  charac- 
teristics should  not  appear  mentioned  by  special  constituents 
of  the  signs.  In  our  colloquial  language  the  formal  aspects  of 
our  propositions,  that  is,  number  and  order,  are  often  desig- 
nated by  special  terms;  and  it  does  appear  then  as  if  these 
formal  aspects  of  the  proposition  were  also  something  sub- 
stantial. But  that  is  a  defect  of  the  colloquial  language  due  to 
its  use  of  artificial  syntactic  rules  which  refer  elliptically  to  the 
form  of  the  proposition  by  means  of  special  signs,  instead  of 
reproducing  the  needed  form  through  the  structure  of  the 
propositional  signs  themselves.  In  a  perfect  language  we 
should  have  no  constituents  in  the  propositional  sign  standing 
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for  the  form  of  the  proposition:  'My  fundamental  thought  is 
that  .  .  .  the  logic  of  the  facts  cannot  be  represented' 
(4.0312). 

2.233  In  concluding  my  discussion  of  the  propositional 
signs  and  propositions,  I  wish  to  repeat  two  important  points. 
First,  a  propositional  sign  is  not  a  proposition  until  it  is  used 
as  a  proposition  in  the  context  of  our  language:  'The  propo- 
sition is  the  propositional  sign  in  its  projective  relation  to  the 
world'  (3.12).  In  other  words,  we  can  have  a  proposition 
only  in  use.  The  propositional  sign  must  be  so  constructed  as 
to  embody  the  form  of  the  proposition,  must  be  fit  to  be  used 
as  an  instrument  of  expression  of  the  proposition,  but  it  be- 
comes such  an  instrument  only  when  actually  used.  Second,  a 
proposition  is  not  given  merely  by  its  form,  but  by  the  form 
plus  the  meanings  assigned  to  the  terms  used  in  it  as  names. 
The  same  form  may  be  possessed  by  different  propositions, 
as  well  as  by  meaningless  sentences.  It  is  essential  to  the  sense 
of  the  proposition  that  the  terms  used  in  the  sentence  be  mean- 
ingful terms,  that  is,  names:  'Every  possible  proposition  is 
legitimately  constructed,  and  if  it  has  no  sense  this  can  only 
be  because  we  have  given  no  meaning  to  some  of  its  constit- 
uent parts'  (5.4733).  To  have  a  proposition  there  must  be 
names;  these  names  must  be  put  together  in  a  propositional 
sign  of  the  required  form;  and,  finally,  this  sign  must  be  used 
or  interpreted. 

2.3  In  closing  this  chapter  I  wish  to  emphasize  the  para- 
mount importance  of  good  symbolism.  Symbolism  arises  in 
response  to  the  needs  of  practical  dealing  with  experience; 
later  on  it  becomes  also  an  instrument  of  more  refined  and 
even  purely  theoretical  intellectual  life.  Unfortunately,  the 
inertia  of  tradition  often  retains  the  earlier  and  cruder  sym- 
bolism at  times  when  this  symbolism  becomes  inadequate  to 
the  more  complex  conditions  of  life;  and  thus  the  earlier  sym- 
bolism becomes  an  obstruction  to  the  development  of  intellec- 
tual life.  Symbolism  springs  out  of  some  need  of  life,  and  is 
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an  indispensable  instrument  in  organizing  the  flux  of  the  brute 
'given'  of  experience;  without  it  we  could  have  no  world,  no 
knowledge,  no  experience  outside  of  aesthetic  impressions. 
But  once  fixed,  the  symbolism  may  become  a  drag  on  further 
development  of  this  organizing  process,  and  then  a  bar  to  the 
growth  of  intellectual  activity.  Some  aspects  of  symbolism 
fixed  on  one  level  of  development  may  become  fetters  if  re- 
tained on  higher  levels  reached  by  other  parts  or  aspects  of 
symbolism.  Then  a  need  may  arise  for  a  revision,  perhaps  even 
a  revolution,  in  symbolism.  Our  fife  is  shot  through  with  sym- 
bolism, and  the  defects  of  our  symbolism  may  profoundly 
affect  our  life.  The  present-day  difficulties  of  readjusting  our 
society  to  changing  economic  and  technical  conditions  are 
probably  due  largely  to  the  fact  that  we  still  think  through 
languages  fundamentally  unchanged  since  the  periods  of  prim- 
itive rural  economy.  Here  we  may  take  heed  of  some  remarks 
by  Whitehead: 

It  is  the  first  step  in  sociological  wisdom  to  recognize  that  the 
major  advances  in  civilization  are  processes  which  all  but  wreck 
the  societies  in  which  they  occur  .  .  .  Those  societies  which  can- 
not combine  reverence  to  their  symbols  with  freedom  of  revision 
must  ultimately  decay  either  from  anarchy,  or  from  the  slow 
atrophy  of  life  stifled  by  useless  shadows  (Symbolism,  p.  88). 

As  an  example  of  adverse  influence  of  obsolete  symbolism 
in  a  more  academic  sphere  we  may  point  to  the  traditional 
subject-predicate  form  of  the  Western  languages.  What  is  but 
an  accidental  and  parochial  characteristic  of  a  few  languages 
has  been  taken  by  philosophers  as  a  fundamental  character- 
istic of  reality.  Criticisms  by  such  men  as  Russell  have  made 
this  adverse  influence  of  the  traditional  forms  of  European 
languages  on  logic  and  philosophy  a  commonplace  in  con- 
temporary philosophic  literature.  But  it  is  difficult  to  shake 
off  the  influence  of  tradition;  and  Ramsey,  one  of  Russell's 
own  disciples,  finds  Russell  himself  likewise  a  victim  of  influ- 
ence of  colloquial  language,  namely,  in  his  theory  of  universale 
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and  particulars.  Again,  Russell's  and  Johnson's  lengthy  and 
subtle  logical  discussions  are  sometimes  amazingly  inter- 
mingled with  such  parochial  and  irrelevant  linguistic  charac- 
teristics as  the  logically  anarchistic  English  articles  'a'  and 
'the',  making  the  logical  problems  under  discussion  compli- 
cated and  obscure  by  confusing  them  with  sheer  historical 
accidents  of  the  English  language.  But  perhaps  in  reforming 
our  symbolism,  we  have  to  proceed  in  the  spirit  of  St.  Augus- 
tine in  his  youth,  described  later  in  the  Confessions:  'But 
wretched  youth  that  I  was  ...  I  entreated  chastity  of  thee 
and  had  prayed,  "Grant  me  chastity  and  continence,  but  not 
yet."  For  I  feared  that  thou  should'st  hear  me  too  soon'. 
Perhaps  we  should  not  attempt  to  perfect  our  language  'too 
soon'  but  reform  it  step  by  step,  piecemeal.  Descartes'  heroic 
undertaking  of  starting  with  a  clear  slate  of  universal  doubt  is 
probably  humanly  impracticable,  as  Descartes'  own  attempt 
showed. 


.  .  .  Traditional  elementary  logic,  taught  in  youth,  is  an 
almost  fatal  barrier  to  clear  thinking  in  later  years. 

RUSSELL 


Truth  Functions  of 
Atomic  Propositions 


This  chapter  will  deal  primarily  with  Chaps.  4,  5,  and  6  of 
the  Tractatus,  and  especially  with  Wittgenstein's  view  of 
molecular  propositions  as  truth  functions  of  atomic  prop- 
ositions in  some  of  its  technical  aspects.  Logic  is,  for 
Wittgenstein,  closely  connected  with  his  theory  of  proposi- 
tions as  truth  functions,  and  so  I  will  also  discuss  here  some 
technical  features  of  Wittgenstein's  logic,  and  thus  will  com- 
plete my  discussion  of  his  logic. 

3.1  Molecular  or  complex  propositions  are  propositions 
containing  other  propositions,  and  in  the  last  analysis,  atomic 
propositions,  as  their  constituents.  More  specifically,  molecu- 
lar propositions  are  truth  functions  of  atomic  propositions: 
'Propositions  are  truth-functions  of  elementary  [atomic]  prop- 
ositions' {Tractatus,  5);  'A  proposition  is  the  expression  of 
agreement  and  disagreement  with  the  truth-possibilities  of  the 
elementary  propositions'  (4.4),  that  is,  with  'the  possibilities 
of  the  existence  and  non-existence  of  the  atomic  facts'  (4.3). 
The  essence  of  this  view  is  this:  the  sense  of  a  molecular  prop- 
osition is  completely  determined  and  exhausted  by  the  state- 
ment of  the  conditions  under  which  the  proposition  is  true  or 
false. 
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3.11  In  colloquial  language  the  forms  of  molecular  prop- 
ositions are  usually  marked  by  special  syntactic  terms,  so- 
called  logical  constants,  such  as  'if',  'and',  and  'unless'.  Very 
often,  however,  these  logical  constants  do  not  appear  explic- 
itly. 'This  pen  is  black'  has  no  explicit  conjunction,  and  yet 
it  can  be  analyzed  into  a  conjunction  of  at  least  two  proposi- 
tions, namely,  'This  is  a  pen,  and  it  is  black';  and  thus  the 
proposition  'This  pen  is  black'  is  molecular,  relative  to  our 
colloquial  language,  even  though  at  first  sight  it  may  not 
appear  to  be  so.  'The  silent  adjustments  to  understand  collo- 
quial language  are  enormously  complicated.  .  .  .  From  it 
it  is  humanly  impossible  to  gather  immediately  the  logic  of 
language'  (4.002).  Nevertheless,  some  logicians,  for  example, 
Russell  and  Johnson,  have  tried  to  gather  the  possible  forms 
of  molecular  propositions  from  observation  of  colloquial  lan- 
guage; Russell,  however,  wisely  abstained  from  an  attempt  at 
exhaustive  enumeration  of  the  forms  of  truth  functions  on  this 
basis  (for  example,  see  his  Introduction  to  Mathematical 
Philosophy,  pp.  146  f.).  Wittgenstein  proposes  a  convenient 
systematic  method  of  derivation  of  all  the  forms  of  the  truth 
functions  for  any  number  of  atomic  propositions,  and  I  will 
now  give  a  short  account  of  this  method. 

'With  regard  to  the  existence  of  n  atomic  facts  there  are 


Kn  = 


2^  ( ~~ )  possibilities.  It  is  possible  for  all  combinations  of 

atomic  facts  to  exist,  and  the  others  not  to  exist'  (4.27);  that 
is,  with  regard  to  the  truth  and  falsity  of  n  atomic  propositions 
the  number  of  mutually  exclusive  ultimate  possibilities  is  equal 
to  the  combination  of  n  different  things  taken  0,  1,  2,  . .  . , 
n  at  a  time,  that  is,  equal  to  2n.  (Notice  that  we  include  in  our 
counting  the  case  where  none  of  the  facts  in  question  exists. ) 
We  can  see  this  result  also  from  the  following  simple  consid- 
erations. An  atomic  proposition  may  be  either  true  or  false 
regardless  of  the  truth  and  falsity  of  all  the  other  atomic  prop- 
ositions; this  follows  from  the  independence  of  atomic  propo- 
sitions one  from  another,  already  discussed  in  my  Chap.  1. 
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Thus,  the  number  of  ultimate  truth  possibilities  of  one  atomic 
proposition  of  the  set  of  n  atomic  propositions  is  also  2,  inde- 
pendent of  the  truth  possibilities  of  the  other  propositions  of 
the  set.  Hence,  the  total  number  of  truth  possibilities  of  n 
atomic  propositions  is  2  •  2  •  2  ...  to  n  factors,  or  2n.  If, 
for  the  sake  of  illustration,  we  restrict  ourselves  to  one  and 
then  to  two  atomic  propositions,  the  sets  of  their  truth  possi- 
bilities may  be  presented  by  Table  4  (Tractatus,  4.31),  where 
T  stands  for  'true'  and  F  stands  for  'false'. 


Table  4 


Truth  possibilities  of 
one  proposition,  p 


Truth  possibilities  of 
two  propositions,  p  and  q 


V 

1 

T 
F 
T 
F 

T 
T 
F 
F 

'With  regard  to  the  agreement  and  disagreement  of  a  prop- 
osition with  the  truth-possibilities  of  n  elementary  [atomic] 

propositions  [which  are  its  components]  there  are  ^p\    n\ 

—  Ln  possibilities'  (4.42).  That  is,  out  of  the  set  of  2"  truth 
possibilities  of  n  atomic  propositions,  we  may  pick  out  any 
subset  (for  example,  FT  on  the  second  line  of  Table  4)  and 
agree  or  disagree  with  it,  and  at  the  same  time  independently 
agree  or  disagree  with  any  of  the  remaining  complementary 
subsets.  This  gives  us  two  choices  for  each  subset  independ- 
ently of  our  choices  for  any  other  subset  and,  thus,  we  have 
2  •  2  •  2  ...  to  2n  factors,  altogether  22",  number  of  choices 
of  agreement  and  disagreement  with  the  truth  possibilities  of 
n  atomic  propositions.  In  other  words,  for  a  set  of  n  atomic 
propositions  we  can  have  22n  truth  functions  of  them:  there  are 
221  =  4  truth  functions  of  one  atomic  proposition,  223  =  16  of 
two,  223  =  256  of  three,  and  so  on.  The  four  truth  functions  of 
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a  single  atomic  proposition  may  be  presented  by  Table  5.  (For 
convenience  I  add  the  corresponding  familiar  expressions  in 
the  notation  of  Principia  Mathematical 

Table  5 
Truth  functions  of  one  atomic  proposition 


Truth  functions  of  p 

1 

2 

3 

4 

V 

Notation  of 
Principia  Mathematica 

pV- 

'V 

V 

~p 

p.~p 

T 
F 

Notation  of  the 
Tractatus 

T 
T 

T 
F 

F 
T 

F 
F 

No.  1  is  what  Wittgenstein  calls  a  tautology,  No.  2  is  the 
proposition  itself,  No.  3  is  the  denial  of  p,  and  No.  4  is  a 
contradiction.  The  truth  functions  of  two  atomic  propositions 
can  be  presented  by  Table  6  (Wittgenstein's  table  of  5.101 
slightly  rearranged).  Similarly,  we  could  construct  tables  for 
truth  functions  of  any  given  number  of  atomic  propositions. 
The  advantage  of  the  T-F  notation  is  that  it  embodies  the 
logic  of  truth  functions  in  a  more  simple  and  comprehensive 
way  than  do  other  known  notations.  It  is,  for  example,  sim- 
pler than  Russell's  notation,  which  needs  complicated  instruc- 
tions. Of  course,  the  T-F  notation  also  requires  instructions, 
but  these  turn  out  to  be  much  simpler  than  those  required  by 
Russell's  notation.  This  is  due  to  the  fact  that  T-F  notation 
finds  its  support  in  the  language  most  familiar  to  us,  namely, 
the  word  language;  T-F  notation  is  really  nothing  but  a  word 
language  used  in  a  systematic  and  compact  way.  It  simply  says 
something  like  'This  statement  is  true,  if  that  statement  is  true 
and  that  other  statement  is  false'.  The  rules  of  T-F  notation 
are  not  read  from  something  else,  but  are  the  very  determina- 
tions of  the  syntax  of  our  language.  T-F  notation  plays  a  role 
here  very  analogous  to  that  of  the  figures  we  draw  and  the 
models  we  make  while  studying  Euclidean  geometry.  One  is 
tempted  to  believe  that  we  determine  the  geometry  of,  say,  a 
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T3 
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triangle  from  the  observation  of  drawings  of  triangles.  But  a 
drawing  is  only  a  clear  and  convenient  representation  from 
which  we  can  read  off  the  geometry  of  a  triangle  by  a  very 
easy  process;  the  rules  of  the  geometry  of  a  triangle  were  de- 
termined before  we  could  read  them  off  any  material  repre- 
sentation such  as  a  drawing.  Drawing  a  triangle  is  a  very  con- 
venient way  of  studying  the  rules  of  our  geometry,  but  it  is 
not  the  determination  of  the  grammar  of  a  triangle.  And  so 
it  is  with  the  T-F  notation.  It  is  but  a  convenient  embodiment 
of  the  syntax  of  the  truth  functions  of  our  language. 

3.12  Wittgenstein  offers  a  uniform  method  of  derivation 
of  all  the  truth  functions  of  any  given  set  of  atomic  propo- 
sitions by  application  of  one  fundamental  operation  upon 
atomic  propositions,  and  thus  he  claims  to  have  obtained  the 
general  form  of  all  the  possible  molecular  propositions  which 
can  be  constructed  out  of  atomic  propositions.  This  one  gen- 
eral form  of  all  molecular  propositions  is  what  is  common 
to  all  of  them,  and  therefore  it  contains  the  logical  constant 
of  our  language:  'the  one  logical  constant  is  that  which  all 
propositions,  according  to  their  nature,  have  in  common  with 
one  another.  That  however  is  the  general  form  of  proposi- 
tion .  .  .  The  description  of  the  most  general  propositional 
form  is  the  description  of  the  one  and  only  general  primitive 
sign  in  logic'  (5.47,  5.472).  This  general  form  is  described 
by  the  symbol  [p,  ?,  N(?)]  which  'says  nothing  else  than  that 
every  proposition  is  the  result  of  successive  applications  of  the 
operation  N'(£)  to  the  elementary  propositions'  (6,  6.001). 
(The  apostrophe  after  N  is  probably  a  misprint.) 

The  way  in  which  Wittgenstein  arrives  at  this  result  may  be 
stated  briefly  as  follows. 

'All  propositions  are  results  of  truth-operations  on  the  ele- 
mentary [atomic]  propositions.  The  truth-operation  is  the  way 
in  which  a  truth-function  arises  from  elementary  propositions' 
(5.3).  Examples  of  operations  are  'denial,  logical  addition, 
logical  multiplication,  etc'  (5.2341). 
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According  to  the  nature  of  truth-operations,  in  the  same  way  as 
out  of  elementary  propositions  arise  their  truth-functions,  from 
truth-functions  arise  a  new  one.  Every  truth-operation  creates 
from  truth-functions  of  elementary  propositions  another  truth- 
function  of  elementary  propositions,  i.e.,  a  proposition.  The  result 
of  every  truth-operation  on  the  results  of  truth-operations  on 
elementary  propositions  is  also  the  result  of  one  truth-operation 
on  elementary  propositions  (5.3). 

For  the  one  fundamental  truth  operation  Wittgenstein  chooses 
the  extension  of  one  of  the  interpretations  of  H.  M.  Sheffer's 
'stroke'  operation,  namely,  the  idea  of  simultaneous  rejection 
('neither  p  nor  q\  or  'not-p  and  ~  #').  Wittgenstein  extends 
Sheffer's  stroke  operation  from  the  simultaneous  rejection  of 
two  propositions  to  the  simultaneous  rejection  of  any  num- 
ber, finite  or  infinite,  of  given  propositions  regardless  of  the 
way  the  propositions  are  given.  This  use  of  Sheffer's  'stroke' 
operation  for  determining  general  propositions  leads  to  what 
at  first  glance  appears  to  be  a  rather  strange  procedure — stat- 
ing a  proposition  by  denying  its  components!  But  the  strange- 
ness is  due  to  no  more  than  a  clever  technical  innovation;  and 
no  new  logical  principles  are  introduced  by  it.  Russell  uses 
Sheffer's  'stroke'  but  with  a  different  interpretation  in  the  In- 
troduction to  the  second  edition  of  the  Principia  Mathematica. 
This  idea  of  rejection  may  be  expressed  roughly  as  'AH  the 
propositions  designated  by  this  symbol  are  false'.  In  a  little 
more  detail,  Wittgenstein's  view  and  notation  here  is  as  fol- 
lows: 'Every  truth-function  is  a  result  of  the  .  .  .  operation 

( T)    (I,  .  .  .)  to  elementary  [atomic]  propositions.  This 

operation  denies  all  the  propositions  in  the  righthand  bracket 
and  I  call  it  the  negation  of  these  propositions'  ( 5.5 ) . 

An  expression  in  brackets  whose  terms  are  propositions  I  indi- 
cate— if  the  order  of  the  terms  in  the  bracket  is  indifferent — by  a 
sign  of  the  form  '|'.  '£'  is  a  variable  whose  values  are  the  terms  of 
the  expression  in  brackets,  and  the  line  over  the  variable  indicates 
that  it  stands  for  all  its  values  in  the  bracket.  .  .  .  How  the  de- 
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scription  of  the  terms  of  the  expression  in  brackets  takes  place 

is  unessential   (5.501).   Therefore  I  write  instead  of  '( T) 

(£,...)',  W(?)\  N(£)  is  the  negation  of  all  the  values  of  the 
propositional  variable  $  (5.502).  If  £  has  only  one  value,  then 
N($)  =  ~  p  (not  p),  if  it  has  two  values,  then  NQ)  =  ~  p  .  ~  q 
(neither  p  nor  q)  (5.51).  If  the  values  of  $  are  the  total  values  of 
a  function  fx  for  all  values  of  x,  then  N($)  =  ~  (3jc).  fx  (5.52). 
In  the  general  propositional  form,  propositions  occur  in  a  proposi- 
tion only  as  bases  of  the  truth-operations  (5.54). 

And  this  general  propositional  form  may  be  written  as  [p,  i, 
N(i)]  (6),  where  p  stands  for  all  atomic  propositions  and 
'says  nothing  else  than  that  every  proposition  is  the  result  of 
successive  applications  of  the  operation  N'($)  to  the  elemen- 
tary propositions'  (6.001).  (As  I  said  earlier,  the  apostrophe 
after  N  is  probably  a  misprint. ) 

A  remark  of  minor  importance  must  be  inserted  here.  Since 
the  truth  operation  can  be  repeated  any  finite  number  of  times, 
it  may  appear  that  we  could  construct  an  indefinite  number 
of  truth  functions  out  of  a  given  set  of  atomic  propositions  by 
repeated  application  of  the  truth  operation.  But  on  Wittgen- 
stein's view  this  is  not  so,  and  the  number  of  truth  functions 
of  a  given  set  of  n  atomic  propositions  is  definitely  limited  to 
22".  Of  course,  we  can  construct  any  number  of  different  sym- 
bols for  the  set  of  the  truth  functions  based  upon  the  given 
set  of  atomic  propositions,  but  these  symbols  will  give  us 
merely  different  ways  of  describing  the  same  set  of  22"  truth 
functions,  and  no  more.  We  can  even  express  the  truth  func- 
tions of  n  atomic  propositions  in  terms  of  n  +  m  atomic 
propositions,  where  m  is  arbitrary;  thus  we  can  express  the 
truth  functions  of  one  atomic  proposition,  say  p,  as  p  .  qv 
~  q,  p.qv~q.rv~r,  and  so  on;  and  the  truth  function 
of  two  atomic  propositions,  say  p  .  q,  and  p  .  q  .  rv  ~  r,  and 
so  on;  this  way  of  expressing  a  proposition  may  sometimes 
be  more  convenient  for  certain  logical  manipulations.  The 
converse,  however,  does  not  hold;  we  cannot  express  a  truth 
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function  of  a  certain  number  of  atomic  propositions  as  a 
function  of  any  smaller  number  of  atomic  propositions;  for 
example,  p  .  q  cannot  be  expressed  as  a  function  of  p  alone 
or  of  q  alone.  In  a  word,  we  can  write  in  many  different  ways 
what  is  essentially  one  and  the  same  proposition,  expressing 
agreement  and  disagreement  with  the  same  sets  of  truth  pos- 
sibilities of  the  given  atomic  propositions,  but  the  different 
ways  of  expressing  the  same  proposition  will  not  give  us  dif- 
ferent propositions:  'The  way  in  which  we  describe  the  propo- 
sitions is  not  essential'  (3.317). 

3.13  Two  kinds  of  propositions  deserve  special  mention 
because  they  may  not  appear  to  be  truth  functions  of  atomic 
propositions,  and  thus  to  be  exceptions  to  Wittgenstein's  state- 
ment that  all  propositions  are  truth  functions  of  atomic  prop- 
ositions. These  two  kinds  are:  general  propositions,  and  prop- 
ositions of  the  type  'A  believes  p\ 

3.131  General  propositions  are  propositions  expressed  in 
English  by  means  of  the  words  'all'  and  'some',  and  in  the 
notation  of  Principia  Mathematica  by  apparent  variables.  Ac- 
cording to  Wittgenstein  these  propositions  are,  just  as  any 
other  propositions,  truth  functions  of  atomic  propositions. 
Their  peculiarity  lies  merely  in  the  way  of  the  specification  of 
their  truth  arguments:  instead  of  enumerating  them  as  all  the 
other  molecular  propositions  do,  the  general  propositions  de- 
scribe them  by  'giving  a  function  fx,  whose  values  for  all 
values  of  x  are  the  propositions  to  be  described'  or  by  'giving 
a  formal  law,  according  to  which  those  propositions  are  con- 
structed' (5.501). 

Thus,  general  propositions  are  truth  functions  expressing 
agreement  and  disagreement  with  the  truth  possibilities  of 
atomic  propositions,  just  as  other  molecular  propositions  do, 
but  they  do  this  in  a  different  and  more  complicated  way. 
Instead  of  containing  all  the  names  of  the  objects  it  is  con- 
cerned with,  the  symbol  of  a  general  proposition  contains 
only  a  variable  standing  for  all  its  values  at  once.  This  pecu- 
liarity of  general  propositions  is,  however,  not  logically  essen- 


104  TRUTH    FUNCTIONS 

tial  to  them,  because  it  is  a  characteristic  not  of  the  senses  of 
these  propositions,  but  only  of  the  mode  of  their  expression, 
and  we  must  remember  that  'the  way  in  which  we  describe 
the  propositions  is  not  essential'  (3.317).  The  same  proposi- 
tion can  be  expressed  (at  least  theoretically — the  practical 
difficulty  may  happen  to  be  unsurmountable)  either  generally 
or  not  generally  or,  using  Russell's  terminology,  either  non- 
elementarily  or  elementarily.  Thus  '  "fa"  says  the  same  as 
"(3*)  •  fx  •  x  =  a"  '  (5.47).  Therefore  they  are  one  and  the 
same  proposition,  and  yet  the  first  expression  is  elementary, 
the  second  not.  Just  as  it  is  unessential  to  a  proposition 
whether  it  is  expressed  in  French  or  in  English,  so  it  is  un- 
essential whether  it  is  expressed  elementarily  or  nonelemen- 
tarily. 

To  give  somewhat  more  detail,  general  propositions  are 
dealt  with  by  Wittgenstein  as  follows:  'If  the  values  of  £  are 
the  total  values  of  a  function  fx  for  all  values  of  x,  then 
N(£)  =  ~  (3*)  .  fx'  (5.52).  This  defines  ~  (3x)  .  fx.  Here 
N(€)  stands  for  the  negation  of  all  the  values  of  fx  (where  / 
is  constant).  If  the  values  of  fx  are  enumerated  directly,  then 
N($)  stands  simply  for  the  logical  product  ~  fxi .  ~  fx2 . 
~  fxz  .  .  .  ,  or  more  compactly,  n(~  fx) ;  if  these  values  are 
not  given  by  enumeration  but  by  description,  N(l)  does  not 
stand  for  II (~  fx)  expressed  explicitly  but  is  still  equivalent 

X 

to  it.  Thus,  we  can  write: 

(l)JV(l)-  =  -n(~/aO-  =  -~GaO  .fx    Df. 

X 

and 

(2)  Qx)  .fx-  =  -~~  Ox)  .  f(x)  -. n  (~/a0  •  =  •  S  (fx) 

X  X 

'='fXx~  fx2  ~fxz  ■" 

If  we  start  in  (1)  with  ~fx  instead  of  fx,  we  will  get: 

(3)  N(l)  •  =  •  H  (~  ~/x)  •  =  •  n  (fx)  •  =  •  ~  (3x)  .  ~fx 
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But 

(4)  (x)  .  fx  •  =  •  ~  Qx)  .  ~fx    Df. 
By  (3)  and  (4),  we  get 

(5)  (x)  .  fx  =  II  (fx)  "='fX!  .  fx2  .  fxs  •  •  • 

x 

Thus  (Ix)  .  fx  may  be  regarded  as  equivalent  to  the  logical 
sum  of  all  the  values  of  fx,  and  (x)  .  fx  as  the  logical  product 
of  all  the  values  of  fx.  Here  we  notice,  first,  that  the  charac- 
ter of  generality  comes  in  not  through  a  direct  enumeration 
of  the  atomic  propositions  involved,  but  through  the  descrip- 
tion of  them  as  the  values  of  fx;  and,  secondly,  that  the  truth 
functions  involved  are  the  logical  sum  in  one  case,  and  the 
logical  product  in  the  other.  The  first  characteristic  dis- 
tinguishes general  propositions  from  other  molecular  propo- 
sitions, but  this  distinction  is  not  logically  essential.  The 
second  characteristic  brings  them  into  the  general  schema  of 
truth  functions. 

General  propositions  then  are  not  logically  of  a  different 
kind  from  molecular  propositions,  as  Russell  thought  in 
Principia  Mathematica.  But  while  general  propositions  are 
logically  equivalent  to  the  logical  sum  or  logical  product  of 
atomic  propositions,  the  practical  difference  between  general 
propositions  and  propositions  which  are  actual  logical  sums  or 
products  is  very  important,  because  in  general  propositions 
N(l)  can  be  extended  to  cover  an  infinite  number  of  atomic 
propositions.  For  example,  take  the  proposition  'The  ball  is 
somewhere  in  the  box'.  We  cannot  express  this  as  a  completed 
logical  sum:  'The  ball  is  here  in  the  box,  or  the  ball  is  here 
in  the  box,  or  .  .  .'.  There  is  no  way  of  exhausting  all  the 
possible  positions  of  the  ball  in  the  box  by  direct  enumeration 
of  these  positions.  Yet  it  is  quite  simple  to  express  this  by  an 
equivalent  general  proposition,  'The  ball  is  somewhere  in  the 
box'.  More  obvious  cases  would  be  'All  men  are  mortal',  and 
'Somebody  has  stolen  my  purse'. 
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To  these  sketchy  remarks  on  general  propositions  I  wish  to 
add  that  many  expressions  which  appear  to  be  general  propo- 
sitions are  not,  strictly  speaking,  propositions  at  all.  This  is 
particularly  the  case  with  scientific  laws.  These  laws  are  not 
general  propositions,  but  are  merely  patterns  or  models  for  the 
formation  of  propositions:  'All  propositions,  such  as  the  law 
of  causation,  the  law  of  continuity  in  nature  .  .  .  ,  etc.,  etc., 
all  these  are  a  priori  intuitions  of  possible  forms  of  the  propo- 
sitions of  science'  (6.34).  For  Wittgenstein  the  laws  are  not 
propositions  because  they  are  even  theoretically  unverifiable, 
once  we  reject  induction  as  a  logical  process.  For  Wittgenstein 
induction  is  but  a  guess,  a  leap  into  the  dark  of  the  future: 
"The  events  of  the  future  cannot  be  inferred  from  those  of 
the  present'  (5.1361).  Scientific  laws  may  be  convenient  or 
otherwise,  may  be  confirmed  or  refuted  by  practice,  but  they 
cannot  be  verified.  Science  for  Wittgenstein  is  not  merely 
descriptive  but  is  also  a  forecasting  theory;  the  forecasting, 
however,  is  but  a  guess  and  has  no  logical  foundation. 

3.132  The  second  kind  of  propositions  which  may  appear 
to  be  exceptions  to  Wittgenstein's  extensional  theory  of  propo- 
sitions (that  is,  that  all  propositions  are  truth  functions)  are 
the  propositions  of  the  type  'A  believes  p\  which  may  be  called 
intensional  or  attitudinal. 

At  first  sight  it  appears  as  if  there  were  also  a  different  way  in 
which  one  proposition  could  occur  in  another.  Especially  in  cer- 
tain propositional  forms  of  psychology,  like  'A  thinks,  that  p  is 
the  case',  or  'A  thinks  p\  etc.  Here  it  appears  superficially  as  if 
the  proposition  p  stood  to  the  object  A  in  a  kind  of  relation 
(5.541). 

The  essence  of  the  extensional  view  of  propositions  as 
truth  functions  is  this:  The  sense  of  a  proposition  is  completely 
determined  by  the  statement  of  the  conditions  under  which 
the  proposition  is  true  or  false.  On  this  view  the  psychological 
subjective  element  (the  'content',  the  'presentation'  of  Frege), 
the  imagery  or  the  feelings  or  emotions  which  may  happen  to 
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accompany  one's  understanding  of  the  proposition,  are  ex- 
cluded from  the  sense  of  the  proposition.  And  it  may  appear 
that  this  view  cannot  account  for  the  propositions  of  the  type 
exemplified  by  'A  believes  p'  because  the  psychological  ele- 
ment, namely,  the  state  of  mind  of  A  towards  the  proposition 
p  seems  to  be  an  integral  part  of  the  whole  proposition  'A 
believes  p\  A  may  very  well  believe  p  to  be  true  when  it  is 
actually  false,  or  believe  it  false  when  it  is  actually  true.  The 
truth  value  of  'A  believes  p'  seems  to  be  decided  by  the  state 
of  mind  of  A,  and  not  by  the  truth  value  of  p.  Although 
Wittgenstein  rejects  the  usual  intensional  interpretation  of  the 
proposition  'A  believes  p\  he  cannot  deny  that  its  truth  value 
does  not  depend  on  the  truth  value  of  the  proposition  p  which 
seems  to  be  its  constituent.  'A  believes  p'  appears  by  its  form 
to  be  a  truth  function  of  the  proposition  p,  and  yet  it  is  not. 
In  order  to  eliminate  this  seeming  contradiction,  Wittgenstein 
has  to  show  that  the  apparent  form  of  the  'A  believes  p'  is 
not  its  real  form,  and  that  its  real  form  does  not  contain  the 
proposition  p  as  a  constituent;  that  is,  he  has  to  show  that  'A 
believes  /?'  is  not  a  truth  function  of  p. 

Wittgenstein's  solution  of  this  problem  is  stated  as  follows: 
'But  it  is  clear  that  "A  believes  that  p",  "A  thinks  p",  "A  says 
p",  are  of  the  form  "  'p'  says  p";  and  here  we  have  no  co- 
ordination of  a  fact  and  an  object,  but  a  co-ordination  of  facts 
by  means  of  a  co-ordination  of  their  objects'  (5.542). 

Since  Wittgenstein  considers  that  the  various  intensional 
propositions  he  mentions  are  of  the  same  form,  I  shall  con- 
fine myself  to  only  one  of  them,  the  simplest:  'A  says  p\ 
Here  then  we  have  a  propositional  sign  'A  believes  p\  (Usually 
I  refer  to  'A  believes  p'  simply  as  a  proposition,  but,  strictly 
speaking,  it  is  a  propositional  sign  expressing  a  proposition. 
However,  unless  there  is  a  special  need  of  avoiding  confusion, 
I  shall  continue  to  refer  to  it  simply  as  a  proposition).  By 
means  of  'A  says  p'  we  express  the  proposition  referring  to  or 
(in  Wittgenstein's  terminology)  standing  in  relation  to  the 
possible  fact  of  Mr.  A's  making  the  series  of  sounds  'p'  ('p'  is 
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always  complex).  'The  sign  through  which  we  express  the 
thought  I  call  the  prepositional  sign.  And  the  proposition  is 
the  propositional  sign  in  its  projective  relation  to  the  world' 
(3.12).  Thus  our  proposition,  expressed  by  'A  says  p\  is 
about  Mr.  A  making  certain  noises  'p',  and  not  about  the 
proposition  p.  The  sign  'p'  is  not  used  in  'A  says  p'  to  express 
the  proposition  p,  but  is  merely  a  physical  occurrence  which  is 
a  part  of  the  physical  sign  'A  says  p\  (As  a  part  of  the  sign 
'A  says  p'  the  last  letter  is  only  a  physical  occurrence;  and 
when  I  use  it  standing  alone,  I  put  quotation  marks  around  it 
to  indicate  that  it  functions  merely  as  a  physical  thing,  and 
not  as  a  propositional  sign  for  p).  The  important  point  to 
notice  is  that  we  are  not  dealing  here  with  the  proposition  p 
at  all.  The  proposition  expressed  by  'A  says  p'  is  not  a  truth 
function  of  the  proposition  p.  The  apparent  form  of  'A  says  p' 
is  not  its  real  form,  and  the  real  form  does  not  contain  the 
proposition  p  as  a  constituent.  That  is  the  Wittgenstein  point. 
'A  says  p'  is  an  atomic  proposition. 

In  the  situation  discussed  so  far  the  proposition  p  has  turned 
out  to  be  irrelevant.  But  the  situation  would  completely 
change  if,  instead  of  making  statements  about  Mr.  A's  doings, 
we  listened  to  him  saying  'p!'  Then  we  would  have  to  deal 
not  with  Mr.  A  and  his  noises,  but  with  the  proposition  p 
standing  in  projective  relation  to  some  possible  state  of  affairs 
in  the  world,  very  likely  quite  different  from  Mr.  A  and  his 
noises.  And,  moreover,  the  proposition  p  itself  may  be  about 
some  psychological  matters.  Wittgenstein's  theory  does  not 
preclude  making  significant  statements  about  psychological 
facts.  Genuine  psychological  facts  are,  perhaps,  more  difficult 
to  deal  with  objectively  than  are  many  other  kinds  of  facts, 
such  as  biological  or  chemical  facts,  but  there  is  no  reason 
for  making  special  dispensations  for  them  in  the  logic  of  our 
language.  Propositions  about  them  have  to  be  truth  functions 
of  atomic  propositions  about  facts  in  the  psychological  sphere. 
'Mr.  A  is  in  a  contrite  mood  and  Mrs.  A  is  pleased'  is  a 
perfectly  good  truth  function  of  'Mr.  A  is  in  a  contrite  mood' 
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and  'Mrs.  A  is  pleased'.  The  difficulties  of  ascertaining  whether 
Mr.  A  is  not  simulating  or  Mrs.  A  is  not  pretending  are 
prodigious.  But  the  propositions  themselves  are  clear  and  in 
complete  logical  order. 

A  concrete  example  may  make  this  discussion  clearer. 

Let:  'p'  be  'Mount  Hood  is  higher  than  Mount  Whitney' 

'g'  be  'A  is  making  sound  "p"  ' 

p  and  q  be  the  propositions  expressed  respectively  by  pro- 
positional  signs  'p'  and  '#' 

F1  (fact  1 )  be  'A  says  p' 

F2  (fact  2)  be  Mr.  A  making  a  series  of  noises  'p' 
(Let  us  assume  that  F2  is  actually  the  case.) 

F3  (fact  3)  be  the  geographic  fact  of  Mount  Hood's  being 
11,000  feet  high  and  Mount  Whitney's  being  14,000  feet 

By  using  Fi  as  a  propositional  sign  we  assert  the  proposition 
q,  and  thus  refer  to  F2;  and  since  F2,  by  hypothesis,  exists, 
our  proposition  q  is  true.  So  far  neither  proposition  p  nor  the 
fact  Fs  have  been  involved.  But  if  by  using  the  propositional 
sign  'p'  we  assert  proposition  p,  the  situation  changes  entirely; 
we  then  deal  with  p  and  F3;  and  by  virtue  of  the  character  of 
Fz,  the  truth  value  of  the  proposition  p  happens  to  be  false- 
hood. 

I  think  I  can  now  give  an  explanation  of  the  second  state- 
ment in  Tractatus,  5.542,  namely,  that  'here  we  have  no  co- 
ordination of  a  fact  and  an  object,  but  a  co-ordination  of 
facts  by  means  of  a  co-ordination  of  their  objects'.  On  the  in- 
tensional  interpretation  of  the  type  of  propositions  'A  says  p\ 
the  object  A  was  coordinated  by  some  such  relation  as  believ- 
ing, thinking,  saying,  and  so  forth,  with  the  proposition  p.  Now 
we  coordinate  the  fact  'A  says  p'  with  the  fact  of  A's  saying  lp\ 
Remembering  that  'To  the  configuration  of  the  simple  signs  in 
the  propositional  sign  corresponds  the  configuration  of  the 
objects  in  the  state  of  affairs'  (3.21),  we  can  crudely  diagram 
this  state  of  affairs.  And  'This  shows  that  there  is  no  such 
thing  as  the  soul  .  .  .'   (5.5421).  Indeed,  no  soul  is  dis- 
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cernible  in  this  picture!  But  whether  it  could  be  discovered 
anywhere  else  is  another  matter,  with  which  we,  fortunately, 
are  not  concerned  here. 


Fi       'A  says  a  R  b' 

III 


A 


M/' 


a  R  Jbl 


To  conclude  this  topic  we  can  say  that  general  propositions 
and  propositions  of  the  type  'A  believes  /?'  are  not  exceptions 
to  the  general  rule  that  propositions  can  occur  in  other  propo- 
sitions only  as  arguments  in  truth  functions. 

3.2  Wittgenstein's  theory  of  truth  functions  has  important 
bearing  on  his  treatment  of  logic.  In  my  discussion  of  Wittgen- 
stein's logic  I  will  make  constant  references  to  Russell.  In 
logic  Wittgenstein  was  a  pupil  of  Russell,  after  all;  and,  if 
the  pupil  and  the  teacher  disagree  at  times,  that  very  dis- 
agreement may  bring  out  the  pupil's  view  into  a  clearer  relief 
against  the  background  of  the  teacher's.  Wittgenstein's  techni- 
cal treatment  of  logic  depends  upon  his  view  of  tautology. 

3.21  Among  the  22"  truth  functions  of  n  atomic  proposi- 
tions there  are  two  limiting  cases  of  particular  importance  in 
a  discussion  on  logic,  namely,  tautology  and  contradiction. 
Tautology  is  a  truth  function  which  expresses  agreement  with 
all  the  truth  possibilities  of  atomic  propositions  involved;  con- 
tradiction expresses  disagreement  with  all  of  them:  'In  the 
one  case  the  proposition  is  true  for  all  the  truth-possibilities 
of  the  elementary  [atomic]  propositions.  ...  In  the  second 
case  the  proposition  is  false  for  all  the  truth-possibilities.  .  .  . 
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The  tautology  has  no  truth-conditions,  for  it  is  unconditionally 
true;  and  the  contradiction  is  on  no  condition  true'  (4.46, 
4.461).  By  negating  a  tautology  we  get  a  contradiction,  and 
vice  versa,  and  therefore  in  our  discussion  we  may  usually 
confine  ourselves  to  one  of  them;  and  it  is  tautology  that  is 
of  particular  interest  to  us  here,  because  Wittgenstein  defines 
logical  propositions  as  tautologies  (6.1). 

Tautology  and  contradiction  are  degenerate  cases  of  propo- 
sitions in  the  sense  that  they  'are  not  pictures  of  the  reality. 
They  present  no  possible  state  of  affairs.  For  the  one  allows 
every  possible  state  of  affairs,  the  other  none'  (4.462).  But 
they  are  important,  nevertheless,  because  tautology  'is  uncon- 
ditionally true;  and  the  contradiction  is  on  no  condition  true' 
(4.461).  Thus,  while  the  truth  of  other  propositions  is  only 
possible,  and  depends  on  the  state  of  affairs  in  the  world, 
'The  truth  of  tautology  is  certain,  ...  of  contradiction  im- 
possible' (4.464).  (The  'truth'  of  tautology,  being  independ- 
ent of  the  empirical  conditions,  is  not  an  empirical  truth,  and 
it  might  be  advisable  to  use  some  other  term,  say  'validity', 
for  it  rather  than  'truth';  Wittgenstein,  however,  uses  the  term 
'truth'  for  both  cases,  and  I  will  generally  keep  his  termi- 
nology.) It  is  this  property  of  tautology  to  be  certainly  true 
independent  of  the  truth  values  of  its  constituent  atomic 
propositions,  that  is,  to  be  'true'  a  priori,  that  makes  it  so  im- 
portant in  expressing  logical  propositions.  In  fact  Wittgenstein 
identifies  them  with  logical  propositions:  'The  propositions  of 
logic  are  tautologies'  (6.1);  'It  is  the  characteristic  mark  of 
logical  propositions  that  one  can  perceive  in  the  symbol  alone 
that  they  are  true;  and  this  fact  contains  in  itself  the  whole 
philosophy  of  logic'  (6.113).  As  I  have  already  pointed  out 
in  my  Chap.  2,  tautologies  in  Wittgenstein's  sense  do  not 
exhaust  the  possibilities  of  expressing  logic,  and  in  a  wider 
sense  logic  is  synonymous  with  the  consistent  use  of  any  signs. 
For  example,  the  proposition  'The  group  of  signs  (a,  b,  c) 
includes  the  group  (a,  by  is  not  a  tautology  in  Wittgenstein's 
sense;  and  yet  it  is  certainly  always  true,  that  is,  tautologous 
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in  a  wider  sense.  Wittgenstein,  probably,  does  not  keep  suf- 
ficiently distinct  the  purely  formal  aspects  of  symbolism  from 
its  application  to  propositions,  and  thus  is  led  to  the  limitation 
of  logical  propositions  to  the  truth  functions  of  atomic  propo- 
sitions. In  logic  we  need  no  more  concern  ourselves  with  the 
meaning  of  our  symbols  than  we  need,  for  the  correct  solution 
of  an  arithmetical  sum,  to  think  of  the  meaning  of  the  groups 
of  figures  with  which  we  work.  I  will  not,  however,  pursue 
this  controversial  topic  here. 

Tautologies  and  contradictions  are  considered  to  be  propo- 
sitions for  at  least  the  three  following  reasons:  first,  they  result 
automatically  from  the  exhaustive  enumeration  of  truth  func- 
tions; second,  they  are  constructed  out  of  atomic  propositions 
by  the  application  of  the  same  truth  operation,  NQ),  that  is 
used  in  the  construction  of  significant  propositions;  and, 
finally,  they  can  be  taken  as  arguments  of  truth  functions, 
just  like  other  propositions,  counting  tautologies  as  true  and 
contradictions  as  false;  for  example,  if  p  is  a  tautology  and  q 
a  significant  proposition,  we  can  also  have  p  .  q,  p  v  q,  and  so 
on. 

But  it  is  important  to  observe  that  tautologies  are  not  simply 
true  propositions,  even  if  they  can  be  treated  as  such  for 
certain  purposes.  A  significant  proposition  asserts  something 
about  the  world,  and  its  truth  depends  upon  the  state  of  affairs 
in  the  world;  but  a  tautology  is  a  truth  function  constructed 
in  such  a  way  as  to  assert  nothing  at  all  about  the  world  but 
to  express  complete  ignorance  concerning  the  truth  values  of 
the  atomic  propositions  involved  by  agreeing  with  their  every 
possibility.  For  example,  the  tautology  'It  either  rains  or  it 
does  not  rain  now'  gives  us  not  the  slightest  information  about 
the  actual  state  of  the  weather,  nor  about  anything  else  for 
that  matter.  It  leaves  us  no  wiser  about  the  state  of  the  world 
than  we  were  before  we  heard  it,  and  we  can  state  it  with 
certainty  at  any  time  without  looking  out  a  window.  It  is 
this  nonsignificance  of  tautologies  in  respect  to  the  actual 
state  of  the  world  that  Wittgenstein  has  in  mind  when  he  says 
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that  tautologies  or  logical  propositions  'are  without  sense' 
(4.461)  or  say  nothing  (5.142,  5.43).  Such  statements  do 
not  mean  that  tautologies  are  senseless  in  the  sense  of  being 
absurd.  Tautologies  are  a  part  of  our  symbolism  (4.4611), 
and  are  always  applicable  to  the  world  even  if  they  do  not 
convey  any  information  about  it  (5.557).  Although  they 
'  "treat"  of  nothing',  they  'presuppose  that  names  have  mean- 
ing, and  that  elementary  propositions  have  sense.  And  this  is 
their  connexion  with  the  world'  (6.124). 

Logical  propositions  could  convey  to  us  information  about 
the  world  only  on  either  of  the  following  two  conditions:  (a) 
if  logical  propositions  were  but  generalized  empirical  propo- 
sitions, as  J.  S.  Mill  took  them  to  be;  or  (b)  if  we  could 
have  a  priori  knowledge  of  some  features  of  the  world,  as 
Kant  would  have  it.  But  Wittgenstein  rejects  both  these  alter- 
natives: (a)  'Theories  which  make  a  proposition  of  logic  ap- 
pear substantial  are  always  false'  (6.111);  'logical  propo- 
sitions can  no  more  be  empirically  confirmed  than  they  can 
be  empirically  refuted.  Not  only  must  a  proposition  of  logic 
be  incapable  of  being  contradicted  by  any  possible  experience, 
but  it  must  also  be  incapable  of  being  confirmed  by  any  such' 
(6.1222).  (b)  Wittgenstein  also  rejects  Kant's  view  of  the 
possibility  of  synthetic  propositions  a  priori:  'There  is  no  order 
of  things  a  priori'  (5.634),  and  'There  is  no  picture  which  is 
a  priori  true'  (2.225).  Thus,  logic  for  Wittgenstein  does  not 
deal  with  the  world  either  in  Mill's  or  in  Kant's  sense,  and 
therefore  logical  propositions  do  not  convey  to  us  any  infor- 
mation about  states  of  affairs  in  the  world. 

Logic  deals  only  with  the  rules  of  symbolism:  'Whether  a 
proposition  belongs  to  logic  can  be  calculated  by  logical 
properties  of  the  symbol  .  .  .  ;  without  troubling  ourselves 
about  a  sense  and  a  meaning,  we  form  the  logical  propositions 
out  of  others  by  mere  symbolic  rules'  (6.126).  Logic  'has 
nothing  to  do  with  the  question  whether  our  world  is  really 
of  this  kind  or  not'  (6.1233); 'We  cannot  .  .  .  say  in  logic: 
This  and  this  there  is  in  the  world,  that  there  is  not'  (5.61). 
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Logic  has  nothing  to  do  either  with  any  empirical  or  any 
miraculous  characters  of  the  world,  but  is  merely  the  consistent 
use  of  our  symbolism  in  our  dealings  with  the  world.  'The 
fact  that  the  propositions  of  logic  are  tautologies  shows  the 
formal — logical — properties  of  language,  of  the  world'  (6.12) ; 
that  is,  it  shows  merely  the  rules  of  our  symbolism,  but  it 
does  not  tell  us  anything  about  the  actual  state  of  the  world. 

Thus,  some  truth  functions  are  tautologies  or  contradic- 
tions, that  is,  merely  formal  propositions;  and  others  are 
significant  or  real  propositions,  asserting  something  or  other 
about  the  facts  in  the  world.  This  distinction  corresponds  to 
the  traditional  distinction  between  the  analytic  and  the  syn- 
thetic propositions,  without,  however,  being  limited  to  the 
traditional  subject-predicate  form,  or  made  dependent  upon 
the  law  of  contradiction  (which  is  but  one  of  the  tautologies). 
This  distinction  also  corresponds  to  W.  E.  Johnson's  distinc- 
tion into  formally  certifiable  and  experientially  certifiable 
propositions  {Logic,  I,  Chap.  IV),  without,  however,  the 
psychological  and  metaphysical  implications  of  Johnson's 
view. 

3.22  Wittgenstein's  view  of  logical  propositions  as  tau- 
tologies, with  a  clearly  defined  meaning  of  tautology,  offers 
a  solution  for  Russell's  difficulty  in  giving  an  adequate  ex- 
planation of  the  nature  of  logical  propositions.  It  is  rather 
remarkable  (but  not  self -contradictory  on  Wittgenstein's  view) 
that  such  a  logician  as  Russell  could  write  on  logic  for  many 
years  before  he  realized  that  he  had  no  sufficient  criteria  of 
what  logical  propositions  are;  but  it  is,  nevertheless,  a  fact 
that  as  late  as  the  writing  of  his  Introduction  to  Mathematical 
Philosophy  (published  in  1918)  Russell  was  still  unable  to 
give  a  sufficient  definition  of  logical  propositions.  Russell 
thought  that  he  found  a  necessary  criterion  of  logical  propo- 
sitions in  their  formality,  that  is,  in  that  they  'can  be  expressed 
wholly  in  terms  of  logical  constants  together  with  variables' 
{Introduction,  p.  202).  But  he  was  aware  that  this  criterion 
of  logical  propositions,  even  if  necessary,  was  not  sufficient, 
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because  there  very  well  may  be  propositions  which  are  not 
logical  and  which  yet  consist  of  nothing  but  logical  constants 
and  variables  (Introduction,  p.  202),  for  example,  'p/q\ 
Russell  felt  that  a  definition  of  logical  propositions  must  in- 
clude not  merely  their  complete  generality  but  also  some 
further  characteristic,  and  Russell  called  this  characteristic 
'tautology',  but  he  could  not  give  a  satisfactory  explanation  of 
what  it  is.  In  Russell's  own  words: 

It  is  clear  that  the  definition  of  'logic'  .  .  .  must  be  sought  by 
trying  to  give  a  new  definition  of  the  old  notion  of  'analytic'  pro- 
positions. Although  we  can  no  longer  be  satisfied  to  define  logical 
propositions  as  those  that  follow  the  law  of  contradiction,  we  can 
and  must  still  admit  that  they  are  a  wholly  different  class  of  prop- 
ositions from  those  that  we  come  to  know  empirically.  They  all 
have  the  characteristic  which  ...  we  agreed  to  call  'tautology'. 
This,  combined  with  the  fact  that  they  can  be  expressed  wholly 
in  terms  of  variables  and  logical  constants  (a  logical  constant  be- 
ing something  which  remains  constant  in  a  proposition  even  when 
all  its  constituents  are  changed) — will  give  the  definition  of  logic. 
.  .  .  For  the  moment  I  do  not  know  how  to  define  'tautology'. 
The  importance  of  tautology  .  .  .  was  pointed  out  to  me  by  my 
former  pupil  Ludwig  Wittgenstein,  who  was  working  on  the  prob- 
lem. I  do  not  know  whether  he  has  solved  it,  or  even  whether  he 
is  alive  or  dead  (Introduction,  pp.  204-05). 

Wittgenstein  fortunately  was  alive,  and  at  last  succeeded  in 
giving  a  clear  view  on  the  nature  of  tautology,  thus  satis- 
factorily resolving  his  teacher's  difficulty.  Almost  all  the  'as- 
serted' propositions  of  Principia  Mathematica,  that  is,  almost 
all  the  propositions  there  preceded  by  'h',  are  tautologies. 
It  must  be  added,  however,  that  on  Wittgenstein's  view, 
Russell's  first  criterion  of  logical  propositions — that  they  must 
be  propositions  which  can  be  stated  by  using  logical  terms 
alone — is  not  only  not  sufficient  but  is  not  even  necessary: 
'The  mark  of  logical  propositions  is  not  their  general  validity. 
To  be  general  is  only  to  be  accidentally  valid  for  all  things. 
An  ungeneralized  proposition  can  be  tautologous  just  as  well 
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as  a  generalized  one'  (6.1231).  True,  a  logical  proposition 
or  tautology  is  tautologous  by  virtue  of  its  form  alone,  inde- 
pendent of  the  specific  senses  of  the  atomic  propositions  in- 
volved, but  these  senses  may  be,  nevertheless,  explicitly  ex- 
pressed in  a  logical  proposition  without  vitiating  the  tauto- 
logicality  of  the  proposition.  For  example,  'Mr.  Smith  is  in 
this  room  or  Mr.  Smith  is  not  in  this  room'  is  a  tautology  in 
Wittgenstein's  sense,  because  it  is  of  the  form  pv  ~  p,  and  in 
spite  of  the  fact  that  we  actually  mention  several  particular 
things  in  it.  The  factor  determining  tautologicality  lies  only 
in  the  form  of  a  tautology,  but  the  presence  in  the  tautology 
of  terms  with  specific  meaning  does  not  vitiate  the  tauto- 
logicality of  the  tautology.  Even  more,  tautologies  for  Wittgen- 
stein are  propositions — although  they  are  without  sense,  they 
are  not  nonsensical  (4.461,  4.462) — and  therefore  it  is  in- 
evitable on  Wittgenstein's  view  that  'They  presuppose  that 
names  have  meaning  and  that  elementary  propositions  have 
sense'  (6.124),  even  if  we  deal  with  completely  generalized 
tautologies.  (As  I  have  already  said,  this  is,  in  my  opinion, 
an  unnecessary  limitation  of  logical  propositions  on  Wittgen- 
stein's part. ) 

Of  course,  since  a  proposition  is  tautologous  in  virtue  of  its 
form  alone,  if  we  turn  every  constituent  of  it  into  a  variable, 
we  shall  obtain  another  tautology,  generalized  but  of  the  same 
form.  Whether  we  deal  with  the  ungeneralized  or  generalized 
tautology  is,  however,  logically  irrelevant.  In  works  on  logic  it 
would  be  a  waste  of  time  to  deal  with  particular  tautologies 
instead  of  generalized  ones,  for  example,  to  deal  with  tau- 
tologies like  'If  all  Greeks  are  men,  and  all  men  are  mortal, 
then  all  Greeks  are  mortal',  instead  of  (x)  .  <j>x  D  \f/x  .  \jtx  D 
X  x .  3  .  (x)  .  <f>x  D  xx.'  It  may  also  be  that  for  some  people 
it  is  psychologically  more  difficult  to  grasp  the  formal  re- 
lations involved  in  a  tautology  dealing  with  particular  ex- 
periences rather  than  those  in  a  generalized  tautology.  The 
terseness  of  symbolism  may  be  psychologically  conductive  to 
clearness  for  some  people,  even  though  on  the  other  hand  a 
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mere  sight  of  anything  resembling  mathematical  notation  has 
a  paralyzing  effect  on  the  mentality  of  others.  But  all  such 
considerations  are  practical  and  logically  irrelevant  to  Wittgen- 
stein's view  on  tautology.  What  is  important  here  is  that  the 
tautologicality  of  a  proposition  is  due  to  its  form  alone,  and 
that  therefore  we  can  know  this  tautologicality  through  in- 
vestigation of  the  signs  expressing  the  proposition,  without 
taking  into  account  the  meanings  of  the  symbols  involved, 
that  is,  without  any  appeal  to  the  world;  but  whether  the 
tautologies  we  deal  with  are  completely  generalized  or  are 
particular  propositions,  is  logically  immaterial. 

3.3  Wittgenstein's  view  of  molecular  propositions  as  truth 
functions  leads  to  a  very  simple  theory  of  inference.  But,  be- 
fore we  proceed  to  a  detailed  discussion  of  this  theory,  a  few 
general  preliminary  remarks  should  be  made.  First,  inference 
for  Wittgenstein  is  identical  with  formal  inference  or  deduc- 
tion. Inductive  or  empirical  inference  is  for  him,  as  for  Hume, 
logically  always  accidental,  is  a  guess,  a  leap  into  the  dark; 
is  but  an  elaborated  and  refined  kind  of  what  Russell  calls 
physiological  inference.  'All  inference  takes  place  a  priori' 
(5.133).  'Superstition  is  the  belief  in  the  causal  nexus' 
(5.1361).  'And  outside  logic  all  is  accident'  (6.3).  'The 
process  of  induction  .  .  .  has  no  logical  foundation  but  only 
a  psychological  one'  (6.363,  6.3631).  'A  necessity  for  one 
thing  to  happen  because  another  has  happened  does  not  exist' 
(6.37).  Second,  inference  for  Wittgenstein  is  not  to  be  identi- 
fied with  the  mental  processes  in  which  it  may  occur:  'Logic 
must  take  care  of  itself'  (5.473);  that  is,  logic  is  determined 
by  definitions  or  rules  and  not  by  anything  in  the  world,  like 
psychological  facts.  Psychology  is  for  Wittgenstein  but  a 
natural  science  (4.1121).  As  far  as  psychological  considera- 
tions are  concerned,  they  are  simply  irrelevant  to  a  discussion 
of  logic,  and  therefore  of  inference.  Of  course,  if  we  take  the 
term  'inference'  in  the  more  usual  sense  of  a  method  by  which 
we  arrive  at  new  knowledge,  or  a  mental  process  in  which  a 
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thinker  actually  passes  from  something  known  to  something 
unknown,  then,  as  Russell  has  repeatedly  pointed  out,  there 
is  'unavoidably  something  psychological  about  inference'  (for 
example,  Introduction  to  Mathematical  Philosophy,  p.  149). 
But  for  Wittgenstein,  inference  deals  only  with  the  logical 
validity  of  such  'inference'  and  not  with  the  mental  processes 
in  which  it  might  and  often  does  occur.  Inference,  for  Wittgen- 
stein, deals  with  what  we  might  be  tempted  to  call,  borrowing 
the  terms  from  W.  E.  Johnson,  the  constitutive  aspect  of  the 
actual  process  in  which  it  occurs,  as  contrasted  with  its 
epistemic  aspect;  but  the  whole  of  Johnson's  logic  is  so 
permeated  by  psychology,  epistemology,  and  metaphysics  that 
I  am  rather  wary  of  using  his  terminology.  Perhaps,  it  would 
be  conducive  to  clearness  if  Wittgenstein  used  the  accepted 
term  'deduction'  in  place  of  his  'inference',  in  order  to  keep  it 
distinct  from  inductive  inference  on  one  hand  and  psychologi- 
cal considerations  on  the  other. 

3.31     Wittgenstein  states  the  essentials  of  his  view  on  in- 
ference as  follows: 

Those  truth-possibilities  of  its  truth-arguments,  which  verify  the 
proposition,  I  shall  call  its  truth-grounds.  If  the  truth-grounds 
which  are  common  to  a  number  of  propositions  are  all  also  truth- 
grounds  of  some  one  proposition,  we  say  that  the  truth  of  this 
proposition  follows  from  the  truth  of  those  propositions.  In  par- 
ticular the  truth  of  a  proposition  p  follows  from  that  of  a  proposi- 
tion q,  if  all  the  truth-grounds  of  the  second  are  truth-grounds  of 
the  first.  The  truth-grounds  of  q  are  contained  in  those  of  p\  p 
follows  from  q.  If  p  follows  from  q,  the  sense  of  'p'  is  contained 
in  that  of  '?'  (5.101-5.122). 

In  other  words,  the  truth  grounds  of  a  proposition  are  those 
truth  possibilities  of  its  constituent  propositions  with  which 
the  proposition  agrees,  and  not  those  with  which  it  disagrees. 
And  the  proposition  p  follows  from,  or  is  inferable  from,  the 
proposition  q,  if  all  truth  grounds  of  q  are  contained  in  the 
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truth  grounds  of  p;  which  means  that  p  is  inferable  from  q, 
if  p  agrees  with  all  those  truth  possibilities  of  its  constituent 
propositions  with  which  q  also  agrees,  while  the  converse  is  left 
undetermined;  that  is,  p  may  also  agree  with  some  additional 
truth  possibilities.  If  p  follows  from  q  and  vice  versa  (if  p 
agrees  with  all  the  truth  possibilities  with  which  q  agrees,  and 
vice  versa),  then  p  and  q  'are  one  and  the  same  proposition' 
(5.141). 

In  T-F  notation  (Table  6)  'p  follows  from  q'  is  shown 
by  the  fact  that  to  every  T  of  q  there  corresponds  a  T  in  p, 
regardless  of  what  other  T's  p  may  also  happen  to  have.  In 
somewhat  more  familiar  language  the  proposition  'p  follows 
from  q'  may  be  expressed  as  lq  .  ~  p  is  self -contradictory', 
because  p  cannot  be  false  when  q  is  true  if  we  agree  that  to 
every  T  of  q  there  also  corresponds  a  T  of  p;  in  another  form 
this  can  be  expressed  as  *~(q  .  ~  p)  is  tautologous',  or  as 
lq  3  p  is  tautologous'.  Similarly,  'p  follows  from  q'  may  be 
also  expressed  as  'q  .  p  is  equivalent  to  q\  or  more  compactly 
as  q  .  p  -  Es  •  q  because  the  truth  grounds  of  q  are  the  same 
as  those  which  are  common  to  q  and  to  p.  This  form  sug- 
gests in  a  tangible  way  how  the  truth  grounds  of  q  are  'con- 
tained' in  those  of  p;  q  cannot  be  true  unless  p  is  also  true. 
There  are,  of  course,  many  other  expressions  for  (p  follows 
q\  but  the  above  seem  to  be  among  the  most  convenient. 

For  the  sake  of  clearness  it  may  be  pointed  out  here  that 
'from  an  elementary  [atomic]  proposition  no  other  can  be  in- 
ferred' (5.134);  'other'  here  must  mean  'other  atomic', 
because  it  is  possible  to  make  an  inference  from  an  atomic 
proposition  to  a  molecular  one,  for  example,  'p  v  q  follows 
from  p\  even  if  p  is  atomic.  However,  the  inferred  prop- 
osition must  be  molecular  except  for  the  special  case  of  in- 
ferring a  proposition  from  itself.  To  avoid  confusion  we 
might  for  the  sake  of  convenience  on  certain  occasions 
write  capital  letters  for  the  molecular  propositions  when 
these  are  used  in  inference,   and  reserve  small  letters  for 
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their  arguments;  to  simplify  the  notation  we  might  even  use 
only  one  capital  letter  with  subscripts  for  the  molecular  propo- 
sitions involved,  and  one  small  letter  with  subscripts  for  their 
arguments.  Then  we  could  write  'Pi  follows  from  P2',  if  to 
every  T  of  P2  there  corresponds  a  T  of  Pi,  where,  for  example, 
Pi  is  p  v  q  or  p\  v  p2,  and  P2  is  p  .  q  or  pi  .  P2,  and  so  forth.  I 
will  resort  to  this  notation  on  occasions  when  it  may  help  to 
make  the  exposition  clearer,  but  I  do  not  intend  to  follow  it 
always,  because  in  some  cases  it  would  make  matters  more 
confusing  than  otherwise,  for  example,  when  it  may  conflict 
with  the  notation  in  quotations  from  the  Tractatus. 

That  the  inference  'Pi  follows  from  P2'  depends  on  the  con- 
nection between  the  truth  grounds  of  Pi  and  P2  may  be  ex- 
pressed also  by  saying  that  Pi  and  P2  are  internally  or  struc- 
turally connected:  'That  the  truth  of  one  proposition  follows 
from  the  truth  of  other  propositions,  we  perceive  from  the 
structure  of  the  propositions.  If  the  truth  of  one  proposition 
follows  from  the  truth  of  others,  this  expresses  itself  in  re- 
lations in  which  the  forms  of  these  propositions  stand  to  one 
another'  (5.13,  5.131).  'The  structures  of  propositions  stand 
to  one  another  in  internal  relations'  (5.2).  The  main  point 
in  inference  we  have  to  stress  here  is  that  it  proceeds  formally, 
and  depends  only  on  the  connection  between  the  forms  of  the 
truth  functions  involved,  and  not  on  the  specific  senses  of 
their  arguments:  'All  inference  takes  place  a  priori'  (5.133). 
Thus,  if  P2  be  pi .  p2  and  Pi  be  pi  v  p2,  then  Pi  follows  from  P2 
because  of  their  internal  connection — because  of  the  ways  Pi 
and  P2  are  built  up  by  logical  operations  from  pi  and  p2,  or,  to 
put  it  in  another  way,  because  the  truth  grounds  of  Pi(TTT-) 

contain  the  truth  grounds  of  P2(T ),  regardless  of  what 

senses  pi  and  p2  have. 

But  here  we  must  observe  that,  while  the  inference  is  due 
only  to  the  formal  relations  between  truth  functions  and  re- 
gardless of  the  senses  of  their  arguments,  these  senses  are 
nevertheless  present  in  the  truth  functions  involved  in  the 
inference.  When  we  infer  Pi  from  P2,  we  infer  the  sense  of  Pi 
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from  the  sense  of  P2  as  well:  'if  p  follows  from  q,  the  sense  of 
V  is  contained  in  that  of  V  (5.122).  If  P3  and  P4 
happen  to  be  the  same  truth  functions  of  pz  and  p±  as  Pi 
and  P2  are  of  p\  and  P2,  then  P3  follows  from  P4  in  the  same 
way  as  Pi  follows  from  P2,  but  the  senses  involved  in  two  in- 
ferences are  different.  The  sense  of  p\  v  p2  is  contained  in  the 
the  sense  of  p\ .  P2,  and  the  sense  of  pz  v  /?4  is  contained  in 
the  same  way  in  the  sense  of  pz .  p±\  but  the  sense  of  p\  v  p2 
is  not  contained  in  the  sense  of  pz .  p±,  and  the  sense  of 
pz .  pi  is  not  contained  in  the  sense  of  p\ .  p2.  The  connection 
between  the  senses  of  Pi  and  of  P2  can  perhaps  be  made 
clearer  by  the  following  consideration:  'P2  follows  from  Pi' 
is  formally  equivalent  to  Pi  =  :  Pi .  P2,  and  the  latter  can 
be  read  as  'Stating  the  sense  of  Pi  is  equivalent  to  stating 
the  sense  of  Pi .  P2'.  In  regard  to  sense,  the  term  'contain' 
means  the  relation  of  the  more  specific  sense  to  the  less 
specific  one:  'If  a  proposition  follows  from  another,  then 
the  latter  says  more  than  the  former,  the  former  less  than  the 
latter'  (5.14).  For  example,  the  sense  of  p  v  q  is  contained 
in  the  sense  of  p  .  q,  because  p  .  q  says  more  than,  is  more 
specific  than,  pv  q;  p  .  q  says  that  p  and  q  are  both  true,  while 
pv  q  says  merely  that  'at  least  one,  p  or  q,  is  true,  and  it  may 
be  that  both  of  them  are';  the  first  one  not  only  gives  us  all 
the  information  that  the  second  one  gives,  but  it  also  gives 
more.  We  may  notice  in  passing  that  Wittgenstein's  term 
'contain'  applies  to  the  truth  grounds  of  two  propositions  in 
just  the  reverse  way  from  its  application  to  the  senses  of  the 
same  propositions;  if  'P2  follows  from  Pi',  then  the  truth 
grounds  of  Pi  are  contained  in  the  truth  grounds  of  P2  (to 
every  T  of  Pi  there  is  a  corresponding  T  in  P2,  but  P2  may  also 
have  other  T's),  and  the  sense  of  P2  is  contained  in  the  sense 
of  Pi. 

I  will  give  a  few  examples  of  inference  from  Table  6.  Truth 
function  No.  5  (TTTF)  follows  from  No.  8  (FTTF)  but  not 
conversely.  Table  7  shows  this  graphically.  Here  to  every  T 
of  No.  8  there  corresponds  a  T  of  No.  5.  Similarly,  No.  5 
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Table  7 


No.  5 


V  Vg 


T 
T<- 

F 


No.  8 


q  :  V:~p  .  q 


F 
-<  T 
<  T 

F 


follows  from  Nos.  10,  11,  13,  14,  and  15.  On  the  other  hand, 
No.  5  does  not  follow  from,  for  example,  No.  6.  Table  8 

Table  8 


No.  5 

No.  6 

V 

3 

pVg 

r**>  q 

T 
F 
T 
F 

T 
T 
F 
F 

T 
T 

T< 

p  * 

F 
F 

T 

y 

shows  this  graphically.  Here  to  one  of  the  T's  of  No.  6  cor- 
responds T  of  No.  5,  but  to  the  other  T  of  No.  6  corresponds 
F  of  No.  5;  No.  5  may  be  false  while  No.  6  is  true  and,  there- 
fore, No.  5  does  not  follow  from  No.  6. 

Propositions  which  have  no  T  in  common  'are  opposed  to 
one  another'  (5.1241);  they  may,  however,  have  F's  in  com- 
mon. Propositions  which  have  neither  T's  nor  F's  in  common 
contradict  or  deny  each  other  (5.1241).  For  example,  in 
Table  9  No.  5  contradicts  No.  12;  No.  7  opposes  Nos.  10,  13, 
and  15.  Opposition,  as  in  traditional  logic,  is  rather  a  loose 

Table  9 


No.  5 

No.  12 

No.  7 

No.  10 

No.  13 

No.  15 

V 

? 

V  Vg 

""  V  •  r>J  0. 

<~  p 

V 

V  ■  ~2 

V  ■  3 

T 
F 
T 
F 

T 
T 
F 
F 

T  ■•■ 

.  .*   V 

F 

T  ■■ 
F 
T  •• 

T 
..  p  ■• 

T 
..  p  .. 

F 
..    p    ■■ 

T 
..    p    •• 

T 

-■*F 

F 

T  ••• 

.  .a   F 

T  ••• 

.  .a    F 

F  *..  • 

. . .   T 
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relation;  thus,  while  No.  7  opposes  Nos.  10,  13,  and  15,  Nos. 
10  and  13  do  not  oppose  each  other,  and  neither  do  Nos.  10 
and  15;  and  Nos.  7  and  10  contradict  each  other,  but  no 
other  pairs  do.  Strangely,  Wittgenstein  does  not  use  the 
traditional  term  'contrary',  which  is  useful  and  would  fit  nicely 
into  his  scheme.  'Propositions  which  have  no  truth-arguments 
in  common'  are  independent  (5.152);  that  is,  propositions 
which  have  no  atomic  components  in  common  are  in- 
dependent, and  all  atomic  propositions  are  mutually  independ- 
ent. 

Tautology  and  contradiction  are  limiting  cases,  and  they 
contradict  or  deny  one  another.  In  connection  with  tautologies 
and  contradictions  all  inference  is  trivial.  Contradiction  has  no 
truth  grounds,  and  therefore  its  truth  grounds  are  vacuously 
contained  in  any  proposition;  any  proposition  follows  from  it 
vacuously,  to  borrow  a  convenient  term  from  mathematics.  To 
put  this  in  a  less  puzzling  way,  'p  follows  from  q'  is  equivalent 
to  '~  p  .  q  is  a  contradiction',  but  if  q  is  itself  a  contradiction 
then  ~  p  .  q  must  also  be  a  contradiction  no  matter  what  p  is. 
Thus  we  can  say  that  'p  follows  from  q'  no  matter  what  p  is, 
as  long  as  q  is  a  contradiction.  A  tautology  can  be  inferred 
from  any  proposition,  and  from  a  tautology  only  a  tautology 
follows  (5.142,  6.126).  Thus,  let  p  be  a  significant  propo- 
sition and  q  a  tautology;  we  can  form  the  logical  product 
p  .  q  which  is  equivalent  to  p,  since  q  is  a  tautology:  'The 
logical  product  of  a  tautology  and  a  proposition  says  the  same 
as  the  proposition'  (4.465);  and  q  of  course  follows  from 
p  .  q,  and  thus  a  tautology  q  is  inferred  from  a  significant 
proposition  p.  Similarly,  if  p  is  a  tautology,  we  can  form  the 
logical  product  of  p  and  any  other  tautology,  and  then  for- 
mally and  trivially  deduce  from  this  product  that  other  tau- 
tology. 

3.32  Wittgenstein  does  not  offer  any  special  name  for  the 
converse  of  the  relation  of  'follows',  that  is,  for  the  relation 
that  q  has  to  p  if  '/?  follows  from  q\  I  will  adopt  for  this 
relation  the  term  'tautologically  implies'.  I  do  not  wish  to  use 
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G.  E.  Moore's  term  'entails',  because  I  do  not  want  to  raise 
the  question  whether  Moore  and  Wittgenstein  mean  the  same 
thing  by  'follow';  I  think  they  do  not.  C.  I.  Lewis'  'strict  im- 
plication' is  a  different  notion,  based  upon  impossibility  as  a 
value  of  propositions  distinct  from  truth  and  falsity;  but  in 
logic,  according  to  Wittgenstein,  we  need  no  other  values  of 
propositions  except  truth  and  falsehood.  Russell's  'formal  im- 
plication' is  but  a  class  or  aggregate  of  material  implications, 
and  differs  from  material  implication  only  by  introduction  of 
generality.  I  will  discuss  the  relation  between  tautological  and 
material  implications  in  some  detail.  'Tautological  implication' 
is  an  appropriate  name  for  the  relation  under  consideration, 
because  this  relation  is  nothing  but  the  major  'material'  im- 
plication in  a  tautology.  Then,  whenever  lp  follows  from  q\ 
we  can  write  lq^>  p  tautologically',  where  'D'  is  Russell's 
material  implication.  And  I  propose  to  write  this  more  com- 
pactly as  q  T  p,  where  *  V  is  a  combination  of  T'  and  'D' 
and  stands  for  'implies  tautologically'. 

3.321  There  is  an  interesting  connection  as  well  as  an 
unfortunate  confusion  between  tautological  implication  and 
what  Russell  calls  'material  implication'  or  simply  'implica- 
tion', and  symbolizes  by  '3'  ('horseshoe').  An  enormous 
amount  of  bitter  and  mostly  fruitless  controversy  about  '3' 
would  not  have  taken  place  if  Russell  used  the  term  'horse- 
shoe' instead  of  the  misleading  'material  implication',  p  D  q 
is  defined  by  Russell  as  'Either  p  is  false  or  q  is  true'  (Principia, 
p.  94);  that  is,  p  D  q  is  that  truth  function  of  p  and  of  q 
which  has  truth  value  T  if  p  is  true  and  q  is  true,  or  p  is  false 
and  q  is  true,  or  p  is  false  and  q  is  false,  and  which  has  truth 
value  F  if  p  is  true  but  q  is  false.  In  fact,  it  is  nothing  but  the 
truth  function  No.  4  of  our  Table  6  (p.  121)  and  may  happen 
to  hold  even  when  both  p  and  q  are  atomic,  as  well  as  when 
either  or  both  of  them  are  molecular,  'p  D  q  tautologically' 
means  lq  follows  from  p\  and  it  holds  only  when  there  is 
some  formal  relation  between  p  and  q  such  that  'the  truth 
grounds  of  p  are  contained  in  those  of  q';  p  in  'p  D  q  tau- 
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tologically'  must  be  molecular,  except  in  the  limiting  case 
where  we  infer  p  from  itself. 

The  connection  between  tautological  implication  and  ma- 
terial implication  is  this:  material  implication  (D)  becomes 
tautological  (T  )  when  it  occurs  as  the  major  implication  in 
a  tautology.  Thus,  we  can  express  'P  implies  Q  tautologically' 
as  'P  3  Q  is  a  tautology'  or  P  T  Q.  For  example,  p  3  q 
.  p  :  D  q  is  a  tautology,  because  the  second  tDt  is  tautologi- 
cal; that  is,  p  D  g  .  p:  ~£  q.  Furthermore,  whenever  we  have 
'P  implies  Q  tautologically',  that  is,  'P  D  g  is  a  tautology', 
we  also  have  simply  P  D  Q,  that  is,  'P  materially  implies  Q\ 
In  other  words,  P  T  Q  implies  tautologically  that  P  D  Q.  But 
while  we  can  always  substitute  'Q'  for  'tautological  implica- 
tion', the  converse  does  not  hold,  and  therefore  the  two  re- 
lations are  not  equivalent.  'T'  is  a  stronger  relation  than 
*D\  This  is  due  to  the  fact  that  tautological  implication  is  a 
formal  or  internal  relation  between  the  propositions  involved, 
while  material  implication  is  external  or  accidental  to  them. 
In  p  T  q,  p  and  q  must  be  internally  or  formally  connected, 
so  that  from  p  alone  we  could  infer  q;  and  it  is  obvious  that  q 
here  must  be  molecular,  except  in  the  limiting  case  of  g's 
being  identical  with  p.  But  in  p  D  q,  p  and  q  may  be  logically 
entirely  independent;  for  example,  both  may  be  atomic.  In 
p  T  q  the  implicate  follows  from  the  implicans;  in  p  3  q  the 
implicate  does  not  necessarily  follow  from  the  implicans. 

Even  Russell  is  not  free  from  confusing  p  D  q  with  lp  D  q 
tautologically',  and  thus  from  committing  what  G.  E.  Moore 
characterized  as  the  'enormous  howler'  of  using  lp  materially 
implies  #'  in  the  sense  of  '<?  can  be  deduced  from  p\  Thus, 
for  example,  Russell  says:  'in  order  that  one  proposition  may 
be  inferred  from  another,  it  is  necessary  that  the  two  should 
have  that  relation  which  makes  the  one  a  consequence  of  the 
other.  When  a  proposition  q  is  a  consequence  of  a  proposition 
p,  we  say  that  p  implies  q'  (Principia,  p.  90).  Here  Russell 
uses  the  term  'inference'  in  the  same  sense  as  Wittgenstein, 
that  is,  as  deduction.  But  Russell's  'material  implication'  or 
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'horseshoe'  is  defined  as  'Either  p  is  false  or  q  is  true'  (Principia, 
p.  94).  Thus,  Russell  says  in  substance  that  lq  is  deducible 
from  p'  and  '/?  D  g'  are  equivalent,  which  is  a  'howler'.  More- 
over, *D*  is  but  one  of  many  possible  truth  relations  between 
propositions,  and  is  in  no  way  more  fundamental  than  any 
other;  in  fact,  in  Principia  it  is  not  even  taken  as  a  primitive 
idea,  but  is  defined  in  terms  of  negation  and  disjunction,  and 
therefore  it  may  be  entirely  eliminated  from  Principia  without 
affecting  any  of  the  deductions  in  that  work.  But  if  it  were 
necessary  for  these  deductions,  and  yet  we  can  rewrite  the 
whole  of  Principia  without  it,  Principia  contains  no  deduction! 
Russell  certainly  does  not  mean  that;  and  he  does  not  mean 
either  that  negation  and  disjunction,  to  which  'D'  can  be  re- 
duced, are  indispensable  for  deduction.  He  simply  confuses 
the  two  meanings  of  'implies':  '3'  and  *D  tautologically'. 
Almost  all  the  propositions  of  Principia  are  tautologies  with 
variable  arguments,  and  Russell  may,  of  course,  write  'D' 
wherever  the  implication  is  tautologous,  because  material 
implication,  as  I  have  pointed  out,  follows  from  tautological 
implication.  In  practice  Russell  does  not  confuse  the  two,  but 
the  two  concepts  should  be  distinguished.  In  fact,  they  are 
distinguished  in  Principia  by  the  sign  'l- '  prefixed  to  tau- 
tologies. Russell  himself  reads  'H'  as  'it  is  true  that'  or  'it  is 
asserted  that',  but,  as  H.  M.  Sheffer  points  out,  it  would  be 
better  to  read  it  as  'it  is  necessary  that',  and  in  our  terminology 
we  may  read  it  as  'it  is  tautologous  that'. 

3.322  The  form  lp  D  q  tautologically'  for  'q  follows  from 
p'  is  very  convenient  for  a  practical  checking  of  the  validity 
of  inference: 

If  for  example  two  propositions  'p'  and  'q'  give  a  tautology  in  the 
connexion  '/?  D  q\  men  it  is  clear  that  q  follows  from  p.  E.g.  that 
q  follows  from  lp  D  q .  p'  we  see  from  these  two  propositions 
themselves,  but  we  can  also  show  it  by  combining  them  to 
(p  D  q .  p  :  D  :  q'  and  then  showing  that  this  is  a  tautology 
(6.1221). 
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In  the  last  example,  the  first  *D*  is  the  material  implication, 
and  the  second  is  the  tautological  implication.  We  could  write 
the  second  as  p  3  q  .  p  :  "E  :  q.  Table  10  shows  this  graphi- 
cally. 


Table  10 


Pi 

Pi 
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V  D  q 

V  D  q  ■  V 

pD  q  ■  V   :~k? 
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F 

F  D  T  =  T 

T 

F. 

F 

F 

F  D  F  =  T 

F 

F 

T 

F 

F  d  F  =  T 

Let  us  illustrate  this  method  of  testing  the  validity  of  in- 
ference between  propositions  with  a  rather  complicated  case. 
Let  us  take  *3.47  of  Principia,  namely,  p  D  r .  q  D  s .  D  : 
p  .  q  .  D  .r.s.  To  facilitate  the  procedure  we  can  group  the 
constituents  of  this  expression  into  relatively  simple  com- 
plexes, and  then  proceed  to  the  more  complex  constituents, 
and  so  on,  until  the  whole  expression  is  reached  determining 
at  each  step  the  truth  conditions  of  each  complex  by  reference 
to  the  truth  conditions  of  their  constituents.  The  major  impli- 
cation here  is  the  third  one,  and  we  are  to  see  whether  it  is 
tautological.  This  process  is  arranged  graphically  in  Table  1 1 . 
We  see  from  the  last  column  of  this  table  that  Ps  ^  Pe  tauto- 
logically",  and  that  therefore  p  .  q .  3  .r.s  does  follow 
from  p  D  r  .qD  s  and  so  we  may  write  p  D  r .  q  D  s .  T  : 
p  .  q  .  D  .r.s. 

We  must  hot,  however,  think  that  by  putting  our  proposi- 
tions into  the  form  of  a  tautology  we  arrive  at  something  new 
concerning  these  propositions.  We  must  not  confuse  the  merely 
practical  convenience  or  the  psychological  novelty  of  the  result 
of  our  manipulation  of  symbols  with  the  logical  validity  of  in- 
ference. That  P2  follows  from  Pi  does  not  depend  on  Pi  and 
P2  being  put  into  the  explicit  tautology  P1TP2;  it  is  only  our 
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psychological  capacity  for  recognition  of  this  relation  that  may 
happen  to  be  dependent  upon  such  devices.  All  that  is  logi- 
cally necessary  for  inference  from  Pi  to  P2  is  that  the  truth 
grounds  of  Pi  be  contained  in  those  of  P2.  The  rest  is  logically 
irrelevant:  'Proof  in  logic  is  only  a  mechanical  expedient  to 
facilitate  the  recognition  of  tautology,  where  it  is  complicated' 
(6.1262).  A  'proof  in  logic  merely  displays  the  syntax  of  our 
symbolism.  'Proof,'  said  G.  H.  Hardy,  'is  but  a  rhetorical 
flourish'. 

There  is  no  need  for  rules  of  inference  in  logic:  'The 
method  of  inference  is  to  be  understood  from  the  two  propo- 
sitions alone.  Only  they  themselves  can  justify  the  inferences. 
Laws  of  inference,  which — as  in  Frege  and  Russell — are  to 
justify  the  conclusions,  are  senseless  and  would  be  superfluous' 
(Tractatus,  5.132).  Inference  depends  merely  on  whether  the 
truth  grounds  of  one  of  the  propositions  are  contained  among 
the  truth  grounds  of  the  other,  and  this  formal  relation  be- 
tween the  two  propositions  can  be  recognized  directly  from 
them,  without  combining  them  into  a  tautology:  'We  can  get 
on  without  logical  propositions,  for  we  can  recognize  in  an 
adequate  notation  the  formal  properties  of  the  propositions  by 
mere  inspection'  (6.122). 

Moreover,  though  'q  follows  from  p'  does  not  mean  that  q 
is  true,  unless  in  addition  we  also  know  that  p  is  true,  the 
inference  from  p  to  q  is  independent  of  such  additional  em- 
pirical information  about  the  truth  values  of  the  propositions 
involved.  The  inference  in  Wittgenstein's  sense  depends  only 
on  the  formal  relation  between  the  truth  grounds  of  the  prop- 
ositions, and  not  on  their  truth  values.  We  can  say  'we  infer 
correctly,  because  there  is  a  such-and-such  formal  relation 
between  these  two  symbols';  and  this  formal  relation  must  be 
known  to  us  as  soon  as  we  understand  these  propositions, 
without  any  further  knowledge  of  their  truth  values.  But  we 
cannot  say,  'we  infer  correctly  because  this  and  this  is  true'. 
Inference  is  due  to  the  grammatical  determinations  of  our 
language  and  not  to  the  actual  state  of  affairs  in  the  world: 
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'All  inference  takes  place  a  priori'   (5.133).  Inference  for 
Wittgenstein  is  deduction. 

We  can  see  now  that  the  term  'inference'  is  used  in  the 
Tractatus  in  a  sense  different  from  Russell's.  Russell  says:  'The 
process  of  inference  is  as  follows:  a  proposition  "p"  is  asserted, 
and  a  proposition  "p  implies  q"  is  asserted,  and  then  as  a 
sequel  the  proposition  "g"  is  asserted'  (Principia,  pp.  8-9). 
That  is,  in  inference,  according  to  Russell,  we  assert  p  and 
p  D  q  and  then  q.  It  appears  as  if  in  order  to  make  an  infer- 
ence one  needed  to  know  the  truth  values  of  the  premises. 
But,  as  I  have  just  pointed  out,  on  Wittgenstein's  view  we  do 
not  need  to  know  the  truth  values  of  the  premise  in  inference. 
All  we  have  to  know  is  the  truth  grounds  of  the  premise  and 
the  conclusion,  and  the  relation  between  the  two.  It  may  be 
even  the  case  that  the  premise  is  false:  'One  can  draw  con- 
clusions from  a  false  proposition'  (Tractatus,  4.023).  All  in- 
ference proceeds  a  priori,  that  is,  without  appeal  to  the  actual 
truth  or  falsity  of  the  propositions,  and  depends  only  upon  the 
formal  relations  between  propositions.  Furthermore,  if  (q  fol- 
lows from  p\  then  p  D  q  in  Russell's  schema  of  inference  does 
not  play  the  role  which  Russell  seems  to  assign  to  it,  namely, 
the  role  of  a  proposition  additional  and  different  from  p  and 
yet  necessary  for  inference  from  p  to  q;  p  3  q  is  merely  a 
grammatical  transformation  of  p  in  order  to  bring  it  into  Rus- 
sell's schema,  p .  p  z>  q  :  D  q.  It  is  but  a  grammatical  inser- 
tion piece,  not  essential  to  the  formal  relation  between  p  and 
q  by  virtue  of  which  we  can  infer  q  from  p.  It  is  the  inference 
from  p  to  q  that  is  under  consideration,  and  not  an  inference 
from  p  together  with  some  other  proposition,  say  r  (in  our 
case  p  D  q),  to  q.  The  addition  of  some  proposition  other 
than  p  to  p,  say  r,  would  change  our  premise  p;  we  would 
then  be  inferring  from  p  .  r  to  q,  and  not  from  p  to  q.  Infer- 
ence proceeds  from  p  alone  to  q  alone,  and  p  3  q  is  but  a 
grammatical  analysis  of  p,  and  not  a  new  premise.  In  the 
process  of  inference  it  is  not  essential  to  bring  our  proposi- 
tions into  the  schema  p  .  p  D  q  :  3  q.  What  is  essential  is  that 
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there  be  a  connection  between  the  truth  grounds  of  p  and  q 
such  that  the  truth  grounds  of  p  are  contained  among  those 
of  q.  The  rest  is  but  a  rhetorical  flourish. 

This  view  of  the  nature  of  inference  will  have  bearing  on 
Wittgenstein's  criticism  of  Principia,  my  next  topic,  but  I  wish 
to  make  a  brief  remark  here  on  the  disagreement  between  Rus- 
sell and  Wittgenstein.  In  answering  Wittgenstein's  criticism 
Russell  could  say  that  the  controversy  is  at  least  partly  verbal. 
What  Wittgenstein  calls  'inference'  Russell  calls  'implication'. 
And  Russell  would  agree  that  his  'inference'  is  not  a  purely 
logical  notion.  In  fact  Russell  definitely  holds  that  'There  is 
always  unavoidably  something  psychological  about  inference, 
and  what  is  not  psychological  about  it  is  the  relation  which 
allows  us  to  infer  correctly'  {Introduction  to  Mathematical 
Philosophy,  p.  149).  And  it  is  this  'relation  which  allows  us 
to  infer  correctly'  that  Wittgenstein  chooses  to  call  'inference'. 
I  do  not  wish  to  become  involved  in  this  verbal  controversy 
(although  I  am  inclined  to  take  Russell's  side  here),  but  in 
the  following  section  will  use  the  term  'inference'  with  the 
meaning  given  to  it  in  the  Tractatus. 

3.4  In  the  light  of  Wittgenstein's  view  of  logic,  logical 
propositions,  and  inference,  as  expounded  in  this  essay,  we 
can  now  criticize  a  possible  misinterpretation  of  Principia 
Mathematica. 

3.41  Principia  begins  with  undefined  or  "primitive"  ideas 
(elements  and  relations)  and  propositions.  By  means  of  these 
ideas  and  propositions  it  then  claims  to  define  all  other  ideas 
of  logic  and  eventually  of  mathematics;  and  by  means  of  the 
primitive  propositions  used  as  substantive  premises  on  the  one 
hand,  and  as  the  formal  rules  of  deduction  on  the  other,  it 
proposes  to  deduce  all  the  logical  propositions  needed  for  the 
construction  of  all  mathematics.  The  internal  validity  of  Prin- 
cipia as  a  deductive  system  is  a  matter  for  detailed  investiga- 
tion. Russell  himself  is  not  quite  satisfied  with  it  on  this  score, 
for  example,  on  account  of  the  omission  of  an  enunciation  of 
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the  nonformal  principle  of  inference  used  there,  and  on  ac- 
count of  the  presence  of  the  notorious  axiom  of  reducibility. 
I  will  be  concerned  here  only  with  the  principles  underlying 
the  Principia  as  a  logical  system. 

Principia  has  been  criticized  as  a  mathematical  or  deduc- 
tive postulational  system  by  several  people,  notably  by  B.  A. 
Bernstein  and  H.  M.  Sheffer.  Bernstein  criticized  Principia 
on  the  ground  that  its  primitive  propositions  or  postulates  do 
not  bring  out  the  properties  of  its  undefined  ideas  and  that 
Principia  instead  reads  them  into  the  system  'unofficially', 
from  outside  the  system,  while  claiming  that  it  makes  all  its 
assumptions  explicit  (see,  for  example,  Principia,  p.  90). 
In  a  deductive  postulational  system  the  postulates  are  implicit 
definitions  of  the  undefined  ideas  of  the  system;  and  the  system 
itself  has  to  be  considered  in  the  context  of  the  general  unsym- 
bolized  logic  underlying  it  and  the  language  in  which  it  is 
written.  The  principles  of  logic  cannot  be  defined  explicitly, 
and  are  taken  for  granted  from  'outside'  the  system.  I  think 
Bernstein  is  right  in  his  criticism  of  Principia  as  a  deductive 
postulational  system.1 

But  Russell  would  probably  answer  this  criticism  by  saying 
that  it  is  beside  the  point.  He  might  say,  perhaps,  that  Prin- 
cipia is  not  a  postulational  deductive  system,  but  is  a  self- 
contained  deductive  system  of  logic  itself,  and  that  mathe- 
matics can  be  deduced  from  it  without  using  any  ideas  or 
propositions  outside  the  Principia.  Russell  might  say  that  the 
'primitive'  propositions  of  the  Principia  are  not  arbitrary  postu- 
lates, but  are  logical  propositions  or  tautologies,  and  therefore 
they  implicitly  contain  the  general  logical  principles.  Logic  is 
thus  formally  'inside'  this  system  itself,  and  Principia  does  not 
need  any  other  general  logic  to  underlie  it.  Psychologically, 
Russell  may  add,  we  may  have  difficulty  in  reading  Principia, 
and  we  need,  as  an  accident  of  existence,  to  know  English  to 

1In  the  Bulletin  of  the  American  Mathematical  Society,  Vol.  XXXVII, 
No.  6,  Bernstein  proposes  a  way  of  transforming  Principia  into  a  mathe- 
matical postulational  system.  I  am  not,  however,  concerned  with  that  here. 
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get  on  to  it.  'The  primitive  ideas  are  explained  by  means  of 
descriptions  intended  to  point  out  to  the  reader  what  is  meant; 
but  the  explanations  do  not  constitute  definitions,  because 
they  really  involve  the  ideas  they  explain'  (Principia,  p.  91). 
And  logical  propositions  of  Principia  need  no  outside  logical 
help  for  being  just  what  they  are,  namely,  tautologies.  From 
the  primitive  logical  propositions  as  premises,  and  by  means 
of  them  as  formal  rules  of  deduction,  we  can  deduce  step  by 
step  all  the  other  logical  propositions  of  Principia,  and  ulti- 
mately all  the  mathematical  propositions,  without  further  help 
of  any  'outside'  logic.  Perhaps  Principia  as  it  stands  is  not  as 
self-contained  as  it  was  intended  to  be,  and  then  it  has  to  be 
supplemented.  Russell  himself  suggests  this,  for  example,  con- 
cerning his  nonformal  principle  of  deduction  (what  Johnson 
calls  applicative  principle).  But  this  is  a  defect  of  detail,  and 
does  not  affect  the  validity  of  the  view  underlying  Principia. 
Thus,  Russell  might  say,  Principia  is  not  intended  to  be  merely 
a  postulational  deductive  system,  like  Euclidean  geometry,  be- 
cause its  'primitive'  propositions  are  not  postulates  but  are 
logical  propositions.  Principia  then  appears  to  be  a  deductive 
system  of  logical  propositions;  it  is  built  up  out  of  propositions 
accepted  intuitively  as  tautologous,  by  means  of  explicitly 
stated  (with  some  unfortunate  shortcomings)  intuitively  cer- 
tain rules  and  principles  of  inference. 

3.42  The  main  criticism  here  from  Wittgenstein's  point 
of  view  is  that  logic  is  not  a  system.  Principia  says:  Out  of 
these  primitive  propositions  taken  as  axioms  follow  these  and 
these  tautologies  as  theorems.  But  Principia  is  limited  to  the 
enumerated  set  of  tautologies  systematically  arranged,  and  it 
is  but  one  of  innumerable  possible  deductive  systems  differing 
from  the  others  only  by  having  for  its  primitive  propositions 
certain  logical  propositions.  But  what  is  essential  to  logic  is 
that  logic  is  authoritative  for  all  tautologies  and  all  deductions, 
not  merely  those  in  a  particular  system.  Logic  is  common  to 
all  systems  of  symbolism  and  cannot  be  identified  with  any  one 
symbolic  expression  of  it.  To  consider  logic  by  analogy  with 
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postulational  deductive  systems  is  misleading,  and  would  lead 
to  the  absurd  notion  of  the  plurality  of  logics,  just  as  there  is 
a  plurality  of  geometries.  Of  course,  logical  propositions  can 
be  arranged  into  a  system,  in  fact  into  any  number  of  systems, 
because  logical  propositions  or  tautologies  follow  from  all 
propositions  {Tractatus,  5.142),  including  any  arbitrarily 
chosen  set  of  'primitive'  tautologies.  But  the  tautologicality  of 
logical  propositions  does  not  depend  upon  their  place  in  any 
such  system;  it  depends  only  upon  their  own  form.  'Every 
tautology  itself  shows  that  it  is  a  tautology'  (6.127).  In  a 
word,  logic  is  not  a  deductive  system.  Considering  the  im- 
portance of  this  subject,  it  may  be  worthwhile  to  elaborate 
on  it  a  little. 

There  is  logically  no  essential  difference  between  the  'prim- 
itive' and  deduced  propositions  of  logic  in  any  system:  'All 
propositions  of  logic  are  of  equal  rank;  there  are  not  some 
which  are  essentially  primitive  and  others  deduced  from  these' 
(6.127).  Russell  himself  mentions  that  'It  is  to  some  extent 
optional  what  ...  we  take  as  undefined'  (Principia,  p.  91). 
Wittgenstein  goes  further  and  says  that  it  is  entirely  optional 
which  of  the  tautologies  we  take  as  primitives.  But  they  must 
be  tautologies  and  not  merely  postulates.  The  distinction  be- 
tween axioms  and  theorems  of  a  system  does  not  hold  in  logic; 
all  logical  propositions  are  on  the  same  logical  level.  The 
choice  of  the  'primitives'  and  the  order  of  deduction  of  logical 
'theorems'  are  perfectly  arbitrary;  the  hierarchical  order  of  the 
logical  propositions  of  Principia  is  logically  unessential  and  is 
completely  external  to  these  propositions.  Each  tautology 
stands  as  tautology  in  its  own  right  and  not  as  a  consequence 
of  some  other  tautology  chosen  as  'primitive'.  Of  course,  these 
remarks  are  not  intended  to  invalidate  Russell's  deductions  in 
Principia.  They  merely  point  out  that  those  deductions  are 
logically  superfluous  for  the  tautological  character  of  the  tau- 
tologies deduced  from  the  'primitive'  tautologies.  Propositions 
of  Principia  are  tautologies  because  of  their  form,  and  their 
position  in  the  artificial  deductive  arrangement  of  Principia  is 
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logically  accidental  to  them:  'We  prove  a  logical  proposition 
by  creating  it  out  of  other  logical  propositions  by  applying  in 
succession  certain  operations,  which  again  generate  tautolo- 
gies out  of  the  first.  .  .  .  This  way  of  showing  that  its  propo- 
sitions are  tautologies  is  quite  unessential  to  logic'  ( Tractatus, 
6.126) .  'Proof  in  logic  is  only  a  mechanical  expedient  to  facil- 
itate the  recognition  of  tautology,  where  it  is  complicated' 
(6.1262). 

The  same  thing  can  be  seen  from  consideration  of  the  role 
of  deduction  of  one  logical  proposition  from  another.  Deduc- 
tion here  is  merely  a  notational  transformation  of  one  tautol- 
ogy into  another.  We  merely  repeat  the  same  thing  in  a  differ- 
ent way.  And  this  is  not  the  same  as  deducing  a  theorem  from 
an  axiom  in  a  postulational  deductive  system.  In  such  a  system 
a  theorem  and  an  axiom  are  not  equivalent:  we  cannot  deduce 
an  axiom  from  a  theorem  without  changing  the  system.  A 
theorem  follows  from  an  axiom  as  one  significant  proposition 
follows  from  another,  and  is  not  a  mere  notational  transforma- 
tion of  the  axiom.  Deduction  between  tautologies  is  a  limiting 
or  degenerate  case  of  deduction,  and  it  does  not  lead  to  any 
system  or  hierarchical  order  between  tautologies.  The  serial 
order  of  tautologies  in  Principia  is  not  due  to  any  intrinsic 
deductive  logical  order  between  tautologies.  Thus,  again  we 
conclude  that  Principia  Mathematica  as  an  exemplification  of 
logic  is  not  a  postulational  deductive  system. 

That  the  'primitive'  propositions  of  Principia  do  not  play 
the  role  of  axioms  in  a  postulational  deductive  system  may  be 
seen  also  in  another  way.  Let  us  ask  what  would  happen  if  we 
denied  some  of  the  'primitives'.  If  the  axioms  of  a  deductive 
system  are  denied,  the  system  is  invalidated.  But  would  the 
logic  of  Principia  be  invalidated  or  changed  into  some  other 
non-Russellian  logic  if  we  denied  some  of  the  primitive  propo- 
sitions of  Principia?  Not  at  all.  We  either  would  not  obtain  any 
logical  propositions  in  Principia  at  all,  or  we  would  obtain  the 
logical  propositions  of  the  same  old  logic,  provided  that  the 
rules  of  our  notation  were  appropriately  changed.  For  exam- 
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pie,  if  we  wrote  V  :  ~  (q  3  .  p  v q)'  instead  of  *  h  :  q  D  .  p  v q' 
(Principia,  *1.3),  we  would  get  either  a  contradiction,  a  sig- 
nificant proposition,  or  a  tautology,  depending  on  how  we 
were  going  to  interpret  the  signs  V',  V,  and  '3'.  We  do  not 
get  any  new  logic  here. 

3.43  To  conclude  this  discussion  of  Principia,  we  can  say 
that,  considered  as  an  exemplification  or  an  expression  of 
logic  it  is  not  a  postulational  deductive  system.  Principia  is  an 
arbitrary  collection  of  logical  propositions  or  tautologies  arti- 
ficially arranged  in  a  practically  convenient  order.  In  imposing 
this  order  the  authors  were  guided  by  the  psychological  ob- 
viousness of  some  logical  propositions;  by  the  purpose  of 
showing  how  we  can  define  all  the  existing  mathematical  ideas 
by  means  of  certain  'primitive'  ideas,  and  deduce  all  the  known 
mathematical  theorems  from  and  by  means  of  certain  'primi- 
tive' logical  propositions;  and  by  such  historical  accidents  as 
works  on  logic  and  mathematics,  especially  by  Peano  and 
Frege,  and  the  whole  body  of  the  existing  mathematics.  Other- 
wise, why  should  Principia  contain  just  those  particular  logical 
propositions  which  it  does  contain,  instead  of  any  other  of  the 
innumerable  possible  logical  propositions?  And  why  does  it 
have  the  particular  order  it  happens  to  have,  rather  than  any 
other  possible  order? 

All  this  is  not  to  say  that  the  deductions  of  Principia  are 
invalid.  The  validity  of  Principia  is  a  matter  for  detailed  in- 
vestigation. All  that  this  discussion  tries  to  bring  out  is  that 
logic  is  not  intrinsically  a  deductive  system  of  true  proposi- 
tions, and  that  the  systematic  deductive  order  of  Principia  is 
a  practical  convenience  for  the  purpose  of  deducing  already 
existing  mathematics  from  logical  propositions,  but  is  not  es- 
sential to  logic.  To  what  extent  Principia  succeeded  in  deduc- 
ing mathematical  propositions  from  logical  propositions  is 
another  and  very  interesting  matter,  with  which  I  am,  how- 
ever, not  concerned  here. 
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That  which  one  knows  has  a  double  value,  if  at  the  same 
time  one  admits  oneself  not  to  know  that  which  one  does 

not  know.  SCHOPENHAUER 


Wittgenstein's 
Philosophy 


I  have  discussed  various  aspects  of  Wittgenstein's  view  on 
language  or  symbolism.  For  several  reasons  I  will  omit  from 
my  discussion  a  number  of  interesting  and  important  subjects 
treated  in  the  Tractatus,  such  as  mathematics,  natural  science, 
and  ethics.  And  I  will  close  with  a  discussion  of  Wittgenstein's 
view  on  philosophy. 

All  philosophy  is  'Critique  of  language'  (4.0031).  Philosophy 
is  not  one  of  the  natural  sciences.  (The  word  'philosophy'  must 
mean  something  which  stands  above  or  below,  but  not  beside  the 
natural  sciences.)  The  object  of  philosophy  is  the  logical  clarifica- 
tion of  thoughts.  Philosophy  is  not  a  theory  but  an  activity.  A 
philosophical  work  consists  essentially  of  elucidations.  The  result 
of  philosophy  is  not  a  number  of  'philosophical  propositions',  but 
to  make  propositions  clear.  Philosophy  should  make  clear  and  de- 
limit sharply  the  thoughts  which  otherwise  are,  as  it  were,  opaque 
and  blurred  (4.111,  4.112). 

4.1  Philosophy  is  not  a  body  of  knowledge.  Neither  is  it  a 
theory  about  the  world  based  upon  empirical  investigation; 
nor  is  it  a  special  knowledge  of  the  ultimate  nature  of  reality, 
obtained  a  priori  or  by  some  extra-empirical  revelation.  It  is 
but  an  activity  of  clarifying  our  language.  In  other  words, 
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philosophy  is  a  pursuit  of  meaning  and  sense,  and  not  of  truth. 
The  latter  pursuit  is  the  business  of  science  and  everyday  life. 
Thus,  on  Wittgenstein's  view  philosophy  has  two  fundamental 
characteristics:  First  of  all,  it  is  an  activity,  and  not  a  set  of 
propositions.  Second,  this  activity  is  directed  not  to  the  search 
for  truth,  but  to  making  our  language  clear. 

The  task  of  a  philosopher  is  to  see  that  all  discourse  com- 
plies with  the  following  two  conditions:  (a)  that  it  contain 
only  the  terms  which  have  unique  and  unambiguous  meaning 
for  the  purpose  in  hand  and  under  the  given  circumstances, 
this  meaning  being  assigned  either  by  explicit  definitions  or  by 
pointing;  and  (b)  that  its  propositions  be  constructed  accord- 
ing to  the  rules  of  our  language,  so  as  to  make  determinate 
sense.  It  is  the  duty  of  a  philosopher  to  see  that  these  condi- 
tions are  complied  with  in  all  actual  uses  of  language,  in  every- 
day life,  and  in  science,  science  being  but  an  extension  of 
everyday  life  to  more  difficult  and  general  cases.  It  was  a 
philosophical  work  on  the  part  of  Aristotle  to  point  out  the 
ambiguity  of  the  word  'is',  and  then  to  try  to  eliminate  this 
ambiguity.  The  whole  task  of  philosophy  is  confined  to  the 
particular  task  of  eliminating  confusion  in  language,  when- 
ever and  wherever  such  confusion  arises.  This  task  is  endless, 
because  we  constantly  create  new  terms  and  make  new  propo- 
sitions, and  there  is  no  limit  to  our  future  experience  and 
therefore  to  our  propositions  about  it.  Moreover,  we  need  not 
take  any  of  the  results  of  our  clarification  as  final;  it  is  possible 
that  on  further  investigation  we  can  clarify  and  sharpen  our 
language  still  further.  But  the  unchanging  purpose  of  all  phi- 
losophizing is  to  make  our  language  clear  and  unambiguous; 
to  reject  as  meaningless  all  the  statements  for  which  we  can 
find  no  determinate  meaning,  and  to  make  as  clear  and  precise 
as  we  can  those  statements  which  are  vague  and  ambiguous. 
In  philosophy  we  deal  with  the  rules  of  our  language  and  not 
with  what  this  language  is  about:  in  philosophy  we  can  only 
make  clear  to  ourselves  which  rules  we  want  to  follow. 

In  this  view  of  philosophy  Wittgenstein  is  essentially  in 
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agreement  with  Socrates,  as  far  as  Socrates'  practice  but  not 
his  theory  is  concerned.  Socrates'  method  was  not  to  give  any 
information,  but  to  make  clear  what  was  meant  by  certain 
questions  concerning  human  nature  and  conduct.  It  is  not  the 
subject  matter  dealt  with  by  Socrates,  namely,  ethical  prob- 
lems, that  is  important  here,  but  the  method  he  used  to  inves- 
tigate this  subject  matter,  because,  according  to  Wittgenstein, 
this  method  is  the  right  method  of  philosophy  when  dealing 
with  any  subject  matter  whatsoever.  The  method  consists  in 
the  attempts  to  make  clear  the  sense  of  the  propositions  under 
consideration.  Socrates,  of  course,  went  farther,  and  claimed 
that  by  the  persistent  application  of  this  method,  and  only  by 
this  method,  we  can  arrive  at  least  at  some  ethical  truths. 
The  rationalistic  metaphysics  of  Socrates  is  due  to  his  con- 
fusion of  the  activity  of  clarification  of  language  with  the  in- 
vestigation of  the  world.  Wittgenstein  accepts  Socratic  prac- 
tice as  sound  philosophy,  but  he  rejects  his  metaphysical 
theory.  Wittgenstein  expresses  this  modernized  version  of  the 
restricted  Socratic  view  as  follows: 

The  right  method  of  philosophy  would  be  this.  To  say  nothing 
except  what  can  be  said,  i.e.  the  propositions  of  natural  science, 
i.e.  something  that  has  nothing  to  do  with  philosophy:  and  then 
always,  when  someone  else  wished  to  say  something  metaphysical, 
to  demonstrate  to  him  that  he  had  given  no  meaning  to  certain 
signs  in  his  propositions.  This  method  would  be  unsatisfying  to 
the  other — he  would  not  have  the  feeling  that  we  were  teaching 
him  philosophy — but  it  would  be  the  only  strictly  correct  method 
(6.53). 

The  trouble  with  Socrates  was  that  he  was  not  sufficiently 
Socratic! 

Wittgenstein's  view  of  philosophy  is  a  natural  development 
of  Russell's  view,  but  Wittgenstein  goes  farther  than  Russell 
in  condemnation  of  the  traditional  philosophy,  and  it  may  be 
instructive  to  compare  Wittgenstein's  view  on  this  point  with 
that  of  his  teacher.  Russell's  intention,  as  expressed  in  the  lec- 
tures collected  in  the  volume  Our  Knowledge  of  the  External 
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World,  was  to  base  philosophy  upon  science.  Now  this  can  be 
done  (as  Russell  further  points  out  in  Mysticism  and  Logic, 
p.  98),  in  either  of  two  ways.  First,  philosophy  may  be  based 
on  the  most  general  results  of  science,  and  it  will  then  consist 
of  the  generalization  and  unification  of  these  results.  Or,  sec- 
ond, philosophy  may  adopt  the  methods  of  science  and  'seek 
to  apply  these  methods,  with  necessary  adaptations,  to  its  own 
peculiar  province'.  Russell  chooses  the  second  view:  'It  is  not 
results,  but  methods,  that  can  be  transferred  with  profit  from 
the  sphere  of  the  special  sciences  to  the  sphere  of  philosophy' 
(Mysticism  and  Logic,  p.  98).  Of  course,  the  mere  adoption 
of  the  methods  of  science  will  affect  the  range  and  the  kind  of 
problems  capable  of  investigation.  All  metaphysics  will  be 
ruled  out;  thus  Russell  points  out  that  the  notion  of  the  uni- 
verse is  to  be  ruled  out  from  the  province  of  philosophy.  And, 
concerning  the  empirical  investigation  of  the  world,  philosophy 
has  nothing  to  add  to  science:  'Philosophy  is  not  a  short  cut 
to  the  same  kind  of  results  as  those  of  the  other  sciences:  if 
it  is  to  be  a  genuine  study,  it  must  have  a  province  of  its  own, 
and  aim  at  results  which  the  other  sciences  can  neither  prove 
nor  disprove'  (Knowledge  of  External  World,  p.  17).  But — 
and  here  is  a  very  important  difference  between  Russell  and 
Wittgenstein — for  Russell  there  still  remains  a  special  province 
of  philosophy.  For  Russell  science  and  philosophy,  while  using 
essentially  the  same  method,  apply  it  to  different  spheres  of 
human  knowledge.  Philosophy,  'when  it  is  purified  from  all 
practical  taint,  is  to  help  us  to  understand  the  general  aspects 
of  the  world'  (Knowledge  of  External  World,  p.  17).  'Philoso- 
phy .  .  .  becomes  indistinguishable  from  logic'  (Mysticism 
and  Logic,  p.  111).  The  special  province  of  philosophy  is 
then  logic,  and  philosophy  is  but  a  science  of  logic.  But,  as 
we  saw  in  my  previous  chapter,  for  Wittgenstein  there  is  no 
science  of  logic,  and  therefore  there  is  no  philosophy  as  defined 
by  Russell. 

Wittgenstein  agrees  with  Russell  that  fundamentally  there  is 
no  other  way  of  obtaining  truth  than  the  way  of  science,  that 
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is,  by  observing  facts  and  reflecting  upon  the  data  so  obtained, 
and  that  philosophy  has  no  special  and  superior  method  of 
attaining  truth.  But  Wittgenstein  does  not  agree  with  Russell's 
view  that  philosophy  is  a  science  with  a  special  nonempirical 
domain.  Systematic  search  for  truth  in  any  domain  is  science 
for  Wittgenstein,  and  we  cannot  consider  philosophy  as  a  sepa- 
rate science  fundamentally  distinct  from  all  other  sciences 
merely  on  the  ground  of  the  peculiarity  of  its  subject  matter. 
Thus,  if  philosophy  is  fundamentally  distinct  from  the  sci- 
ences, it  must  be,  as  we  have  said,  because  it  is  not  a  science 
at  all,  that  is,  it  is  not  a  pursuit  of  truth.  Russell,  according  to 
Wittgenstein,  is  still  guilty  of  confusion  between  science  and 
philosophy  in  considering  both  of  them  as  systems  of  true 
propositions. 

There  can  be  no  philosophy  as  science  if  philosophy  is  an 
activity  of  clarifying  meaning  and  sense,  because,  in  order  to 
arrive  at  the  meanings  of  terms  and  the  senses  of  propositions, 
we  cannot  go  beyond  the  language  activity  and  evaluate  it  by 
comparison  with  some  external  facts.  When  we  explain  the 
sense  of  a  proposition  by  another  proposition,  this  other  prop- 
osition is  taken  to  be  understood  or  known  directly  and  with- 
out any  further  explanation.  And  if  that  other  proposition  is 
itself  not  clear,  then  we  must  proceed  with  its  clarification  by 
some  other  proposition,  and  so  on.  But  ultimately  our  clarifi- 
cation must  stop.  Clarification  cannot  be  ultimately  clarified: 
'That  which  expresses  itself  in  language,  we  cannot  express  by 
language'  {Tractatus,  4.121).  Thus,  our  clarification  ulti- 
mately does  not  itself  consist  of  propositions.  Philosophy  is 
not  a  system  of  propositions,  is  not  a  science. 

Of  course,  Wittgenstein's  definition  of  philosophy,  like  any 
definition,  is  arbitrary.  The  question  may  arise,  however, 
whether  this  definition  is  in  agreement  with  the  accepted  defi- 
nitions of  the  term.  To  answer  this  matter-of-fact  question,  we 
would  have  to  turn  to  historical  investigation  of  the  use  of  the 
term  'philosophy'.  But  if  we  do  so,  we  find  no  unanimous 
agreement  among  the  users  of  the  term  as  to  its  precise  mean- 
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ing.  We  find  it  to  be  applied  to  the  most  diverse  intellectual 
activities  and  accomplishments  ranging  from  physics  to  meta- 
physics, and  the  only  common  feature  we  find  in  these  may 
be  expressed  vaguely  as  a  search  for  wisdom.  On  Wittgen- 
stein's analysis  this  search  for  wisdom  has  two  aspects  gen- 
erally confused  in  the  history  of  philosophy:  (a)  the  activity 
of  creation  and  subsequent  clarification  of  symbolism  which 
is  to  serve  as  the  medium  of  positive  knowledge,  in  short,  the 
pursuit  of  meaning  and  sense;  and  (b)  the  search  for  truth  or 
positive  knowledge  of  the  world,  expressed  in  propositions  of 
our  symbolism  and  verified  by  facts.  These  two  aspects  of  the 
search  for  wisdom  may  be  called  philosophical  and  scientific, 
respectively.  Traditional  philosophy  has  often  confused  the 
two. 

The  pursuit  of  truth  is  the  business  of  the  activities  of  every- 
day life  and  of  its  refined  extension,  science.  But  before  we 
can  proceed  to  ascertain  the  truth  or  falsehood  of  a  proposi- 
tion, whether  in  science  or  in  everyday  life,  we  must  under- 
stand what  the  proposition  says:  'in  order  to  be  able  to  say 
"/?"  is  true  (or  false)  I  must  have  determined  under  what  con- 
ditions I  call  "p"  true,  and  thereby  I  determine  the  sense  of 
the  proposition'  (4.063).  And  it  is  the  proper  and  the  only 
business  of  philosophy  to  see  to  it  that  we  understand  the 
terms  and  propositions  we  use.  Sometimes  it  happens  that  we 
proceed  to  verify  a  proposition  without  realizing  that  we  are 
not  clear  as  to  what  it  says;  we  may  not  realize  that  we  are 
using  terms  which  have  no  clear  meaning.  Such  things  have 
happened  even  in  scientific  investigations,  for  example,  in 
dealing  with  space  and  time.  It  is  then  the  business  of  a  philos- 
opher in  such  situations  to  find  out,  or  else  to  determine  anew 
the  precise  meaning  of  the  terms  and  the  clear  and  unambig- 
uous sense  of  the  propositions  used.  When  a  scientist  makes 
such  a  clarification  of  his  language,  he  is  acting  in  the  capac- 
ity of  a  philosopher.  Thus  Einstein  was  engaged  in  philosophic 
activity  when  he  offered  a  precise  meaning  to  the  term  'simul- 
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taneity'.  And  even  in  such  a  formal  and  nonfactual  subject  as 
mathematics  much  depends  on  clarifying  linguistic  confusions, 
such  as  the  statement  by  Bernoulli  that  'A  quantity,  which  is 
increased  or  decreased  infinitely  little,  is  neither  increased  nor 
decreased'.  Similar  activity  of  clarification  is  needed  in  all 
walks  of  life,  and  a  man  of  good  common  sense,  when  he  is 
clarifying  propositions  and  making  precise  terms  in  practical 
life,  is  a  philosopher.  Such,  for  example,  was  Socrates. 

Whenever  and  wherever  we  face  any  problem,  one  of  two 
things  is  possible:  either  (a)  we  understand  the  problem,  or 
(b)  we  do  not  understand  it.  In  the  first  situation  there  is  no 
need  of  any  philosophy,  and  the  problem  is  to  be  solved  by 
scientific  methods.  In  the  second  situation  we  have  to  investi- 
gate the  statement  of  the  problem,  and  in  doing  this  we  can 
arrive  at  either  of  two  results:  (1)  The  problem  after  clarifi- 
cation becomes  a  genuine  or  real  problem,  and  then  we  refer 
it  for  further  investigation  to  science,  and  as  a  philosophical 
problem  it  simply  disappears;  or  (2)  it  turns  out  to  be  no 
problem  at  all  but  a  misunderstanding  of  our  language,  and  it 
makes  no  sense  at  all  to  us. 

Philosophers  (even  Russell)  have  not  always  seen  clearly 
the  distinction  between  the  pursuit  of  meaning  and  sense  on 
the  one  hand,  and  the  pursuit  of  truth  about  the  world  on  the 
other,  and  the  confusion  of  the  two  has  resulted  in  a  great  deal 
of  nonsensical  disputation  and  literature.  This  confusion  very 
probably  had  its  root  in  the  historical  fact  that  in  ancient  times 
philosophy  was  almost  identical  with  the  science  of  the  times, 
because  ancient  science  was  in  an  embryonic  stage,  its  con- 
cepts vague  and  ambiguous,  and  therefore  the  activity  of  sci- 
entists was  almost  subsidiary  to  the  clarification  of  the  mean- 
ing of  these  concepts,  that  is,  to  the  philosophical  activity.  As 
the  task  of  a  scientist  was  primarily  philosophical,  it  was  only 
natural  that  the  two  activities  were  not  clearly  distinguished 
by  the  persons  engaged  almost  constantly  and  simultaneously 
in  both,  especially  as  both  tended  to  relieve  the  same  feeling 
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of  intellectual  discomfort.  And  this  original  confusion  seems 
to  have  persisted  more  or  less  throughout  the  whole  history  of 
philosophy. 

Traditional  philosophy,  after  the  special  sciences  had  ap- 
propriated more  and  more  of  the  various  aspects  and  provinces 
of  the  world  for  their  special  attention,  had  misconceived  its 
task  to  be  the  way  of  pursuing  the  truths  inaccessible  to  sci- 
ence, the  'ultimate  truths'  beyond  the  sphere  of  science,  and 
this  misconception  of  its  task  invalidated  a  large  part  of  the 
effort  of  traditional  philosophers.  Philosophy  became  the  'first' 
or  fundamental  science  of  the  essential  nature  of  things.  Phi- 
losophers thought  that,  in  addition  to  the  special  empirical 
truths  of  sciences  and  of  everyday  life,  there  are  general  or 
universal  and  more  essential  truths  about  the  world  to  be 
attained  by  special  philosophical,  as  contrasted  to  scientific, 
methods  of  (a)  philosophical  intuition,  or  (b)  'dialectical'  or 
logical  demonstration. 

(a)  The  appeal  to  intuition  in  philosophy  is  usually  due  to 
one  of  the  following  two  confusions:  (1)  confusion  between 
cognition  and  immediate  noncognitive  experience,  or  (2)  con- 
fusion between  the  psychological  feeling  of  self-evidence  on 
the  part  of  the  person  stating  a  proposition,  and  the  grounds 
of  its  truth  or  falsehood.  (1)  The  first  distinction,  between 
cognition  and  immediate  content,  is  very  important  in  Witt- 
genstein's view,  but  not  very  clear  to  me,  though  I  have  dealt 
with  it  in  discussing  the  form  of  propositions,  and  will  return 
to  it  in  my  discussion  of  his  mysticism.  (2)  The  second  kind 
of  confusion  hardly  needs  any  discussion  after  it  is  pointed 
out,  and  it  may  be  exemplified  by  the  case  of  Mrs.  John  Mat- 
tern,  the  wife  of  the  aviator.  Mattern,  when  on  his  round-the- 
world  solo  flight  in  the  summer  of  1933,  was  lost  and  not 
heard  from  for  a  couple  of  weeks,  and  it  was  reasonably  sus- 
pected that  he  was  dead.  But  when  the  news  came  that  he  was 
alive  and  safe,  Mrs.  Mattern,  in  all  seriousness,  announced  to 
the  world  that  she  had  known  this  all  along.  The  wish  here 
happens  to  be,  just  as  in  the  case  of  other  'intuitive'  philoso- 
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phers,  the  father  not  only  of  the  thought  but  of  the  truth  as 
well.  'The  world',  however,  'is  independent  of  my  will'  {Trac- 
tatus,  6.373).  (b)  The  belief  in  the  possibility  of  arriving  at 
a  new  truth  about  the  world  by  logical  demonstration  is  due 
to  misunderstanding  the  nature  of  inference.  Since  all  inference 
is  tautological  or  analytical,  no  new  significant  propositions 
about  the  world  can  be  obtained  in  that  way:  'There  is  no 
picture  which  is  a  priori  true'  (2.225),  and  'There  is  no  order 
of  things  a  priori'  (5.634).  Traditional  philosophy  by  con- 
fusing philosophy  with  science  became  metaphysical  and  thus 
nonsensical.  'Certainly  it  was  ordained  as  a  scourge  upon  the 
pride  of  human  wisdom,  that  the  wisest  of  us  should  thus  out- 
wit ourselves,  and  eternally  forego  our  purposes,  in  the  intem- 
perate act  of  pursuing  them'  (Sterne's  Tristram  Shandy). 

And  so,  in  addition  to  the  task  of  clarifying  the  language 
of  contemporary  science  and  everyday  life,  contemporary 
philosophy  has  also  what  is  essentially  a  negative  task  of  ana- 
lyzing the  works  of  the  great  traditional  philosophers,  of  sift- 
ing out  scientific  propositions  found  there  from  the  properly 
philosophical  work  of  clarification  of  language  and  weeding 
out  the  meaningless  terms  and  nonsensical  propositions.  We 
must  not  dogmatically  condemn  as  senseless  all  the  work  of 
the  men  who  have  been  called  philosophers.  If  a  man  pursues 
truth  in  the  scientific  way  of  observation  of  the  world,  then 
his  work  gives  us  real  and  important  information  about  the 
world,  even  if  the  author  has  intermingled  it  with  nonsensical 
speculations.  Moreover,  the  works  of  great  philosophers  con- 
tain a  great  deal  of  the  valuable  philosophical  work  of  clarifi- 
cation of  language.  But,  on  Wittgenstein's  view,  outside  the 
properly  philosophical  activity  of  clarifying  language,  and  the 
scientific  activity  of  pursuing  truth,  there  is  no  additional  and 
special  province  for  the  philosophical  pursuit  of  truth  of  a 
kind  different  from  the  truth  accessible  to  science,  and  there- 
fore we  must  reject  as  nonsense  all  the  special  'philosophic 
problems'  of  traditional  philosophy.  The  fate  of  all  the  special 
'philosophic'  problems,  that  is,  problems  about  the  world,  not 
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amenable  to  scientific  treatment,  is  to  disappear  on  a  careful 
analysis  of  the  statements  expressing  them: 

Most  propositions  and  questions,  that  have  been  written  about 
philosophical  matters,  are  not  false,  but  senseless.  We  cannot, 
therefore,  answer  questions  of  this  kind  at  all,  but  only  state  their 
senselessness.  Most  questions  and  propositions  of  the  philosophers 
result  from  the  fact  that  we  do  not  understand  the  logic  of  our 
language.  .  .  .  And  so  it  is  not  to  be  wondered  at  that  the  deepest 
problems  are  really  no  problems  (4.003). 

Kant  held  that  there  can  be  no  solution  to  metaphys- 
ical problems,  that  is,  problems  concerned  with  the  'ulti- 
mate nature  of  things',  because  the  things-in-themselves  are 
not  accessible  to  the  methods  of  science.  Wittgenstein  goes 
farther  and  declares  that  all  the  problems  which  are  in  prin- 
ciple not  solvable  by  the  methods  of  science  are  simply  non- 
sensical, and  are  due  to  a  misuse  of  our  language.  An  attempt 
to  say  something  metaphysical,  something  that  neither  science 
nor  common  sense  can  say,  is,  according  to  Wittgenstein,  but 
a  solemn  humbug  made  rather  imposing  in  the  history  of 
philosophy  by  the  special  jargon  of  technical  terminology. 

As  has  been  pointed  out,  the  study  of  traditional  philosophy 
may  be  valuable  from  Wittgenstein's  point  of  view  for  two 
reasons:  it  may  give  us  bits  of  information  of  scientific  value, 
and  it  contains  instructive  examples  of  the  clarification  of  lan- 
guage performed  by  great  philosophers  of  the  past.  Another, 
rather  curious,  reason  may  be  adduced  from  Wittgenstein's 
point  of  view  for  the  study  of  traditional  philosophy.  Philos- 
ophy is,  according  to  Wittgenstein,  an  activity  of  clarifying 
confusions  of  language.  Now,  the  history  of  philosophy  seems 
to  show  a  widely  spread  human  tendency  to  certain  kinds  of 
linguistic  confusion,  due  perhaps  to  some  vague  but  never- 
theless deeply  seated  intellectual  aberrations  with  which  the 
reflective  portion  of  mankind  seems  to  be  afflicted.  Kant  in  his 
own  way  has  noticed  this  ineradicable  tendency  as  'natural 
disposition',  and  has  assigned  to  it  a  pragmatic  or  'regulative' 
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role  within  experience.  The  history  of  philosophy  is  largely 
the  history  of  the  intellectual  pathology  of  reflective  people 
who  try  to  get  out  of  their  intellectual  skins  by  means  of  some 
verbal  contortions;  it  is  the  history  of  widely  spread  misuse  of 
language.  A  study  of  the  history  of  philosophy  might  serve,  on 
this  view  of  it,  as  a  study  of  the  special  intellectual  disorders 
to  which  reflective  people  are  subject.  This  is  the  view  of  phi- 
losophy taken  by  Anatole  France  when  he  wrote:  'The  philos- 
ophies are  interesting  solely  as  psychical  monuments  suitable 
to  enlighten  scholars  on  the  various  stages  through  which  the 
human  spirit  has  passed.  Valuable  for  the  study  of  man,  they 
can  give  no  information  about  anything  that  is  not  man' 
{Garden  of  Epicurus).  Philosophy  in  Wittgenstein's  sense — 
the  activity  of  clarifying  language — gets  its  pathos  from 
what  it  destroys.  It  overthrows  the  false  gods,  and  it  is  the 
importance  ascribed  to  these  false  gods  that  gives  importance 
to  the  activity  of  overthrowing  them.  Besides,  during  this  proc- 
ess of  destruction  we  may  perhaps  become  aware  in  ourselves 
of  the  same  intellectual  tendencies  which  have  caused  even 
great  minds  to  misuse  language  as  they  did;  and,  being  con- 
scious of  these  tendencies,  we  may,  perchance,  control  them 
more  or  less  effectively.  'Metaphysics',  as  C.  S.  Peirce  once 
said — and  we  may  extend  this  to  all  traditional  philosophy,  'is 
a  subject  .  .  .  the  knowledge  of  which,  like  that  of  a  sunken 
reef,  serves  chiefly  to  enable  us  to  keep  clear  of  it'. 

A  freshman  discussing  Descartes  in  an  examination  paper 
wrote,  'Descartes  found  that  he  was  a  being  subject  to  ideas'. 
Perhaps  the  freshman  is  right,  and  the  philosophy  of  Descartes 
was  partly  the  consequence  of  this  insidious  malady,  and 
partly  the  use  of  a  psychoanalytic  method  of  combating  it. 
But  all  reflective  people  seem  to  be  subject  to  the  same  mal- 
ady, and,  finding  ourselves  in  such  a  hereditary  predicament, 
we  might  as  well  make  the  best  of  it,  and  try  to  meet  the 
danger  as  sensibly  as  we  can.  Study  of  philosophy  may  serve 
as  a  catharsis  to  the  afflicted.  The  sensible  thing  seems  to  be  to 
allow  ourselves  to  indulge  moderately  in  the  study  of  the  ex- 
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amples  of  this  ineradicable  affliction,  in  the  hope  that  this 
homeopathic  treatment  will  open  a  safe  outlet  to  the  same 
affliction  in  ourselves,  just  as  wise  teachers  allow  boys  to  play 
games  and  even  fight  with  gloves  in  order  to  keep  them  out  of 
mischief.  Incidentally,  herein  lies  the  danger  of  supporting  pro- 
fessional philosophers,  a  danger  analogous  to  that  of  employ- 
ing professional  football  coaches. 

4.2  Among  the  important  failings  common  to  most  tradi- 
tional philosophers  is,  according  to  Wittgenstein,  what  may 
be  called  the  fallacy  of  the  angelic  point  of  view.  Perhaps  this 
fallacy  should  be  called  'the  philosophers'  fallacy'.  It  consists 
in  the  pretension  of  having  avoided  the  logical  restrictions  of 
what  is  called  in  contemporary  philosophical  literature  'the 
egocentric  predicament',  that  is,  the  pretension  that  one  can 
say  something  about  the  world  from  a  point  of  view  which  is 
outside  the  world  in  which  one  finds  oneself.  One  tries  to  deal 
with  the  world  from  a  point  of  view  of  another  and  fictitious 
world,  of  which  our  world  is  supposed  to  be  but  a  proper  part. 
A  typical  example  of  this  fallacy  is  Descartes'  pretension  of 
starting  with  universal  doubt.  On  Wittgenstein's  analysis,  this 
fallacy  amounts  to  a  linguistic  confusion:  one  pretends  to  pass 
outside  the  limits  of  one's  own  language  while  still  using  it, 
to  say  what  cannot  be  said,  to  think  what  cannot  be  thought. 
But,  'The  limits  of  my  language  mean  the  limits  of  my 
world.  .  .  .  What  we  cannot  think,  that  we  cannot  think:  we 
cannot  therefore  say  what  we  cannot  think'  (5.6,  5.61).  All 
the  attempts  to  deal  with  the  universe  as  a  whole  or  with  the 
'ultimate'  nature  of  things,  that  is,  all  metaphysics,  are  due  to 
this  fallacy  of  the  angelic  point  of  view. 

This  fallacy  has  been  felt  and  recognized  by  traditional 
solipsism,  as  in  that  of  Berkeley;  but  that  solipsism  itself 
fell  victim  to  the  very  fallacy  from  which  it  was  trying  to 
escape;  it  became  vicious  or  malicious  solipsism:  'In  fact  what 
solipsism  intends  is  quite  correct,  only  it  cannot  be  said,  but 
it  shows  itself.  That  the  world  is  my  world,  shows  itself  in 
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the  fact  that  the  limits  of  the  language  (the  language  which 
only  I  understand)  mean  the  limits  of  my  world'  (5.62).  The 
correct  idea  ambiguously  involved  in  solipsism  is  a  tautology, 
but  when  intended  as  a  significant  factual  proposition  it  in- 
volves a  self-contradiction.  This  formal  tautological  nature  of 
the  notion  of  solipsism  has  been  correctly  spotted  by  Kant: 
'This  principle  of  necessary  unity  of  apperception  is  itself, 
indeed,  an  identical,  and  therefore  analytic  proposition'  (Cri- 
tique of  Pure  Reason,  B135).  Traditional  solipsism  became 
vicious  through  its  attempt  to  express  itself  as  a  significant 
factual  proposition:  it  makes  a  statement  of  fact  about  the 
character  of  the  world  as  a  whole;  and  in  order  to  do  so  it 
must  take  a  point  of  view  outside  the  world,  i.e.,  an  angelic 
point  of  view;  it  pretends  to  think  both  sides  of  the  limit  to  its 
thinking.  Traditional  solipsism  is  very  confused  metaphysics. 
As  Wittgenstein  insists,  I  can  say  nothing  significant  about 
my  world  as  a  whole  because  the  distinction  between  my  ego 
and  the  world  cannot  enter  into  my  significant  language:  I 
cannot  speak  significantly  of  myself  as  an  ego  which  is  a  part 
of  my  own  world,  and  I  cannot  speak  of  any  other  world  but 
mine:  'Where  in  the  world  is  a  metaphysical  subject  to  be 
noted?  .  .  .  The  I  in  solipsism  shrinks  to  an  extensionless 
point  and  there  remains  the  reality  co-ordinated  with  it.  .  .  . 
The  I  occurs  in  philosophy  through  the  fact  that  "the  world  is 
my  world".  The  philosophical  I  is  not  the  man,  not  the  human 
body  or  the  human  soul  of  which  psychology  treats,  but  the 
metaphysical  subject,  the  limit — not  a  part  of  the  world' 
(5.633,  5.64,  5.641).  The  'metaphysical  subject'  of  which 
Wittgenstein  here  speaks  is  not  an  entity  but  the  formal  limit 
of  language.  Wittgenstein's  'solipsism'  is  not  factual  but  for- 
mal: it  points  to  the  impossibility  of  stating  the  limits  of  sig- 
nificant language  by  the  propositions  of  such  language  itself. 
I  feel  that  Wittgenstein  here  is  very  close  to  Kant,  with  the 
T  in  his  world  playing  the  same  role  that  'Transcendental 
Unity  of  Apperception'  plays  in  Kant's  phenomenal  world, 
namely,  'that  unity  of  consciousness  which  precedes  all  data 
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of  intuitions,  and  by  relation  to  which  representation  of  ob- 
jects is  alone  possible.  This  pure  original  unchangeable  con- 
sciousness I  shall  name  transcendental  apperception.  .  .  . 
The  original  and  necessary  consciousness  of  the  identity  of  the 
self  is  thus  at  the  same  time  a  consciousness  of  an  equally 
necessary  unity  of  the  synthesis  of  all  appearance  according 
to  concepts,  that  is,  according  to  rules'  (Critique  of  Pure  Rea- 
son, A107-08).  Again,  'The  abiding  and  unchanging  "I" 
(pure  apperception)  forms  the  correlate  of  all  our  represen- 
tations .  .  .'  (op.  cit.,  A123). 

Stated  simply,  the  procedure  of  a  naive  'factual'  solipsist  is 
as  follows.  He  starts  with  the  world  of  common-sense  realism, 
and  considers  his  psychological  self  (whatever  that  may  be)  as 
only  one  part  of  this  realistic  world.  Then  he  argues  correctly, 
because  tautologically,  that  his  experience  is  all  that  he  can 
experience.  Next,  he  concludes  incorrectly  that,  since  the  states 
of  his  psychological  self  are  all  that  this  self  can  experience, 
the  rest  of  the  original  common-sense  realistic  world  is  either 
unreal  or  is  but  a  part  of  what  was  originally  thought  to  be 
its  own  part,  namely,  his  psychological  self.  By  shifting  of 
meaning,  the  original  psychological  self  now  becomes  a  self- 
contained  and  closed  entity,  a  Fichtean  Ego,  and  the  solipsist 
talks  nonsense.  The  situation  is  vividly  described  by  Tolstoi  in 
his  Childhood,  Boyhood  and  Youth.  Tolstoi  recalls: 

I  imagined  that  besides  me  there  are  no  existences  in  the  world, 
that  the  objects  are  not  objects,  but  are  merely  images  which  ap- 
pear only  when  I  direct  my  attention  upon  them,  and  that  when  I 
cease  thinking  about  them,  these  images  immediately  disappear 
.  .  .  what  exists  is  not  the  objects  but  my  relation  to  them.  There 
were  moments  when  under  the  influence  of  this  fixed  idea  I  was 
approaching  to  such  a  state  of  mental  derangement  that  I  hoped 
by  quickly  turning  around  to  catch  unawares  the  nothingness  there 
where  I  was  not. 

This  attempt  'to  catch  unawares  the  nothingness  there  where 
I  was  not'  reveals  the  fundamental  confusion  of  all  naive 
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solipsism.  The  confusion  is  due,  first,  to  the  pretension  of  be- 
ing able  to  observe  one's  own  world  from  outside,  from  an 
angelic  point  of  view;  and,  second,  to  the  identification  of  this 
angelic  self  with  a  particular  psychological  self  (in  itself  a 
very  dubious  entity). 

Attempts  by  psychologizing  epistemologists,  such  as  Locke, 
to  establish  the  limitation  of  human  knowledge  through  the 
study  of  human  faculties  are  all  cases  of  vicious  solipsism  of 
varying  degrees  of  complexity.  They  all  tacitly  presuppose 
that  they  can  take  the  human  mind,  as  the  instrument  of 
knowing,  to  be  the  object  of  their  investigation,  to  be  exam- 
ined by  them  from  outside  itself,  from  some  angelic  point  of 
view.  Thus,  starting  theoretically  from  an  outlook  wider,  by 
definition,  than  one  possible  to  their  own  minds,  they  later  on 
limit  the  region  accessible  to  knowing  by  us  to  an  island  float- 
ing in  this  larger  world  not  accessible  to  the  human  mind,  and 
all  through  the  discussion  they  assume  themselves  to  be  look- 
ing upon  the  world  and  their  own  minds  in  it  from  outside, 
from  an  angelic  point  of  view.  They  tacitly  assume  right  along 
the  existence  of  this  larger  all-inclusive  angelic  world  not  to 
be  known  to  their  own  minds,  and  then  conclude  tautologi- 
cally  that  what  their  minds  can  know  is  not  this  real  wider 
angelic  world,  but  only  their  subjectively  limited  version  of  it. 
They  are  forever  confined  by  the  limitations  of  their  own 
minds,  as  the  instruments  of  knowing,  within  the  narrow 
boundaries  of  human  experience,  but  beyond  these  boundaries 
there  is,  it  is  assumed,  a  larger  and  all-inclusive  world,  but  a 
world  not  knowable  to  their  minds.  In  all  seriousness  they 
write  volumes  on  what  they  themselves  say  (from  an  angelic 
point  of  view,  of  course)  is  entirely  excluded  from  the  range 
of  their  own  minds.  They  assume  that  they  can  jump  out  of 
their  intellectual  skins  and  look  at  themselves  as  objects  ex- 
ternal to  themselves,  and  then  conclude  and  deplore  the  fact 
that  the  skin  in  which  they  actually  live,  after  all,  does  not 
permit  such  jumping;  all  the  while,  nevertheless,  assuming 
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that  they  are,  for  the  time  of  the  discussion  at  least,  outside 
their  own  skins;  Wittgenstein  simply  points  out  that  such  intel- 
lectual equilibristics  are  logically  impossible. 

Theology  is  but  a  sort  of  supermetaphysics,  and  is  due  to 
the  fallacy  of  the  angelic  point  of  view  in  even  more  exag- 
gerated form  than  one  resulting  in  metaphysics.  While  the 
metaphysician  pretends  to  pull  himself  by  his  own  ears  into  a 
position  external  to  his  world,  a  theologian  claims  a  position 
from  which  he  can  discuss  not  only  metaphysical  reality  be- 
yond our  experience,  but  the  angelic  position  of  the  metaphy- 
sician itself.  He  pretends  to  be  able  to  discuss  not  only  the 
ultimate  reality,  but  the  creator  of  this  reality  as  well.  Theol- 
ogy says,  of  course,  no  more  than  metaphysics:  both  say 
nothing;  it  is  nonsense  squared,  but  (as  zero  squared  in  arith- 
metic still  remains  zero)  it  remains  nonsense  nonetheless:  'God 
does  not  reveal  himself  in  the  world'  (Tract  at  us,  6.432)  any 
more  than  angels  do. 

The  essence  of  what  is  valid  in  solipsism  cannot  be  stated 
by  any  significant  proposition,  but  has  to  be  grasped  intui- 
tively, because  it  is  a  formal  and  not  a  factual  limitation  upon 
our  world.  The  'truth'  of  solipsism  is  tautologous:  we  can  dis- 
cuss only  the  discussable,  know  only  the  knowable,  and  what 
we  cannot  say  we  simply  cannot  say,  and  we  can't  whistle  it 
either,  as  F.  P.  Ramsey  remarked.  Any  attempt  to  make  a 
significant  proposition  out  of  these  tautologies  is  an  impossi- 
bility because  it  requires  of  us  that  we  get  entirely  outside  our 
language  and  then  make  a  statement  about  our  language  while 
we  are  still  using  it:  'in  order  to  draw  a  limit  to  thinking  we 
should  have  to  be  able  to  think  both  sides  of  this  limit  (we 
should  therefore  have  to  be  able  to  think  what  cannot  be 
thought)'  (Tractatus,  Preface). 

It  must  be  added  here  that  it  is  very  important  on  Witt- 
genstein's view  that  when  we  say  that  a  certain  sentence  in 
philosophy,  or  any  sentence  whatever  for  that  matter,  is  sense- 
less, we  do  not  say  that  it  is  false.  A  senseless  sentence  can  be 
neither  true  nor  false.  What  we  do  intend  to  say  on  such  occa- 
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sions  is  that  the  sentence  under  consideration  makes  no  sense 
for  us,  and  that  therefore  we  cannot  pronounce  on  its  truth 
or  falsity.  And  in  regard  to  metaphysics,  Wittgenstein  goes 
farther  and  says  that,  by  the  very  nature  of  the  undertaking, 
all  metaphysical  sentences  are  bound  to  be  nonsensical.  Ma- 
terialism and  idealism,  if  interpreted  as  metaphysics,  are 
equally  nonsensical.  Materialism  says,  'Everything  is  matter', 
idealism,  'Everything  is  mind'.  If  we  interpret  these  statements 
to  mean,  respectively,  'Everything  in  our  experience  is  describ- 
able  by  physics'  and  'Everything  in  our  experience  is  describ- 
able  by  psychology',  the  statements  cease  to  be  metaphysical 
and  acquire  sense.  The  question  now  becomes:  What  is  the 
form  of  the  laws  of  nature?  And  the  problem  now  is  scientific. 
Otherwise,  the  above  statements  are  senseless.  Even  skepti- 
cism as  a  negative  metaphysics  is  senseless:  'Scepticism  is  not 
irrefutable,  but  palpably  senseless,  if  it  would  doubt  where  a 
question  cannot  be  asked.  For  doubt  can  only  exist  where 
there  is  a  question;  a  question  only  where  there  is  an  answer, 
and  this  only  where  something  can  be  said'  (6.51). 

It  must  be  also  pointed  out  here  that  Wittgenstein's  view 
does  not  raise  any  barrier  to  new  experience  and  knowledge 
in  the  future.  Concerning  future  propositions  not  yet  formu- 
lated, we  can  make  only  formal  restrictions:  they  will  have  to 
contain  only  terms  which  will  have  meaning  in  our  experience, 
and  will  have  to  be  so  constructed  as  to  make  sense.  As  to  the 
contents  of  what  these  meanings  and  senses  will  be  we  have 
absolutely  nothing  to  say  now.  Wittgenstein  does  not  deny 
that  we  shall  be  able  to  have  entirely  new  experiences 
in  the  future;  we  can  neither  assert  nor  deny  such  experiences, 
any  more  than  we  can  answer  a  letter  which  has  not  yet  been 
written;  entirely  novel  future  experiences  are  like  a  clean  slate 
to  us  now,  and  we  cannot  discuss  them.  To  restrict  future 
experiences  in  any  but  a  formal  way  is  to  raise  an  unsurmount- 
able  and  totally  gratuitous  obstacle  to  further  inquiry,  as 
would  be  the  case  with  all  metaphysics,  if  metaphysics  made 
sense.  Our  present  experience  and  the  formal  requirements  of 
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meaning  and  sense  for  future  symbolism  do  not  put  any  abso- 
lute limit  or  barrier  to  the  possible  future  extension  either  of 
our  experience  or  of  the  detailed  symbolic  formulations  of  our 
future  knowledge. 

Concerning  propositions  already  formulated  now  about  the 
future,  two  cases  must  be  distinguished:  (a)  A  proposition 
which  may  be  so  constructed  as  to  make  sense  even  if  we  are 
unable  to  decide  upon  the  truth  or  falsity  of  the  proposition, 
(b)  A  proposition  which  is  really  a  pseudo-proposition,  a  sen- 
tence formed  according  to  a  certain  grammatical  order  but 
which  nevertheless  makes  no  sense,  a  proposition  the  decision 
on  the  truth  value  of  which  is  not  merely  difficult  but  impos- 
sible. A  proposition  about  the  geography  of  the  other  side  of 
the  moon  in  the  year  2000  a.d.  is  an  example  of  the  first  kind; 
a  pseudo-proposition  about  the  absolute  size  of  the  universe 
in  the  year  2000  a.d.  is  an  example  of  the  second.  A  proposi- 
tion about  the  past  or  the  future  is  legitimate  if  it  makes  sense 
to  us  now,  even  if  we  cannot  in  practice  decide  upon  its  truth 
value. 

Thus,  Wittgenstein  puts  no  restrictions  on  the  progress  of 
experience  and  knowledge;  he  merely  refuses  to  discuss  what 
is,  by  definition,  entirely  disconnected  from  our  present  expe- 
rience, and  he  rejects  all  futile  attempts  to  answer  senseless 
questions.  By  refusing  to  discuss  anything  outside  of  what  is 
possible  from  our  present  point  of  view  we  merely  refuse  to 
talk  nonsense,  but  we  do  not  shut  out  any  future  experience 
or  knowledge.  And  the  only  restrictions  we  can  make  upon 
our  future  knowledge  are  purely  formal:  our  future  terms  must 
have  meaning  and  our  future  propositions  sense  within  the 
context  of  future  experience,  whatever  that  may  be. 

4.3  Before  concluding  my  essay  I  wish  to  say  a  good  word 
for  Wittgenstein's  mysticism.  This  aspect  of  Wittgenstein's 
view  has  been  strongly  depreciated  if  not  outrightly  con- 
demned by  Russell  and  Ramsey,  the  two  persons  otherwise 
most  sympathetic  toward  Wittgenstein's  view.  But  it  seems  to 
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me  that  Wittgenstein's  mysticism  is  definitely  a  very  valuable 
and  integral  part  of  his  view,  and  that  it  cannot  be  rejected 
without  reducing  the  whole  view  to  a  narrow  and  dogmatic 
empiricism. 

We  must,  I  believe,  admit  that  there  are  inexpressible  as- 
pects in  our  experience.  To  deny  the  inexpressibility  of  some 
aspects  of  our  experience  and  thus  their  inaccessibility  to  com- 
municable knowledge  is  equivalent  to  making  the  assertion 
that  all  and  every  experience  is  expressible  and  communicable, 
which  is  a  case  of  a  presumptuous  and  dogmatic  rationalism. 
Wittgenstein  used  the  adjective  'mystical'  in  the  sense  of  'in- 
expressible'. Of  course,  from  the  very  nature  of  the  situation 
it  is  a  hopeless  task  to  try  to  say  anything  informative  about 
the  mystical;  but  perhaps  it  may  be  possible  to  speak  of  it  in 
a  suggestive  way.  And,  I  hope,  I  will  be  able  to  show  why  I 
consider  Wittgenstein's  mysticism  to  be  a  very  valuable  part 
of  his  whole  view. 

We  may  approach  Wittgenstein's  view  on  mysticism  by  con- 
sidering his  view  on  knowledge.  The  term  'knowledge'  is  really 
ambiguous.  We  must  distinguish  knowledge  proper  from  im- 
mediate awareness  (see,  for  instance,  Russell's  Problems  of 
Philosophy,  pp.  72  f.,  170  f.)  These  two  are  radically  different 
kinds  of  knowledge,  and  we  may  distinguish  the  two,  follow- 
ing Schlick,  by  the  terms  cognition  and  intuition,  respectively. 
The  fundamental  difference  between  the  two  lies  in  the  differ- 
ence of  logical  structure  of  the  two:  cognition  requires  an 
apparatus  of  symbolism,  while  intuition  cannot  use  any  sym- 
bolism. In  cognition  we  use  some  parts  of  our  experience  to 
represent  certain  other  parts;  cognition  must  include  the  two- 
termed  relation  of  sign  and  signified;  we  cognize  by  means  of 
signs  interpreted  according  to  the  rules  of  our  symbolism. 
Intuition  is  a  direct  and  unsymbolic  awareness  of,  or  insight 
into,  reality;  in  intuiting  reality  we  do  not  divide  it  into  signs 
and  referends,  but  apprehend  reality  directly  as  Schopenhauer 
and  Bergson  say  we  do.  For  our  purpose  here  the  important 
consequence  of  this  difference  between  the  two  kinds  of 
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knowledge  is  that  cognition  is  expressible  and  communicable, 
while  intuition  is  inexpressible  and  incommunicable. 

What  is  grasped  by  intuition  is  a  case  of  what  Wittgenstein 
calls  the  mystical:  'There  is  indeed  the  inexpressible.  This 
shows  itself;  it  is  the  mystical'  (6.522).  Wittgenstein's  mysti- 
cism is  not  metaphysical;  it  is  not  a  theory  about  the  world 
entirely  outside  our  experience,  as  revealed  by  some  special 
supernatural  faculty.  A  theory  is  a  set  of  propositions,  requires 
language,  is  expressible.  Mystic  insight  cannot  be  expressed  by 
any  propositions,  and  it  does  not  give  us  truth.  Truth  is  a  cor- 
respondence of  a  proposition  with  facts,  and  can  be  a  result 
only  of  cognition;  the  terms  'true'  and  'false'  do  not  apply  to 
direct  apprehension.  Of  course,  I  can  talk  about  my  direct 
apprehension  after  I  experience  it,  but  I  cannot  express  in 
my  talk  the  immediate  content  of  that  apprehension.  At  best 
I  can  say  something  significant  of  the  condition  under  which 
I  had  the  apprehension.  Thus  all  that  we  can  say  about  the 
world  is  a  subject  of  cognition,  but  our  experience  is  not 
exhausted  by  cognition: 

We  feel  that  even  if  all  possible  scientific  questions  be  answered, 
the  problems  of  life  have  still  not  been  touched  at  all.  Of  course 
there  is  then  no  question  left,  and  just  this  is  the  answer.  The  solu- 
tion of  the  problem  of  life  is  seen  in  the  vanishing  of  this  problem. 
(Is  not  this  the  reason  why  men  to  whom  after  long  doubting  the 
sense  of  life  became  clear,  could  not  then  say  wherein  this  sense 
consisted?)  (6.52,  6.521). 

It  may  be  instructive  here  to  contrast  Wittgenstein  with 
Bergson,  the  most  illustrious  contemporary  philosopher  ad- 
vocating mysticism.  Bergson  is  fundamentally  right,  but  he 
fails  by  succumbing  to  the  temptation  of  talking  about  what 
he  himself  considers  to  be  inexpressible.  Bergson's  fallacy  is 
to  assign  to  intuition,  or  'intellectual  sympathy',  a  place  within 
the  naturalistic  metaphysical  scheme,  by  identifying  intuition 
with  instinct.  He  explains  what  he  calls  'intellectual  sympathy' 
in  terms  of  a  particular  theory  about  the  world,  a  kind  of 
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biological  metaphysics.  Bergson  attempts,  after  all,  to  tell 
what  reality  is  in  itself,  namely,  the  Life  Force.  All  we  can 
do,  however,  in  this  connection,  is  to  point  out  the  right  at- 
titude to  be  taken  to  apprehend  reality,  and  not  pretend  to 
tell  what  reality  is.  We  cannot  express  direct  apprehension. 
Bergson  rightly  sees  that  discursive  knowledge  or  cognition 
does  not  exhaust  all  our  experience;  but  he  is  wrong  in  at- 
tempting to  express  the  inexpressible,  while  depreciating  cog- 
nition in  its  legitimate  sphere.  Bergson  is  not  sufficiently 
Bergsonian.  The  true  mystic  must  be  silent:  'Whereof  one 
cannot  speak,  thereof  one  must  be  silent'  (Tractatus,  7). 

Form,  which  I  discussed  in  Chap.  2,  is  one  of  these  mystical 
aspects  of  reality: 

Propositions  can  represent  the  whole  reality,  but  they  cannot  rep- 
resent what  they  must  have  in  common  with  reality  in  order  to 
be  able  to  represent  it — the  logical  form.  To  be  able  to  represent 
the  logical  form,  we  should  have  to  be  able  to  put  ourselves  with 
the  propositions  outside  logic,  that  is  outside  the  world.  Proposi- 
tions cannot  represent  the  logical  form:  this  mirrors  itself  in  the 
propositions.  That  which  mirrors  itself  in  language,  language  can- 
not represent.  .  .  .  The  propositions  show  the  logical  form  of 
reality.  They  exhibit  it  (4.12,  4.121). 

While  it  is  by  virtue  of  form  that  propositions  represent  reality, 
the  form  itself  cannot  in  its  turn  be  represented,  but  must  be 
grasped  intuitively.  Form  is  mystical. 

Let  us  take  a  fact  p,  and  a  proposition  'pi  representing  it; 
p  and  lpi,  then,  have  a  form  in  common.  In  understanding 
'pi  we  grasp  this  form.  Now,  let  us  assume  that  we  fail  to 
understand  'pi  and  that  lpz  is  needed  to  explain  it,  because 
'pi  is  in  Chinese  and  we  understand  only  English,  and  'pi  is 
in  English.  Then  in  understanding  'p£  we  grasp  the  form  com- 
mon to  p,  'pi,  and  'p2\  If  we  do  not  understand  'p2\  we  have 
to  have  'pz,  and  so  on,  until  we  get  to  'pn\  which  we  do  under- 
stand. By  understanding  'pn'  we  mean  a  direct  grasp  of  the  form 
of  its  sense.  The  form  of  p,  'pi,  'p2\  •  •  •  has  not  vanished 
from  'pn  but  has  reappeared  there  (elliptically,  in  ordinary 
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languages).  It  survives  or  propagates  itself  through  all  the 
series  from  p  to  '/?»',  and  cannot  be  gotten  rid  of  without 
our  losing  the  cognition  of  p  altogether.  But  at  the  end  of  the 
series  we  still  have  to  grasp  this  form  directly,  say  from  'p„', 
'pj,  and  so  on,  if  we  understood  any  of  them,  or  from  p 
itself,  if  we  were  directly  confronted  with  it.  The  grasping  of 
form  in  the  ultimate  instance  is  direct,  by  intuition.  Hierarchy 
of  languages  suggested  by  Russell  or,  what  amounts  to  the 
same  thing,  by  Carnap's  series  of  metalanguages  would  not 
eliminate  the  necessity  of  direct  grasping  of  form:  the  last 
language  of  the  hierarchical  series  still  would  have  a  form  and 
that,  according  to  Wittgenstein,  would  have  to  be  apprehended 
directly.  This  is  one  of  the  points  on  which,  according  to 
Schlick,  Wittgenstein  was  violently  opposed  to  Carnap.  Form 
can  be  present  in  any  number  of  instances,  and  it  is  in  virtue 
of  this  fact  that  it  can  serve  as  a  means  of  communication. 
But  experiencing  of  the  form  itself  cannot  be  communicated; 
form  must  be  grasped  directly,  intuitively:  'That  which  ex- 
presses itself  in  language,  we  cannot  express  by  language' 
(4.121).  Thus,  while  we  can  have  cognition  only  because  of 
the  form,  the  form  itself  is  not  an  object  of  cognition,  but  of 
intuition.  It  is  mystical. 

Another  mystical  aspect  of  reality  is  the  immediate  content 
of  sense  experience,  for  immediately  experienced  qualities — 
of  color,  sadness,  duration,  and  so  on.  Take  blue,  for  example. 
'Blue'  is  a  concept  which  has  a  meaning  only  within  certain 
contexts.  This  meaning  is  due  to  the  form  of  the  circumstances 
under  which  blue  may  be  experienced.  In  other  words,  the 
meaning  of  'blue'  is  purely  behavioristic.  (There  is  a  serious 
inconsistency  in  behaviorism  here.  Perhaps,  following  Schlick, 
we  can  avoid  it  by  saying  that  what  is  known  behavioristically 
is  only  the  form  and  not  the  content  of  experience  of  several 
participants.  I  am  not  entirely  convinced  that  the  difficulty  is 
really  solved.)  What  Mr.  N  and  I  call  'blue'  is  due  to  the  form 
of  our  behavior  in  certain  circumstances,  to  the  invariance  of 
our  responses  to  the  variations  of  certain  conditions  in  my 
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world.  But  what  I  actually  experience  when  confronted  with 
a  patch  which  Mr.  N  and  I  call  'blue',  and  what  is  confined 
to  my  unique  experience  at  the  time,  is  the  content.  This 
content,  we  notice,  is  not,  in  contrast  to  the  form,  repeatable. 

The  disconcerting  view  of  Wittgenstein — that  one  is  limited 
in  direct  experience  of  qualities  to  the  contents  of  what  only 
he  himself  experiences,  seems  to  imply  that  I  am  precluded 
from  any  intimate  relations  with  other  people,  and  must 
confine  myself  to  purely  behavioristic  relationships — a  truly 
distressing  situation:  *.  .  .  if  there  were  not  some  community 
of  feeling  among  mankind,  however  varying  in  different  per- 
sons— I  mean  to  say,  if  every  man's  feelings  were  peculiar  to 
himself  and  were  not  shared  by  the  rest  of  his  species — I  do 
not  see  how  we  could  ever  communicate  our  impressions  to 
one  another'  (Plato's  Gorgias,  48 1C).  But,  very  fortunately, 
this  terrible  conclusion  does  not  necessarily  follow,  even  if  we 
accept  Wittgenstein's  mysticism.  Though  we  cannot  experience 
the  very  same  sense  contents,  we  may  yet  participate  in  the 
same  values,  for  values,  we  notice,  are  outside  the  world  and, 
perhaps,  can  be  grasped  by  the  mystic  intuition  of  any  number 
of  persons,  just  as  form  can:  'If  there  is  a  value  ...  it  must 
lie  outside  all  happening  and  being-so.  ...  It  must  He  out- 
side the  world  .  .  .  there  can  be  no  ethical  propositions. 
.  .  .  Ethics  are  transcendental' (6.41,  6.42,  6.421).  And,  ac- 
cording to  Wittgenstein,  we  can  intuit  this  transcendental  in- 
expressible region;  intuition  of  it  is  the  mystical  feeling:  'The 
solution  of  the  riddle  of  life  .  .  .  lies  outside  space  and  time' 
(6.4312);  'men  to  whom  after  long  doubting  the  sense  of 
life  became  clear,  could  not  then  say  wherein  this  sense  con- 
sisted. There  is,  indeed  the  inexpressible.  .  .  ;  it  is  the  mysti- 
cal' (6.521,  6.522). 

Finally,  and  here  personally  I  emphatically  agree  with 
Wittgenstein — the  world  as  a  whole  is  also  mystical:  'Not  how 
the  world  is,  is  the  mystical,  but  that  it  is.  The  contemplation 
of  the  world  sub  specie  aeterni  is  its  contemplation  as  a 
limited  whole.  The  feeling  of  the  world  as  a  limited  whole  is 
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the  mystical  feeling'  (6.44,  6.45).  Here  we  are  back  again 
to  the  rejected  angelic  point  of  view,  but  with  a  difference. 
Now  we  can  take  it,  not  cognitively,  only  intuitively;  and  this 
imposes  upon  us  an  important  restriction:  we  cannot  say 
anything  when  we  take  that  vantage  point  of  view.  We  can 
have  no  symbol  which  is  a  part  of  the  world  and  which  yet 
can  represent  this  whole  world  as  an  object  of  cognition.  A 
map  of  the  whole  world  (a  case  of  Royce's  map  on  a  cosmic 
scale)  is  impossible,  because  the  reflexive  relation  needed  to 
accomplish  this  purpose  is  a  self-contradictory  notion,  just 
as  a  round  square  is.  But  our  contemplation  of  the  world  as 
a  whole  is  not  a  cognitive  process  through  language,  but  an 
intuitive  and  direct  grasp  which  lies  outside  the  pale  of  dis- 
course. The  detailed  study  of  the  world,  of  the  how  of  the 
world,  is  the  business  of  science.  The  ultimate  grasp  of  the 
world  as  a  whole  can  be  accomplished  only  through  the  mystic 
insight.  'Philosophy',  said  Plato,  'begins  in  wonder';  and — I 
should  like  to  add — in  the  last  count  it  ends  in  wonder,  too. 

These  few  examples  of  the  mystical  will  show,  I  hope,  why 
I  think  that  mysticism  is  an  important  part  of  Wittgenstein's 
view.  Mysticism  becomes  the  last  refuge  for  the  most  cherished 
things  in  life,  in  fact  for  all  values,  for  all  that  cannot  be  dis- 
cussed and  yet  is  of  the  utmost  importance  to  us.  As  C.  S. 
Peirce  remarked,  'On  vitally  important  topics  reasoning  is  out 
of  place  ...  all  sensible  talk  about  vital  topics  must  be  com- 
monplace, all  reasoning  about  them  unsound,  and  all  study 
of  them  narrow  and  sordid'  (Collected  Papers,  Vol.  I,  1.652, 
1.677).  In  his  denial  of  the  cognitive  knowledge  of  the  sense 
of  life,  Wittgenstein,  after  all,  is  essentially  in  agreement  with 
many  other  philosophers. 

4.4  And  so  we  conclude  that  as  philosophers  we  have 
nothing  significant  to  say,  that  is,  no  factual  information  to 
convey:  what  can  be  significantly  said  can  be  said  by  the 
propositions  of  everyday  life  or  its  refined  extension,  science; 
and  what  in  principle  cannot  be  said  by  science  is  either 
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nonsense  or  belongs  to  the  realm  of  the  mystical,  but  in  either 
case  cannot  be  expressed  by  language. 

Philosophy  for  Wittgenstein  is  not  a  doctrine  about  the 
world,  but  an  activity  of  clarifying  our  language;  and  instead 
of  answering  questions  it  aims,  as  Ramsey  puts  it,  at  curing 
headaches.  We  are  impelled  to  philosophize  by  the  feeling  of 
intellectual  discomfort  which  we  experience  whenever  our 
language  is  not  clear  and  unambiguous,  and  the  philosophical 
task  terminates  as  soon  as  the  linguistic  confusion  we  meet 
with  is  eliminated.  This  function  of  a  philosopher  is  but  a 
modernized  version  of  the  view  expressed  in  a  passage  in 
Plato: 

They  cross-examine  a  man's  words,  when  he  thinks  he  is  saying 
something  and  is  really  saying  nothing,  and  easily  convict  him  of 
inconsistencies  in  his  opinions.  .  .  .  He,  seeing  this,  is  angry  with 
himself,  and  grows  gentle  towards  others,  and  thus  is  entirely  de- 
livered from  great  prejudices  and  harsh  notions,  in  a  way  which 
is  most  amusing  to  the  hearer,  and  produces  the  most  lasting  good 
effect  on  the  person  who  is  the  subject  of  the  operation  ...  he 
must  be  purged  of  his  prejudices  first  and  made  to  think  that  he 
knows  only  what  he  knows,  and  no  more  (Sophist,  230). 

Wittgenstein's  main  purpose  in  the  Tractatus  was  to 
make  the  reader  realize  this  point.  The  Tractatus  was  not  in- 
tended to  teach  anything  factual  to  anybody.  What  Wittgen- 
stein tries  to  convey  can  be  grasped  directly  by  those  who  will 
take  the  right  attitude  consequent  on  reading  the  Tractatus; 
and  that  attitude  cannot  be  given  in  the  Tractatus,  but  may 
only  be  stimulated  by  reading  it:  'My  propositions  are  elu- 
cidatory in  this  way:  he  who  understands  me  finally  recognizes 
them  as  senseless,  when  he  has  climbed  out  through  them,  on 
them,  over  them.  (He  must  so  to  speak  throw  away  the  ladder, 
after  he  has  climbed  up  on  it).  He  must  surmount  these 
propositions;  then  he  sees  the  world  rightly'  (6.54). 

But  while  pointing  out  the  tautological  limitation  of  knowl- 
edge to  the  knowable,  the  Tractatus  has  also  brought  out  the 
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immensely  important  positive  insight:  the  knowable  does  not 
exhaust  reality,  and  there  are  things  in  life  which  cannot  be 
discussed.  But  concerning  these  we  cannot  speak,  and 
'Whereof  one  cannot  speak,  thereof  one  must  be  silent'  (7). 
A  quotation  from  Plato's  Theaetetus  might  have  served  as 
a  fitting  conclusion  to  the  Tractatus,  and  at  the  same  time 
perhaps  as  an  expression  of  the  hope  of  its  author:  'If,  The- 
aetetus, you  should  ever  conceive  afresh,  you  will  be  all 
the  better  for  the  present  investigation,  and  if  not,  you  will 
be  soberer  and  humbler  and  gentler  to  other  men,  and  will 
be  too  modest  to  fancy  that  you  know  what  you  do  not  know. 
These  are  the  limits  of  my  art;  I  can  no  further  go  .  .  .'. 
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